ELEMENTA 

MATHEMATICA 

IN SL^^ATVOR TOMOS DIGESTA. 

TOMUS TER.TIUS 
Geometriam folidorum contioeiu. 
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I N D E X 

L I B R O R U M 

Q.UOS TOMUS TEB.TIUS 
COMPREHENDIT. 




L 1 E E K XI 
De feaione , & gcnefi foiidorum. 

Ll B E K Xll. 
Dc ciiculis fpliiri. 

Ll B E H XIIL 
Dc fimiliiudinc , & ratione folijorum. 
LIBES, XIK 
Dc Iblidorum dimeuljoiie. 



Ek>iiMiti.T.III. 



A 



ELE. 



E L E M E N T O R U M. 
MATHEMATICORUM 

L I B ES XI. 
Dc genefi, & fcdlione folidorum. 

APlini) id ralidi ^rtlma ,fie!inui- inqneprln» JtfilUtnim 

m, ei fiallimdae t podKinii dc nr#n iimnpue. 
DEPrNiTroi;.' 

I. SofyHiM , qimJ "rpiii tb(bBMtirnn'etiani diclnir , tfi miXBiitiii, 
/«unJami-inJM d «,-™((.ii;ni .(«iiBii*™ feiiiea,UiiimIiKi,& fnfttdiaiii 
(iirnfa , »"1 , vcl p.ntihus f'pe'ftlthiii lermiaat. In Idu^ifr^i. j&ilv- 

pui renfibile vcniic fub notionc cgrpDrft 41»betiiih'(i , fi ^flMtUxiibiii ani- 
nibui, quz io ipf» iiiiiii ncgleaisi triiu dumnxit dinenlio in illo con- 
eipuoi^ DEFrNITIOn..-, 

I. ^fS''" f'l'^" '"'» 1"^ iribiu ai BiBjjmit.ffljJtlir.prt. Fg. 

ipfiiii inEuli apt" 'liciiur, d-fmenlitn'!,. ^ui^ 1-4«» pLnum ftpcrjiciim 
imar. Higirmodi angulus produdus in A > iribui plinii iRgtihsBADi 
BAC,CAD fimul penes iptbiuiR tiieii uniili,itiuw eaminm puaauuA. 
liabentibus , quin ei illDnim unionc plink fiipedklet cMCiig». ' • 

,iCok«i:lakiwuL 
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- C.0 H O L L A K I T.M, , - 

def"initio vrii V.V..:- 

KFGHE.. 

DEFINITIOIX. 
C O IL p t L A i l'U .. 

. *JiiM* Wi»<i< «fliJi«^ 



6 Elementorum 

cujudibti Rgtire eH rtSi dufii i venics In biCiia , elqvt id pFrpcndlcuIuin 
■iBciim\xBHLA.f.§. 14. 

D E F I N I T I O X. 

17. Vrifmi iftfoHdnm plnriiai flitii rlSitimis Hmflchcnfiiiii , qicrMviiiu 
IX ndvcrfi taHli4[iiiii,rimilk,&pvMtU,riliiiisvirtfmtftr^Ultsrimm4 . 
Hiqormodi CiDt iaa (oliJa AFyBH. QpMoquiilnn' in uDoqiie plink m 
ffti. »d«f(opofiti ^unimlrfint ABc/def .SenU ertiWACO-. LC», »iatlU 
£uii,li[iiilii, Sc I>inJleli,rcllqiii aiiicni limt pinllegnmau . 

COKOLLAKISM. . 



<icr('t'P""H'- 

DEFINITIO XL 



19. Sl pro biG priOoicii fiiniitur ununi «i illli pliniiiqu» rib< mumo in 
illo ii!vecliniur,iffinl prifim lucuar nS»», ii qia tmiiiiipandMisrtmiBt , 
^■t- ^ -qmbia cimpnbitMiiir fiai tiBitgiOt. KtScam ridriitct ' etii prirmi AF , 
pii^lIcgoErami ADE.B, BEPC;' ADFCluE ttainguU: Haccoim 
. Ipfo iid pcrpcndiciilum Rn [laliincumljlc. ' " 

G o-»-o L L » K I u l.' 

10. Tm riajsgtUs pTifai riSkm ionWMMr , 'quil fmt Utcrs in iilitshtp .' 

CoHOLLARlUHn. 

11. .Altitndo frifmaiiiriaiilllttuiiittas ixUliirtllMitlis,qmhiii cmpri: 

D 11 F i N I T I O XIL 

Fti. Vtr<di!UpipcdiimiH!'liitnifcx ptTtllclcptm>«\seiimprihTnfua,qmrtM 

Tab.7.dtt gttliha ix adwrfa pnfitt , lant fibi mttat aqtaiia , fimiiit , & partiltU . 
TdcearalldaiaAF. 



ij.OmfptrtlitlepipiiiimcfiptiJma,iienmimiiiprifm*fitpiir'll'P'P'^''' 
Quindoquidcm omnc pirillclepipBlum efl hujiirmodi , nt duo ipGui pUoi 
ex idwrro poGn.Gnc zquilii Inccrre.limilii, Si panllcli , cetcn vero Gnt 
fipmllclogriiumt. Vcoin ptiCaiMisb «ttl^.-i ^icBndnMdiuii pitillele^' 
fedum ,at pinllclojcunmiGiUDIBiili ptuii^lMU comprdMDdiCiu'. 

..... ...... . 



C O K O L 

ttbi Uliri fnia iaiii 



^t, Om»li mSw fMdiflfiim, ■ 



Snlleb, & Intn (e cqiuU*, ptonc panllekplpidiiai ti 
lE quidnMiqnod *i pmllel^ipednm DonnqutiltDC, 



D&FIHtTIO XIV. 



lo, Cuia iffiMiim, inei liraiU, Imqmim Ufi , & cunii fnfirfcii tx 
mtpiirti ia fmaimMt ii/mm tluicliir, Teu uuu ifi foliinm , qnti Jc- 1 
ttnaiutia • "9a linu lirit fiiifbnitm timll TtvUnii , ium alutma iUm ' 
txntimtmfBt imfs itUu limdi plmuimfuMpi,, bimim ta^am hnrit. 
HBjuIbodi eH bLiJun BU> elmiio BCD . & cutvt GniErficla ptodoai ■ 
teOE AB cuct piti^itm ipOu cutoU BCD KviilaM,G(a muKme ililu 



8 Elementorum. 



T;, j jt.Si liier. Afl^ ADcom 

T»b.7. """o ^ eonftiigint , tanas i , 

lCbfedti, towi dicimr iMiflcn /caJfinj-Vcra niuiciijuiurtfi iii«iigtdoa&»- 
lcnuia huiufinodi isni ofliciiiii. . 



jl- Conni leftus caticipi potcB oiiri ei eompln» n 

■■ mnium cotrXns'"^^^"^ reflui BMJ hibeiu'r"ex' « 
leAsr^li BEA circi <;uiefceni li^ui AE. iii nimJmm.n 



DE F IN IT lO XVIIK 

jiC Cjlkinii tll/Miim dHtbn! tiradii nifdihas , &ptnlMi!, * cmv 
fntirfci, ii> ,tlwl.m pnipbiriti irfmmi nmprfbnfum. Tile eft folidumAD 
■' UriniDltliiD duobus cicculis AB , CD cquiiibus, & pinlielis , curvique Gt. 
petficie ACOB definenie in ipfoium circLlnruMi. petiphtti«, qui: praiinic 
coBClpi. potell velnii genii> et »ll motu leiflii llnex AC circi peripberiif, 
(iiulorun AB. CDiUt fibi fkmFer [inlleU eiiOit. 
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DE F I Nl T I O XIX. 

J7. atifiii)titincHdriHlKt,cHUUeiiKimbit. ^xii i^nSi liiiii ta^mi. 
iai KUni ciraiUnm, qnibm c/iinirui tcrmouinr. Lami wn ifi iiaa ai 
fBtiliU,Btritltia liHidi pcrlfbfridm tagai. Sie tBfii cylindri AO eftcif- 
«Ini CD. Axli icfla.EF. Linu tera lun n&i AC, quim liAi BD. 

DEFINITIO XX. 

Jl. CjUmbm rcaas if iUc, cmia airi pcrpndiculaiit cfcireid» btfni. oS- % f. 
Iiaft wn. »»> ^i. i« circKlsm btfccs liliqM uiii. Reihn videficdt cft Fis. '<>■ 
lero eylLniiiuI td i qui» >iijEF id Krpenilleuliim T^b- 7- 
Tt/lHfieJ. 

C D Jt O £ I, A K I U U. 

SCHOLIOti- 

40. Orinif cllinJrui leauj « eompj^j icvoliiilunt; rt.ljii^Mli cir:j u- I 5. 
»m«i te liieribui pllae inlnli^le. Vidslicei cyliti^lrit nAm .\u aiiiui !'.<!>- 7. 
ti renolDiion: nftuij^l ACEC circi Uii» EF oinninu <]:ii;fcen) , ni. 
ininim ut « revo^ione Itierum AE, CF emer^ni ciicull AB, CDi qui- 
btii Cf llndiiu iHralntiUr, & «n imraluitane. bte^i AC «lindEks ' fimerfi.' 
.cieiACUB. ■ 
nEFINITIO XXI. 

DfiS INlf 10 xxrL 

oBninm if lMiwm'ta(i niattni TuiUmiU riadvtiut, # (Mer Jt 
wntVuWMi. BE (blidnm D£F. ' ' 

DEEIHITIO XXIIL 
DEPINITK> XXIV.. 



DEFINITIO 
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CoilOLI.AKIDMr. 



13 Hetnentoram. 



D E F I N.I T 1 o xxx. 

J9. Hmi/phitiim tjl fillii,m dimiiialx /t-hem ftpcrS'!', & plrmi pir II. 



Ui cnlm rphf n i roiinic lcmlcirculo ciici lilam^iniDi > 1» bcDiilf hirium 
■ [otiDis qiiidniHC circi ndium fiii neceSe cA. 

D E F I N I T l O XXXI. 

fii. ScBirSphiTt rflfdid.m itKprihenfMa fub cireulm ptHmt- fMpitfilei 
fplxriex , ff f-b cirrJ fupe,^cit . qi:! mliim fimias i iHrvi twi cireiUt. 
rtw fiptifcm Ipiiinn ptu:^nim uiiawme , in :pfiiii fpiixrtmimaiifatit . 

Gi;iidis fcftciris fj)h:^rici, 

'>;. L' :u i. I uH.t iL'hTiiclclirior (Ut,i!liDi scnefiiconG^uidi dl.' 
r.i. ■ i;itur :,.K.r iiihiriciii « coDipleu revQlucione leaorii cireuU- 

ri: . .i;.ci.ir..;ii>,.,i rn j .iiiiiphiHuim ei revoluiionc qiiiJdnil» citci qule-. 



eitcainiAui fapetfcitram fi^nearuM fiii uiiin «iicciincarMt , srgK («)• 
liiiiii verfui rsEiiiiDo dccrfjcciuitiii., qnt, txcefio (Mlr>, tihiUir pucta « 

Kiini rjj.o . Iri iiia nimque rcvnluiione (eflorit dtoilarit qullibei arcui clt- 

ciili ftr3ujciq iyt\im conflnuen!. ciccuiJicni fphiricj fupcrficiei poriianem 

iJteir.m fHecJicHa f^Lcm^ .,imU«r''a' qSZt ^ S.m.lei n.m. 

que liinl arcut genltarei, omnerque bujurmodi rphxcicinim rupecficietuni 
^ilonet eidcm revoIuiiDne, ^ui IplElildcDi integrs Stftt6c\st fmBi,.p[a- 
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DEFINITIO XXXII. 

3l. JsJfflMWBO yj-iir* (Jl ip/!«i /pbtri fsrtio , plac fpbxrim ipfm cxtra 
liBlnm diuidtatl, & pftt fnpirfciii ipfiui fpbnrt csaprihnfa , S«m(ot8 Flp.iI. 
nimirum [fhtri AliCD funi duz iprmi portlonci HAM, HCM, qoarum Tib 7- 
littn fiib plano HM eiin ceninim ipfuii fphirE iriJuao, S: fub paRlone 
HAM fupdlicici Tpliirici ABCD, ilteri fub cudem plino, Sc fub porliu. 
ne HCM cjLrdeni fuperHclei cDniinciur. 



eS. Cam pJinnm pei fphrr» eenliuni tr. 




DEFipiTIO XXXIV. 

iffj. »Si» pii^ Mcilir IBa fgiut flaa, q<u,falU fiSine Ipfiia fiM ,.■ 
,f,flaM,la^*if*rlAiitdiwfisit Mavamfpicitnr. Slc fisuri a&c«ft feaio T-^i.-' 
pyrimldli BAV ■livi& > f'*<i° p<r Fun^i Oi e tuduAe.' - ' - 
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14 Elemcntorum- 
\ Dtmnjtritli.'' ■ '' 

Sptaciur p^iflni AGH . Minlfinnm ell. ptifinjAGH ail eytindtum mE 
-■ ' '-- ■-- le , quo lilasii multiplicintur literi bu 

:"-o,«que nlco.quo plun runt^inllo." 

7. to inlinm linc linri In Daii poiygoni FGHKL , eiijue propicrea ialiniu 
r«n, R infiniti ideitco fint pirallelopciiinioi,quibus ipfuni pcifmi lerml.' 
ii»tur,huialniodi pcifoit milliiaiut, difcerni polCt 1 cyllndra, quemidmo. 
diun bafii IpHui pcifmiils tiui^ ■ ctrculo tulid^qDliin dindinguiuit . 
IZf. 149.} ErsD (ryliDdcm quofnc fpcaiii poieft vehiil^tiGna inlii|lti> pi. 
nlklognmmli eainpKlienruni. _ ■ . 

COKOLLAKIVU. 



L E St it A U 

Caaa eg pjimh a^ulunm lalerKti i 

J>: Dleo, ipflim ■on 
i&niie f it^igi bibffltil» 

DirnottfiratiQ. 

tnim, jiyriniidem 



(sns (m irf,: 
,1, iprjqi.e idtircu py^ai 
bus compcchendiiuc , py 



iimli ioGaitii. u^nguUi' Enlinv ii^ge t*"V9 lubaitilui coiii^teB«ii(i: 

C O lt., 0 ,1. ^ A K t T M. 

71- Jiif wfeier aBia timfit^. tr infinitit uiti^idit htfyt hEnHidnt f»^- 
mite pirvm , fituiC getrt ltnn «w(u i iUaiif 1t KiM» tmiM(«puct«« ic^ 



Liber XI. 



tiitlmei flfmttii htfi firalliU f**! lip pmila, & tffHalci'. ' 

74- Prifraa AFH ftcnnr dipo ptrellcla bili FGHKL fiique Mltdi iUini , 
C^io. Ilicp»A>pc<dc£ml]cm,ft aqoileinbaliFCHKL. 

'Demon/lr/tfio. 

Oiifi enlin tniiiui reftm duotum pljnonim tli 1(^3 linca (LlLfWi.i^i 

cum icdlzGH,[if (im pirilldi ( iMin $. oh piiilltJirmnm lciti. 
cci rcftioirii nWf , «f balii FGHKL, ipriquc rciliGH,(.J ifltcr litenpb- 
rilickDH.CGninilncanliirtljb.^I.fS. duxicfiiGH^cJ eiiinc iiitRJe 
aquilcs {jWrm J. Ccult tindem ob ciurain eiiam dua TG, tc, BfC 
■Don dux FL , duxtguoquc LK,4c,&i!tii[ndLizKH,cif. I;liuidD> %ii. 
rrplinz FGHKL, o6ti(c funt imcr ft mtiiuo arnml.ieis. Poiro eum i*ilB 
FH, U iqualcj fint inicr fc , fi pjullcl): , cadcm fciUcci tiTione , ijlit 

eala FGH, bii liibcbunt \i!en'x<i<iiha , iltcrum ilicr. ,' ficuli eibin ba- 
lci. Erga Ingull quoquc FGH, bcd, <{ui iquilibiis ktcrjbui coniincntuc, 
aquilcs «nmt (Xili.^. §.Si.) £odcm moda oHcndam, zquilci clTc eii^m 

'■noalot GFL, ila, Qculi eliiDi ingult» FLK, bjt, inguioi quoque LKH 
«cj, nee iKKi idbiiIoi KHG, «fc. Igliur dnc fisuix priniFCHKL.ohic 
func Inter mniucr oon luniDi cqullaiera, veran gciuii aqulan^lsi le 
ptoinde libl niMuo funfln (Lft.lx $.1.) , tl MHtlo (Ut./'. jj.). Sc- 

, Aunea itaque priCnuii &c.,^UDd cnt oltcndenduin . 



7T. Si prirnu trltitcnm hafim hibeic, ut piiroii ALF , Dflenni, fcAlo- 
nem bili p>fiIlol|4 .^h aquiliienni. clTe ipfi bifi, paid, eim elTe eldem Fi;..). 
bifl squilcin (lbidiBi§.S^l.nque vquilei cum illi anguloi bibcre, alie- Tiii.^. 
nin *ucii<jUinn$.SjJ)KpioisAiIll eUe omDlno fiaiitem iub.lxs.se.) 

Si frifm» ftcilur plaa bafi fsiMcla, cjui fijaau tfMI priftutil. 

lC Vt a piiroij AE fccciur pljno adi bifi DEF"piraUelo ,"iitrumflne „ _ 
Ic^coiuui Ab, em pt.rm. Comniunc acjuldem pl.unm itt runlle S^:^ 
& aquilc clt plinu ASC, ULF, ipHrquc pcr bypoibclun cft puiUclura. 
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TH E O R, E H A III: 

StBluii tiMmiis hifi ptrdteU /«tt fi»ik$ ipji, hfi. 

tt. Pjrrunli ABD rtaa» jXmo htS BCDB'pinlI(b,Gcqiie ieit lUiM 
fcaio. Dico, Eumc tBt funilem. bili BCpE,. . ' . 

Demonjhatio. 

Cuin cnlRi pynmfl ARD toi ^linli coniincttur, (juoi runl liteii btlii 
F«i^ BCDE (S. 1 j.l ,8!frain duoruin pisnDmm <i<,<.-en linea (iiim.J 11-), 
^■^7- toireiaiittrniinibirar ftflioWj, quDrinftiscuniinciut bslis Itr.DE. Kurfui 
aimplinumrecaniliipirillcliiiii ba(r, refir Dll.Jteruiii patilWi.rLeuiiciiun 
reflie CD.cJ (fi«.). Erir etso DE id di, St CD .d li, utAD iilA^ 
(Ub.lX§.\g.^l ac ptoinde DE:. iff =CD.ci (£ihi.$ t«.J, & jJtcmaiiifo 
(b. cifaDE.CDf.f n;.). EodEmmDdo oHead^m, eHc i(c . cft bDC .CB. 
Bc eh.bi s CB. IIE, tier non be. tJ =3 bE. ED . Duflii porco rcait 
(f, CE, cum plani BCDE, ieJi Gnt pirallcli, iprique rcair cf,CE, in 
. codrni plino ronnilini ACE , eiuni inier fe piraflelz 1 cumque teSt CE 
fit balii iiitnsuli CAE.Kitai cc duo ipriui liieri dividit AC,AE,eti[ 
CE. ci = AC. Ac (iib.lx.f.!i.), ■deoque CD. cif =1 CE . cc, cum 
IT' ciiitn CD- cf = AC , dc . I^imobrcm eiic <]uoqiie t/i. ic = DC. 
<:E (^»,I.$.it;,]. Duo i;itur tciingula CED.cnthiW Iiien fibi mu. 
lUO pmporliomliii (iiiitque propietei aijuiinEuIii (iifr JX 5.70.), ingului 
niraiTum cdr zquihi eil angulo CDE,qui ptoporcionalibus liietibui eoii- 
linentur - Eodem lnDdo ilnnonntibiiur ingului biJ zquilii angulo BCD , 
uigului lie arrEulo EBC, & angului ied an'guIo BED . Duo itique p!in* 
BCDE, btit runi inter remutuoxquiinguli, hibentque tiieri ciica iquilci 
aiigulDi piopniuomlii .Eigoluntftbimuiuo fmilii (f. 1.). ScSionei igilur 



S9, Sl pyiamii fit irilticrt , ut ABCD , ei eo iiniuin ptiet , reSione 
'' itc bafi BCD ptnlJelin , Hmilcm eile ipfi bdi , qDod ciia Itlen criicgu 
''aW prnFaitiaiialia &it tnliui lueribui Klmeull BCD lljb.lX.S.71.). 

C O' k 6 L I. A R I V M. 

Omtla tUmtit* fjrtmUJt jim btfi pmUbil ■ 

$0. DetermiMntXT enlm teOlonlbui bifi panllelii. 



THCa 
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THEOIt.EMA IV. 

. iaUmt mt /sJU^ JlM lit^. 

jrf. Coou BAD amu Umo M .BCD fudltlo , Bnpt HN ilUni 
£>^i Dko,biDe ciicann. 

Denmfiratio. 

Cumtnia etmalit BTiuili Infinhanuii hKnm [UkfJif.?!.], lcfilo 
MN ccml BAD bt6 BCD nnUeU > eiU fimllii ipG UG BC^Cf ta J .Hk. 
uucm dldrculiiiCfLji./. Eigo ciicuka qno^ uit l<aia MN. Itaque^".^ 
fiaiann &c quol eni oftmdeMom. 

COKOLLAKtSu; 

mi tliMMM JSuC tlrati. 

. '9u Elementi liqnidem canl dnnmiMntiii icAioallim bifi pmUelii; 

TMEOaEHAV. 

SiSimi pjramiiBs bafi t^^iBdii iitnfat il fWtsw 

ApfiMU tawJiMt clfinnfMf. 

■9i. DaHfim fGHK, MNPQ.eac ftaioDCt nrtunidbABD pinllfls 
illiiu BCDE,id«queeilam iBCer ic. Altlnda Ti» iprmi pyKmldit 
Gc leat Ae. JXta , fedloaei IiiriuraliiJl dccielcere in nHionc iupliHu fjf- 
immlDUtte ablmdinii , vldellcet Jeaionrai FGHK eilc ti fedioixm MN T>b,7. 
FQ in tttionc Jiflitiu alcUadiaiiAe 14 tltlnidlim& Aj. 

' ■ .' ' CtTui. 

Cidit ftimo itllTado Ar ipGui pritmldii iatr* iliiui IpSm* 

Oemnjkaiio. 

Secemc pyrami! ifCa plano Arxx , in qDa ipliu9 ilcitudo repeciitor i 
iliqut 4b i=aio plini MNPQ. feaio plinl FGHI£,& Afk&iafha 
ADE. Cum igitur muiu» duonim plinomm feaio lll rrila llnei(£ikni^ 
f. 14.), 3: pliDi FCHIi, MNPQ (iot p«r hypuihcrim inter te pinlleli, 
piiilldz eciint ccax id, jb {f.i6.}, {cati ttiam reSx HK.FQ, Quuu- 
obiem eilt Ail. A( i=r AH. AP (litlK §.^7.). EH lUtem eindem ob 
cin&m Ac. Aj c=! Arf. Ai> B^ertt qopqne Ac-. A« a AH. AP. 
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ao ElemeDtoruin. 

Connu poiro; eBe KK. PQ,=9 AH . AP «.js-). Ergo t 
Al. A* = HK. PQ Ci* iS-7i5-)- M»nif'ii"m jona cli 
FGHKiMNPQefle Inier fc In niians i.phii:^ \neni-.n Hf, 
^ 170-) I cnn ip^ plink lini fitoilii , coruinqiii: iiien iismal. 
HK.PQ. plinum FGHK «it pIiTnim iMNI'Q.m ni 

dkftitttt ildtndlDli vl i^liiiuiIinEin Aj. 

It 



le ia/litat ■ItiEudinl) ^ tltlnidinem At> 
DmonfirMio. 



i.cilc quoi^ue Ad. A6 = HK. PQ (, 
imil» FGhK,MNPQ ln iiiiane Japiicaia manin 
n HK, PQ (ii6.7KJ.i7o.) . Erga duo ipf» plani 
ine iaeiicili iltiiudinii M id alUtiidinein Alt. 



Allituda demuin diBe^ninidli ndtt eim illini InGiD , iliitudo nl^ 
flg. I. inlram yjlkmiit ABD Gi icai AZ t aliinda reaionit FGHK fit rea> 
m>. A«,* at fltimlo leaionlt MNPQ lii nai An. Olco , TcdiiDiMm FOHK 
^idinlDneiiiMNPCVnruioneiiipJtnldiliiiadlnii Aaid ililtadliMnANt 

Demonfiraih. 

Qltindoqnidem lifdfm pi>litis, cum fegmenti ci, ah lini pinlleli ; Intec 
lc quaqne pitillelE erunt icdf cn, on. QimhroreDi erii Ai id A» , UI 
Ai id hi ($.17.) , adeoqiie etiua ut HK id FQ, cuoi lcilint oltenfiuii 
£ierit, tlTeHK. PQsK Ad. Ai.Sniit lutem duo pli» FGHK > UNPQ 
In ntione itfUlttt laienin HK, PQ, Eigo «lunl <p»qne in niioii* ibpii* 
tat ■Imdlnli Ai id ■MndiMat IM . Saque Mionet pyninLdli Sn^ 
qnod eru ofioideodiun f 

Coa,o£Li»itfui 

l^tmm ttnmitt iimftimt U witKe.ix^titi 
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lit I Gcnil liulDriiiodl reSlono Jcfcreleunl in ntUDC ii^ 
iltllnHliilt I in enkin quoque mione pynmlilii elcnmitl 

GeneGs fiyramidis. 

9(; PtmOiIi orltur P^'"' rtflUinei j ut fibi rctoper Cc 

KliindiiliillHilljpirtiniidij , epfque cenirum rcfljm lincim defcrilnt.Coii- 
rutgU nlinltnm nytinili ABDex pjnlleliclevitioncfiauii plinx leftltinei 
BCDE . in HnKn ut canilouo unirotmitec mlauiiui in r.iione inplictU ^"^'^ 



mii»tit bifi fmilibuiy SUmmiial 
•i gcndi ipfui pyiimidit. 



THEORCMA ' 



Dtmaiflralio. 

HKinim feaia ttilnit rcftli lineit AB.BD.DA , vel AE.EF.FA eom- 
Frehenfa. en. Nim ilus BD, EF flint communei reftioncs pl.poiiun feciD. 
Ilum BAD,E.AF, &; baiii BCD , <lu> rum hnec rcifli: {LA.ym.f.l^h 
Due ««10 AB, AD,Iicutletignidu> AE.APritnt cammunes leainneicii- 
Dl» Gipecliclri , ii<]ue eorundnn pluiuium i ac proinde <!int oBa Ilnea 
coi^rueniei ilti te^.et qui,dum movetut eiiei perlpberiim circuliBCD, 
conlcn Ipfa fuiKificieiBADFioducitiir ($. 30.). £^Icfll«iei BAD,EAP 
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•dtldiiidinirm AZ i(i]n[;i,1i MAN, uicd Ulii , tne diineiei BU circuli 
BCD td biiini , Cve li disniciruin MN clrcuU MN (f. 7S-) . Circulu» lU- 
tem BCD tn li circulunf MN in iinonc inpHaill diini«rl BD id diime- 
tmin MM (S.iBfi.) . Eigo circulus BCD etii ideitculum MN In titlone 
^uoqoe infiaatii illituJinii AH id iltiiudlnii AZ 1 ideoque Sic. 

I I. 

Etto moJo ewioj DUiquuj W , cujD» ililniJo fit rtflj «i . Seeemt m- 
■ ■ - bifis ui rupn, indu«D. Sc- 

runi,'five rcAiDnum l>i,«n , ^uemidaiodnm fii^ri 



i,{.,.«.w...,dL.™„r..,„.b.«,u. 

& ledionii bb. Eni ij^tui •Iiinido iti tnaneiili W id nliiiudinem <r Irlin. 
suli Hdi, ut tlb Imu) M, (ire diimein' tnHi hti «1 lnuinB, tiie id dli- 



m reaionli canlc» biR MriUelx n» (UtlKf^S.). Eft « 
I iT.ni . . — J ^ J,__ 



>d leOioneni na li nilene dipfinu duinetii h 

Eigo billt erit reaiDnem ■» in niione Uidem Mfj 
liiudinli df u liiitudinein ki, Iiique leSiaaei coni &c. ^nod ei 



C O K O L L *. K I U 



I. Etemenn CqBldciit toA Sat eircUli bi 
Genelis coui. 



» coni «e mldlme diTerlim defcribit . Sie Ti 

conBi ABCD conlaigli'ex piMell eloitiore citculi BCD coniinuo uni- 
lotmitet decitlenitii In nilane i(t/>Jiiai< imminuti ilciiuilmii AE, qui- 
»11 lege, Ul centnim £ eltculi geniioris in iie AE iplius coni canii. 
nuo leperiinit. PitA ei ratail iteitientaruin , quibui conus ipfe eomponi- 

" C O 1 O L X, A R I W M I. 

fmllelii , [entiniB apiicm vcr/bi nifwmiiir JtcnfimilHa , qai i* Uliia 
Ailiiiim pipS* Bf 



24 



Elemcntorum 



THEOREMA V!II. 

Si iat fjmniin t\ii[im ttntfh ftitstiir f!tiis,qiie ft«i iJrundtm biSih 
imUiU , «flw ip/araM -UiruJlfKi i Fstecrlinaliici- A-j.rfiW, fiSim 
bnii^tmli cnni dircBc hitr [t, ut ifftnm pirimidiim bitfei. 



10). Diue pTrimid» trilicera ABCD,<l»i( feceDiur plinii EFK ,r/l,, qui 
Fi{. t. jiinUel, G„i biGEnis BCD, bcd, eiiuin<]iie tltliudinn AN, propanloDi. 

liier divldinl iD punaii M, ■> , iii niailrum ui lii « id m, ui cnAN 
. mi AM. Dico, leftLaMin EFK cSk id reOloiicin ut <a bilii BCDid 

biGmbd. 

Dtmonftraiio. 

Cam tx (lypoiheK reflionej EFK, ejKCiat bafibui BCD, tcJ ptullel»; 
erit baiii BCD id reaiDtiem EFK In iiiime dMplioat aliitudinis KH id 
altitudineiIlAM,quemiilinDdum eilim biGt htd id rcaionein c/Jiin nllo- 
ne il«iFii»M iliitudinli M ad ililiudincm «« (f loo.). Poruimui luteio, 

ludinii AN id «liitudinem AM . Etgo raiio quoque bi(i. btd id feftloJ 
nem cp^ aitm eili cum wiont bilii BCD ad fefliDneni EFK.erit nem- 

nBCD.ErK=W.c/I;. Igilur «/lcrJ.Wo erii qin>gus EFK.c/ii = BCD.' 
if (t^I. ^it;.) , live liStio EFK ad reaioncm c/^, ut eH bifii BCD 
>d kijitn bti. litque Ti duie pytimldei &c. quod ecii oHendeodum i 



pjraaiici cjufieni icncrii tqndium bafikm, fii iuqnaliKi 
!iim fiecnlnr plaaii, J7nl ilJa-jrw fra^inj pirtiitli. 



>i feaionej EFK , cjK V. 



fit !• AM , ui ■Ititado a id nliitudinem aB . Cam CDim reaiaim £FK , ^ 
Tib.S. finBn liae IpTii fiDt Inter r*,uc bilei BCD ,&n{ , qaemidraDJun btrei [Kt 
Iiypodwlim linit'Bquita> ipGe qiuiiue l«aionq eiuai «qtnki< 
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Sl Au pytimHii ^iifif» smrii tquidiHi» bjfita , & altiitJiiiHU ii 
fU^n •llilKiitiiiii pUmis , qut fnii cirnm bafibm ptraUela, 
iivi^lnr, eanaB feSinei ermi tqnalei . 

107. U[ li ^ninldn liiiDguliKi lAei, ABCD equiles hibcnMS biln 
hi , BCD , & (tiliadlDei an , AN rcceniut id zquil» iliiiudinn Am , fij. ,. 
AM plinlf efk , EFK , qua Cn[ «[udl biCbui pirilleli , reaianei Ipb Fie. .4. 
'Ai EFk cnini cqulet. Hujnfinodi mlinue feaioan liioi dMde inm Tib.l» 
b.pi bitei (^iof.). 

THEOILEMA IX. 



" 'loS. Coni ABC.MNO leceniur plinli DIl,Qtt.,qui. 

NO p)nll«ti, (tiliudines ve^n AL, MP priipaitiotullier divldini, lii nl- ;^'>'- °' 
miiuni MP (d MV, U[ AL li AK. Dico, feaione» DE, QR. *fle diie- " 
'fie itiiei le, ni bk&t fiC, NO . 

Demonjiratio 1. 

Coni» ell pyrimis infinlioniin lueniia ( #,7«.). 
in pyiimiJLbus , iii in conis re^ionei , qu> fiunl pltnil eonini DIIiDtu 
piiillells, iprorum^ue iliitudinei propaitloiiilliei dividenilbui Ibiii, dlre- 
ial» Te , ul Ipfz bifei . 

DemoBfiraih II. 

' Cum enlm eonlnt fiftiodei bifi jariliela Ent eiraili ( ji.), iique ' 
iJecrefRnt In mtiane du^icui inuninaat liilindinii ( $,100.) , erii btlii 
NO, td fiaionem QR., ni Cft balii BC id (eAionem DE (poliii eHcnini 
(liiiuda MP id ililndinem MY, nt eft iltlnido AL td iliiiudlneia AK ]. 
Efgo (hnninde crit H&io DE id Ie5i0nen QR. > <>' cH biRi BC ad bil^ 
NQ (lA.lf.tii.). ItMqm G iap conl Sto quod eni alleiideadniq; 
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fip e. plinit DE. QK. 1 



Tig. 7. Iliudlhnni AE, .< 



THEOR EMA 



Sl t^ifSt Tiam rlau, itU vtl mtfeiit f 
^tibMi irraliuirr', vtl Uluii axlfmllHu» 
' ■ piialtcliitaaiBiim . 



III. Crllndnii ACDB Cxa\a ptaqo , St quUnn primoi quad pcr 
J^; 7; «l«t«-i»i Biiia(i'r«t ciifcBli)rum AB VCIJ, ■((biblu"' lylindiiiifciklniiur 
"B- ^iitqus illtui &&ia ACDJJ. Dico hiiic effc psrjlleloBnmiDiiai. 

Dcmoii/iralio. 

Muln ffaio phni ftcjnti!, circuU AIS, ficuii ctiim clici.ri cB.eft 
refti linei (iilil^yK.S.i^ J Huiufinodi qiiDque ri,nc leLlionci cylmdiic» 
rupeificiei, & pbni, ui ex ^cnen ipiiut fupcrliciei eH inatiifilluin . Scaio 
ITique cylinilil quiiuor lean AC, CD, DB. ItA iciuiinalur. Duz lutcm 
leftn AB, CD iijiulct funt ( jtf. ), & parillcls { iit. ra;.}. Eigo 
Jii» quoque AC, BD iqualn eruni ([A/'. j.7;.), & piriliclrr ( J.3S, J 
iique iieo lcaia ACDB erit puillelogriininuta. Hjli.KI.§.S.i 
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■Liber XL " ta^ 

■ -■, A .11-. : - ■ 

iii. Secctur nada CTllndnii ACDB pliRO aii, quoil Gt ipfiot txliii 
tiTallclo. Dico rcaioncm quoque «ilb clTc pir illclognininuin. 

co.km raodo t.Ilcndclul, ^L-o idipium ,>;i.-Ti!bM cll .lc &dlor,c ACDU. Du" 
oiim ai, iqiialc! rur.! inc,-. fc, a-^l'. Vll.J. So )uti.=lc i^Uililcrdillin, 

fcMnlc .mbi corUiflZ. Er?o dti qtioqiic ,' U x'c,v3ks criraAnlcr fe, 
(iii-;'.#.7I-) .* (lhid.S.>lt.): .cproiade fcaio «iJi «it dinl. 

Itlagnminuni (£i£>^i$.8.) Si eigo cylindnii fcceiuiplina Bcc. quoi eral 
Qdindcndiun. ,7 ■ ■ '.: ■ : ' i 

T.JI £. Jp' Ki E M A . xr 

;0nwi<«^vi>i4r/iiUrj liittn/iBir.tjiiJila» «xi «fwfU.' 

II]. Rca> AC fii litut cfllidrl AJ, cojui iili Btrt&tmn. Diio,n. 
Sii AC( inii cfle inm (c squalu, 

.' Dtmmfiraiio. 

A cncra n citcnli A(B id «Itenuim A duciiut ndiui aA,S! iccntro P^S. 7- 
■ diculi Cif .d citiui>i¥ii CniUiKjC- QiDniim igiiut duz ieazAC,iH '^*^*- 
funi p.iilleli (§. J7.) , eiuni In plano (Lit.VIir. 9. ]B.) ic proindc In eo. 
dcm itidcm pl«io eiuDi duic«A)«C. OiiK>iiieein.cA,:iCmn(cquilnab 
rqu.litiiem circuJoiuin Afr, Ci\ tk pinllelB Intir lc ob eontidein clicn. 
Inrum pjrillclifmuin (.Ihii. Eigo dns quoqoe rete AC, fiinc 

inicr fe iquilci ( ub. V. §■ 7;.) Iiiqua omnU cajiirTli ejillndil ftc epoi 
■etitoftcndeiidum. ■ ■ * 

C O K O 1. L A & l'T M." 

<m«lii ujulvit tjUntti batn fmi itnt fi tjiulit. 

114. Cum cnlm oiniiii Eni iiquilii ejuldcia iii, Utcr lc qnoque ennt 
■qit>lu(nw^«&.i.V9sl - :.'■■.. •: -..■. '■.- . ■ '' 



THEO.. 
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Libct XI. a9 

lib., Hl" tn cm 0, qm> ii, 

THEOREMA xVl. 



30 Eiemeatorum 

T-H E O K B H A XVII 

Sl {t^ttt tinum liasa , & a ttntn Ipfmt y^Unt «1 pwnSldt 
tKUaOiu riB* dMttMr , irit ipfi fbw titiJidkMUrli. 

iii, Splunv ABC tangii pliwin FG in patia S ;ti ijaoi ■ «eotro 
D ipniu fpbzne duntut nOt DB> Dlco, KOiiaDB fbuFG adpctl 
jim^culDin tncnmlKre- 

DtmoBfiraiio. 

a,- :0)ineUlt cum ilemonllndoDa iheaKmitii 6. tlb, VIL Enimnro , IT le-' 
Lt.fi> DB non eft perpcndicutirii pliino FG , pnfendicnliru lit plino 
reaiDE. Muiireniim eH luKDi, rtSnB DE mifonm cHe tea> DB.cun 
InmDimim Di iplliii DE. adTquct reAim DB (f.!6.). Ergo rtfti p^pca> 
dicnlini DE non eft minimi amnium leAinim , qnii i punao O ia p|jb 
nam FG odete palTiinE . Koc •utem litri ncquic (£it.VIU.^Ift}. .IsCnir 
redi DE non ett piino FG perpendiculiiii , nndemque ob cialiin aiiUt 
tJli divciri ( itHi DB . Si ergo tfhxa &e. quod enl ollendendBm . 

Spbtrt lasmi plmam in ne ifimiti.rtt fvoA ^jim Imgitl 

it}. Etenim fi Iccat, plum nftz IIHM! ■!> codcm puifio in plumm eti 
'deniet , cidem plano M perpcndlciiliim iociuiibereDE , quod Miuili» repa> 
SOii (f ij.). 

Coi.ot.LAaiou II. 

SpktM txUtiM! fphtrim iis^ent ia iraii laiiimi pjiiA. iffm Macd: 

114. NoD enim poteil fphzn AB tingere fphcnm CD in duolni Goul 
punfiii ■) < , qniii ucn^ug ia Ulit fimu] ptudii tuga jliuHim £F^ nt 
''cft Duuiileaiun. 

S C H 0' L r O i^.' 

tif. Ex eo ; quod f^harB , te plint contiau In ono damniiE fiit 
.'pmfio , niio npeteodi dl , cnr l^izra Gipn plunm ■pptlmB politoiil 
cOBGDcni , tA Ifhim vd leviiEinuiii quaqaovcrliu moMitur . 



THEO. 



Liber XL 



3-' 



THEOREHA XVIIL 



11(1 Du> Cftarx AB, CD r«ri nmitio «ilerlui tinpnt in pDnfli 
Hunm •□cem rphirunm cenici c, 7 iunginiur reai Lna . Dlco, i 
iraDlue per pUDanin connfius a. 



Si eaim Stn poieU, hujurmoJl !e£ti xrinCas eiiri jiun^n) tnutui con.' 
tiflLi, firqoe im/ . Ab uiioquc auienl ceniro i,r li punaum d ducaniur 
'nax la,ja, S: pei idtm punaum n iranreit plinumEF, quod in eodem ^*^'"- 
punflo cingil ul(am<iue rphrram AB, CD. Quoniim igitur utiique /j.ra 
IwrFCndinilitii eft pUno tr (S- 1 ii. ) perpendicuL.rii quoque erit «ai EF 
ln eodnn plino porn> (^fc. Vlll.^.i.) , ic promde le&i eruni iineuli 
E** ttifclll J-ij.). E^o dui la, funt in direaum pofici ((.49.), feu 
nnam nndemque rtdjm llneam eonnituunt ra/ . R.e&i luiem porim eft 
etuin liiiei xmf. Igitur dui leAx rv, imj fp"iium concluduot . Id por. 
toSeii Dequli (Lib.IV.§.'j.). £rgo Iidci zn; non eit 1*01 , eidaiiqiie n< 
tiona milla illi , quz dudi s cenita i id cenlrum 7 tnnrac uin ponauB 
eoiitaaiu a, tLeai itique conjuni^ens &c. quod eni aQendeDdqm. 

THEaB.EMA XIX 

fmBs nM»S*i reSn ^ftm j^Wm 
tlaiii,etit m Hlt aamm ^[iti fi£rM. ■ 

117. Sfbira ABC nns» pliDum FG in punan B, t quo incn ipTim 
l^Lxnm aciretur reAi pcipendieuliiii BD. Dlco, ceaim BO tnoCre oes 
centnun ipliDi Iplizrs. 

Dtmonjhatio. 

Si «Im fieri potefl , eentrum rphera fn «itn ip&m perpendlniJirem 
SD, fiique llhid pimaDm b . DuSi eigo i centrO b ti pundum connaus 
B rc&i *B, hie erit plino FG perpendiculnrii (J. iii.) . Eidem luiem f}\ T. 
plino eilim reaa BD poGii eft perpenJleuIiri» . Er^o du> leai iB, RD 
rnni Gmul plino fG perpeodiculaiei . Id porro nrqgDit (£/i.Vin.J.i^J , 
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'Liber XII. ' 

D fi F tN r T I o nr. 

■ (, Clrctli J>t*M iiaBaaT-aU, qnram ptrjpljt.ij m ipfiui ffh^rt S,^:,. ■■. 
fi& ftfOim. Hignfinodi funt diculi BFUE, GH in fphita AIICD. 

D £. F I N I T I O IV. 

t, Telia tlrckli in fpbtii irfiripH ifi pHnSnn fMm*m in f-pirfiii ffht- 
u , t qn Mnii rtBt ni iUi»i ftrlfblritm itS* , /■» iiKr fi nqnlti. Vif. n, 
Vi R leax AB, AD, omiierqiie ■))■. quE duci [K^atii ■ punaa A iii pe- T>b.S. 
rlphniim clrcnli BFD, Aierini ci)inln,p(int{Bm A «ii ptlm circnll BFD. 
Eidem ntione ■ller.eiurjem circuli pilni erjc piin&im C,G reftxBC,CD, 
buenudinaduni eiiim cviecsi omnei ■ punSa C duAs In pvrlphirba ■ip. 
~fius ciKuti BFD i x^uilti ioiei f: fiiirim . i ' 

COROLtAllDlil. 

7. Tilu dnifU la /pi^rd pg/Iti liiinf pttaiaa Siiminm fi^ff~ 
fphtrt, n (M , wlwi ««rs , ip/inj (iK«(i peri/birk ■'■ fpbam lii/tr/p. 

C O » 0 I. L A ]t l'D U II. 

t. ■Pcli fpbdrt truKt eiim po/i (/rt»(i /11 n itfrripii , fi omati rtSt iiat FlE.ir. 
flpWit />fc«-4 iB pirifhiTim ipfmi lircali , fatriBi inierfi ajiulii. Nininini Ti3i.S 
li panaii A , C rutrrint pnli Iplifiz ABCD , enini eiiun /lU circnloiuin 
GH,BFD, fi refii AG, AH *GC , CH «qmlci Incer lunlat, mmii- 
maiaa ttitia lea^ All, AD' C1),CD. 

DEriNITIOV. 

a. tiivvJI ia J}&4rii litJiTitti (|f rfSx da&iifrswlli*<It(rim polm p;ku 
Iplmt ciiaH . Ui li psna* A, C faaimf^ elteall GH.icai AC crit U. tSi.V 
llui tidt. 

-C0KOLI.AKIVUL 

10. Si pitl tintli ia JpbM itfcripti iivtrfi mt fmait ■ ptlii ffhm» j 
txii f/jijrt crit ttlat axii ip/lm dreuli . Ueipc enitn poBimt eOit ildenl 
pDli, nili ideo) quoqnc lii utiiurque <iiii. ' 

COROLLARIUU IL 

11. Si tii< •'renli fphtrii fii eiiim »1/1 iefiti fpbimt , iiim ftot»! 
tnai •nritfqte poii . Suni enlm pnli eiiieni trii. 

£itm Mab.r.m. C Co^ 



Digilized by Google 



J4 Elementocuiii 



9 u uiv. 



. D E F 1 N I 



Rt.li. JJ>icr< ,«n mM, riSii dtat =b «bo jp/i., [phfr^ ptlo ia ittmi piripliiriani, 
tiiidii fial um intir ft , iK-a ria.i m,mh«< , nnt «h ititn pita in ta- 
itm ptrlpberum caderi paHiini . U[ fi rphirs ABCD fusrint duo pun. 
anA.C, *«qualc! lutr.m rcacAH.AD lum Inicr fc, lum rtnisCB.CD, 
^ ib Iflil yaJ/i ;n circuli BFO pFripherliin ciduDt , circulut IIFP Equi- 
ilOTdiftwdlefiur 0 pi(t(.A,Cipfiu5 rphe™, , , 1-- 

. i^j. "Btll eirqdi . u {ihari. lA utnqar falt ipfnH fphsrt tqmiUtir Jifiu- 
tif , iivlrfi 'mb fiait' a Ftlii 'cin/dti* [pbm . XxyoXvi niinqae runt aiHBei 
'liBa i'4di! ib ufro^ 'Ipluttf fglii in iTGiB eircull 'peiifbcriiDi ciduar. 

C o a o L L ii K 'i n k " I E ' 

id. jtx'4 tIi(*U tqiilUlur'iliffarli' ib mnqm pilo fplntr» 1/ eiim ixit 
II J^icriC. . _Cvm oiiv^ fiJ^ Sni ntiiiiri|iie ftU.C^, 1 ijcm qaaque 



. (P/i" fpifrn.. Cumoiiv^iijQ 

?«."F'!W.«fi,(A\a;lJ .■ 



DEFINITIO VIL 

17. Z»g rirciiJf ig fpbkri iqMlila diSitre Stnttr' ib lllba ptlli, tim 
mar reBic iiiSitA iii!ii..pila il niia ptnpbiriii^.tqiiJei fiiuJiirB.iaii' fe, 
Itm «Buutiu rrRii , «1» ib.aitett pili ia nlariui piripbirUm. tadma . tJt li 
duo circuli BF, CE iHl^ehibuetiiiiliLfplirtkABjE. utoinnct-reaiAR, 
Tu-7. AF dua> ■ pgTD A fpbzra In peripfieriim citcull BF oiitales rueiini lum 
intct le , lum rcAi^-qmnriity, ijuc > polg D, ^urdcin fphxrz in circnli CE 
peripfaerlini caduni , duo elrcull BF, CE cquiUtcr Jiltinin ciunt • pefii 
A,D ipfiUi Iplilr»;,. ■,. .■.,,.-,...■,, ., 

""" '' ^ ' - ■ ■"■ ■'■-'■■■ co- ■ 



■|.I:-.-)C?(l! i ■>■ l.l. A ▼■«■ .i., ■■.,■■ ■,: .,1 .1.. ■ 

C O R O L L A i I Tm' II. - ■ '* 

■"■ ■ ■■■'■'■'iBV^i«&.::ifc^::;V :,. :i.:v 
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D E F I N I T 1 O XIIL 

phetii ciiciili BEU rrci^i in puiiflo & pcriphcrim circuli AHC in riihfri Flp.i*. 
A£C,inguliliIlA, AEO.CHDJIliC in illiui l^upcrficic pmiluai, /jiWalii Tab.l. 

mixiniomm rFlii..T a;t!;,!or /f Jrpicor in j^llim fufeilicic coiiltiiuere poffinr, 

elrejllonini mnLmarum lu cin lljferllcio proiluclmlur . Hi cri-o dlviill blcoe 
iii tiBti , icmcs , & «tiiajai, ui dc angLjlii plinis icfiilmcJi alibi dliiauu. . 

D 11 F I N IT I O XIV. 

ji. U^Sului fpbmtii TcSui cfi i!ic , qn ft in [up^gtii [pbi,± i ftri- Fi^,^. 

Ucfiin fphrcii AliCD duo circuli m.iimi BEDF,AECF fcfc oriIiof;i,i.jlil 
ter r«eni, inguli AEp , AEO,CEB,CED ab eacum pcciphcriit in llliiii fu- 
pccGcie proiluai, ciunc uiguli fphziilo rcfii. 

DEFINITIO XV. 

Urzulki fphtrdii amtm iH Uii , «.i Minf (fl «ifo. .^ni»''" fnu 
/f(i<™l,i »tf»/«. cfl ,!l! , qm riClHm [upcu . Sphir.lis .cufui tH .n^ulus 
AnHi obiuluivcio .usulusAnC.QuemjdinQdumergo duo drculi In fiihrri pp^,^ 

ponfto ftflionii efl;cmnT,''i'" fi'cbirciuc fcrrdifp^efcinc.fainos .ngul^wfph»- 
nlci acuIO), [ocidcmque obiofoi m coinmuni fcdlonil pundo canllifuunl • 

D E F I NI T 10 KVI, 

. J4. MdyiiM 'nfiiii fphadii a i«ot»( cirtii/ii it[piitit ntximii fcfc mu. 
IM itiirfenatibi,! pnigBi , ireiii ciHiiIi circd /cA/nii piniS«n iii ip/< 
/fibcra iefcrifti , inlcr vtni ii»ifiifiit i;/iiB im^iitcaia eewpriheBfn. Slc Fiic ii. 
meiirun •uguli fp^.lii BEA (11 arcus BA cicculiABCD dercripil In iffi Tal^a. 
fphzn clrci punauin £, camprcbenfui Intct ircnlBE, AE, qul ■ngulnni 
ipGun B£A conftliDUoi. r 

Elea.Hitb.TJn C} Co- 
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Eletnentorum 



J J. .^iiliil Jpbxrilii fndtBui a duibiii circulii in fpinra mixinis cril 
itl jnJiiiim , & miaimnm , qun zraliii , & miiiiiii ctnplcaittr mm tir- 
orff (irea fcSimii fiaam « /pfcoa icftrifii , iilir ttcm «Biifiv.fpjMS 
TA.g! "•^'"1«"" mnipnbnfn . T« iiiinlnun jmdjim , tr mintmim erit idsd- 
' tu( rpfiimlb SEA, qmi jr<lui& aniila cumpleallur >rciii BA ,qul lp< 
Cus anguli quiniliueEii dcicrminu. 

D E F r N I T 1 O XVil. 

(j1 '«w« tiKi/i p« ip/o™iB (ioJm iriafnnlii, iucr plripbirai ipjorum cir- 
Fk.ij. t*lnHm anpribiiifui . Vt fi duu circuli BF , CE eofdem puloi lubcint 
Tib.}. A,D, pcr qiios tnnfEii circului ABDF, mcnllin dltbiuiz cicculi BF t 
circula CE Cric ircus BC Ipriut circutl ABIV , qtii Intcr peripkrias iplih 
nim ciicycinua BF, C£ coniineinr . 



■. Tct iriiuam , & mimiiarum rH diHiniia dksrnm cinulorim * fi rm^ 
quenm ildim fini pcli , qiit>i gradui, & minula funl i» areK , qid 
im iiflimiiim niiiiur . Sic igi sndukm , & ntniiiinnii cfi dilliniii ■ ft 
lo daacum clcculorum nF,CE,quai fiinc jnifiUj & nimiia inucuBC- 

THEOKEMAI 



j3. Sphtii ABCD iccetur plina , quod pcc llllni cenlcnm G trulleit; 
ntquc communii IcAu> BEDF . Dico , hiDC efle circuluin. 

.Danonflraiioi. 

A ccBiro G iplucrx id curvam BEDF tn pltno ledionlt BBDF dacin. 

lur rcfl* GE ,GH,GD, GF, Sc nllB quotCBmqni . Cnin l^iur ptinaum 
<^ Gfir cenirum fptiHc ABCD, rcfizque GE, GH ,GD,CF Ipliuf n<Iil 
■'■ llih.XI.§.ji.), Bnncoainet InCcf fe cqnila (fffi.J. Eigo ieaia BEDF 

efl circulv) (£iknt$. I.}. 



I I. 
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Liber XII. 



Dmonftratio. 

A centro x ipGus rplierx ad pUanm fcAionls CE dueatur refla perpen^ 
dlculiils xi. A punao vero i ti ulrcinuin pUni CH reaz ducinnirifC 
dt ,ilE, & jiiiigannir punai r, C " < , i E, teflii xC , xh, *E- 
Q^oDlaiD igimi' n&A xi perpcndlciilir is c(l plino CE , perpendiculaiis itl- 
4ein erlt reaii JC, lU, dE CikfW i.)', alqiie Ideo refll eruni tiieull 
xiC, xih, xdE $, ij.), ftirlinpiti xiC,xib,xtEtKBtIt&ttt- 

guli (Liky. $.19.) . QuiinobRiii quiilrin luctuni xi, iC aqnilla einiit 
quadiaio hTpoienulx irC,licUil ciiim qnidn» bieruni xi.ih quidrato Iir- 
poicnurz ib [ZAnf. j?.} . Sunt autera quadiiu itfliitua iC, i( a^ua. 
lii (,Lib.l.S, 1S7.) j cum llim ipfK iC, x6 , Dipoie fiiixis ndli Cni Inier 
Cc squile; (Ui. xi S- !^ >- Ei^ quadriii itldna liteiam xi, iC Gimil 
fumta iquilia enim quadrim latenim id, dfr ( $.1«;.) . Allilo 

piapier» communi quadnio liteii] id, eiit quadriium liierls dC qnidn- 
10 liierii id cquile i6e.). Qnidni» luiem squalli Iiibent lalcn mgnt- 
lia luh.l$. iSy.). Ergo reAi dC naim ih xquabli . Eodem modo often- 
dim , duis quoqiic db , i£ cSe aquilet ■ Igiiur zqnilei runi loler le irei 
leflx iC, it,iE (s^utlg' §.i19-}, eindeinquc ab cuiram oidd» le&a, 
^na I fiuiaa i In curvam CE dnci poBbnt 1 le proinde reCUo ChE crk 
ciicnlni (iifcfTis. I.}, si fplnn »«. qnod eni oHendcndun. 



CiKtnm (irnli ht S^bdrt, qni ptr Ipfna Sihnr* etttrm trmftl, 
iivtrfiai am ejl s aani, ipfmi fphtrd, 

40. OnenCun eft enim,punflnm G. quod ell centram rpha™ ABCD , „ - 
ccntnim qnoilne efls drcnll BEDF , qni per Ipliui rphcra centmm iranGi . j| 

C O L L A VI VM in. ' 

Dbmettr ^rtMli fer f^hitrt entrmm trttfeiatli ifl elitm 

iiaailtt ipfmifphtr*. 

41: Cum enlm dlunetcr iim rpt^irx , quim clreull (It refli tranrieiii 
per nliiulqDe cmtniin 1 tc pcripheii3 circuli in Iphini poGii toi' in ipfiui 
iphcrx fDpeificie conGftii ( §. , idem nequit eOe ecninim rphsie, & 
«Fcull In llla deCtlpd , niG ndcm quoqnc <il utiiafquc diuncier. 
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Ijbct XII. 41 

in qmriun plinum tnzqnltci ferpendicubm «iIuDi ib toSaa coitro (§. 
tj.J. Eigo cum te&x n, xi perpeniluailtritu liciimbuit plinli drciao- 
lUn BF, CE', F**^ piaFofiiuin. 

TH£OIt.£HA IIL 



41. In rpbzn ABCD iao bibiantiir eiiaili BD , CH , quonim BD 
tnnlMC per cmtiiuii 4 ipGuE fgbxii . Dieo ciicutum BD mijarcin elTc 
eireutb GH . 

Dmimfiratio. 

Cnn cnln ditutui BD irinrnt mt ceniruin i fphxrs ABCD , miniinc 
Teio dicnliu GH , diimoer eiiciili BD , DOn uitcm ciicull GH , crii dii- 
metcr Ipfiut Iptmz CS-4t )- Ell luiein dlUMier Iphzrx omnlum rcfii. Fic.ii. 
itini, quB in ipli rphcn eOe paffiinl,'muimi ( Lii.Xl.S.ixo.). Ergodii- Tib.I. 
meter circnllBDmiiar eitrdiimetiocliculiCH. IUe lunm circuluimijor 
eSiqai maN>i«m dlimetnim Ii(b« [Lih l3L§.'io). Ergo ciicului BDmijor 
eiii dreuto GH , Sc eidem niiane onuilbui uiis 1 qul eiira centrum ■ in 
ipli Iplm ABCD iibeil pDlIbnE, ideoqne Itc. 

IL 

4& Vietffim vcro eiiculni BDIic mtxlmu) b ^hm ABCD. Dlcof I^ 
fim rnnCie pcr ccncmm iplini fplma. , - 

Dtmmftratio.' ' 

Enlmveio , quoiilim circulus BD iniiimusell In rphen ABCD, Hliiis 
qno^e diametei BD crii matimi [caiium ooinlum , qnie in ipli Iptutra 
duei pbfliint. Aiqui miiimi ie£linim In Iphxm per iUiui ceniium rnnlit 
(UtJCI.f.iiSi.). EritQcircului quoque nuilmui BD twr rpJwrx.AfiCD 
ccambncnnrciiDeceflecft. liaque circului &c. quod nit oOei^eiidura. j 

CoKOLLAXtnu ' . 

minm ilraitl f> ^bmi mtximi ditvrJiiK mw ifft titin^fiiaMiu*'. 

47. Cum enim liDjurmadl clrcnlnt tnnleit per cenuinn Iplisix , Idcin 
erit' uRlnfqDc cnumn (§. 40.}. 



Co«oLL»«..« in. 
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THEOKEMAIV. 

OM» cinirfi i'n JtbnTS maxiiwi fefe iniin» biftrum HviiHwt'. 

5j. Id rphxnABDC Jno lubeuitur citeuU ■uximiAHI^iBECE'. DL 
co, eoi lefi mtnuo bt&ihD dividav. . 

QuiDJoqnidem aim Idem fit atriorqne ciicnli centram (j-^tOineeeOe 
cQ , nt bft muiuo dlvldint . Qiioniin vera «mnnnnlt leSla duontm pla. 
noniiii cQreai liiKi (zftf Ul. t&t EF nit (eftLs.duontm eir. FU,ii. 

cnloruni AEDF, BECF, nipote lerraiaiii pinftii E, F , In qnibui ipG>. 'UM- 
nun drcnlonim peripheriB (He niuiuo dirimoni . Igiiur nuu l3em lit eea> 
tfum omniam drculotum mnlmonim fphwa , ideof ue etiim clrcnloiun 
AHDF, BIECF (§. 4E.), ccntium hotum ciicularum erii in ccmuatnil &- 
fiione, livir reAi BF ■ Hsc aucem iD utriDrque diculi peiljiheHim deCiiii, 
utpote punaii E , F letminui . ErCO rcOa EF ecit litriulque eltculi dU- 
metec {Lib. m ;J . Omhit porro diimiier ciicull dlvidit circulum iprnn 
hlbriim {§.t.). £igo ciceuli AEDF . BECF biiiciim 1 reOa fi F di*ili 
eitmt 1 le proinde, cuui reAi £F Gt comnumii nicinlqne feflio, cicciitl 
A£DF,BECF lele mutno dlvlduni bl&ri>n. Onua Itique eiccull in fpha. 
ti miiimi lic quud eni oltgndendiua . 



Kefl» CiinjiiiKiBi piraaa , i'b ^nitiii periphtrit iinnm eirntmm 
maximonm fphtrM ia iUi»< ftperfcie feft mun iirimmt , 
plr ipfim fphtr* milninl trvifii. 

1+ Refti nimiram EF, qui nmiil ninEiinluf piindi E , F , in giiibus r»ii. 
refe mnino diiiniunc pctipIisriT diiaruin cii-culoram nijiimonim ALDF, Tib.B. 
BECF in fpbira ABIX:, ttjtidbii ptr cmiriiin ipfiui {phm. OHcnrum cft 
enim, centnim drculotum AEDF, BECl' ellc in ie£ti EF, qus eft com- 
munii utiiuraae k&lo. Ceniium lUtEm fphEic diveiliim non e(l 1 centro 
F 1 ncpoce qul In llln liuit mi. 

. „ punan munu: leftioaii E , F per Iprmt 

ipnwz ccninun ituliti 

THEOfi.EMA V. 

Cin»Uiifpb*n,qiiifife '» ea bijnriim fecint , fnntmaiimi. 

5t. Id Iphn ABDC duO lubeiniur ciicull BECF , AEDF , qui In Uk 
fere 



44 ElementoEum 

fcle muluo biTuitDi diTidinC • Dlco , nx cile la Ipli If hzri mixiiaat. 

Dmotijlratio. 

Cum cniin ei hyMihcf; duo circull BECF.AEDF Tere munio blliriain 
diiidgni,communii ipromni ieaio, rcfti nimiruniEF, pcr utriurquc ccn- 

T?^'a fulniodl eJl, ut citcuJum in dun i<iualu fepnctin iilpcfcii^iji. CJifl.S,), 
■ Igilur punfluin a, quod jn mcdio icfli EF confiHii, eiii cenlrum uiriur. 
quc ciicullllECFM. j.Ji omnclqug proimleieai aA ,«B,aE, aD, .C,<F, 
& quotcunqite dutlE > cDinmunl centro a in peripherlu ciiculonimBECF, 
AEDF, ecunc Imec le wqia\a ($, m), Ill> uuem perlpherlx lunt In ru- 
ptificle rpliaic.AIUlC ($,5-J- Ergo refiE onmet duOz ■ ponai) « io ilk 
omnii fpli>ri».%erficjel piin5i, ^ua tnnfeunc Ulc Fcrlpherl*, Jiini in< 
ler fc nqinlM . Eodem Biodo oneudam, dufiil Dlnlinimilili clicolll, qut 
eum >ltero Ipforum BECF , jMIDI- fdi muiuo bifiriim dividini , rea» 
omnc! duftis ih coJcm pundo s ii\ illormn peripherias Kjualcs enc leaij, 
quE ab eodeiii punflo a "Jtini in iJrripfcrijm circuii BECF Eiga atma 
ic^jc duaz I punfio .1 jd rup.;rllci<Mii IphTci ABUC arqu^lcs -funt lncec Je. 
Igiiur punflum i crii ipfius fpliirr ceniiuai C Ltlw. (,( (. J , Per illud uh 
lem tiin&ont circuli HUCF, AEDF . Eigo func io Ipra fphxit miliml tf.4i-) 
luqueciiculL ID rphxn&c quod cric olleiidenilum-, > , 

T H E O R E M A ,VI- 



j«. Duneimili nnjtiml AEDF,BECF in fpliari ABDC fcfe rauiuo fj. 
ib.S. eenc , ingulorque eSiciinC BEA, BED, D£C , CEA . quorum duo BEA , 
DEC linc nd venlcem oppolici , quemuliDodum eclim dita BED, AEC . 
' DiCOiduat B£AtDEC,fieatl Ctlim duM BED,4£C eOe inter fe «quiln. 

Dtmonfiratm. 

Duo ciRuIi BECF, ACDF rccenlur cinulo mgiio» ABDC l|ll),id per- 
pendlculum innHeaK, lintque iea« AD, BC cooimunes eonini,-liaiDnes. 
Cum igitur IiaiuiD omjilDin ciiculaism ideni lic cemrum t ($.4(1.}, le&x- 
que AD.BC in eodemplino ABDC conflHlnc, xquilci eruni in^li IldA^ 
DaC id verticem oppofiii, quemadmodmn eiijm jnguli AaC, BjD //1, 
§.11.). Isiiur arcui quoquc l!A , DC, nec nntl arciis AC , F,D cri:nl 
lei Wb ra,*. 17,), I.& ju.cm ^icm ii.^ mvi.Cura inji.li & .TcuiDC 



Llb:r XII. 



t7. Quad dlilmui it •BSflMt BRA, DEC, Innlllgnidiiin dl e 
ingulis BFA. DFC . Eidein cD enim honini omniuin roenliiri, i 
mirum BA, DC . Idipliua quo^dicito ie usulii BFD, AFC. 

THEOIt.EMA VIl 



einuc. iJ prtpcndici 
fpliicx fiipctlicii 



iliBnuF in rphxnABCD, 



Dcmonfiratio. 



a« AB,AII, AD, AF. CDiit Iginr teaa AG £1 « bjpiHhen peTpei 
kili plino BEDFt Ferpenliculirl) quoque eric rtais GB, GE,GD, GF 
(Uknil> cmnique pnrinlc iriinguli AGB, aCE, AGD, AGF : 

fitnguli. Qunilntum rA» AB xguils cric qniiirziii teflirum Ai 
GBi quadtimm redz AE qDidralli ic^niai AG, GEi quiilnnitn xcl 
ADquadntii reAarum AG , CDiKi quadnnim reiix AF quiJ^itit rc£ 
fum AG ,CDifc quidraium tefiie AF qpnttiiis rcfli-um AG , GF rm 
' -~\H[ib.VI.§.ij.). Qunniim lUlem tcaa GF,GB,G[1,GE fiii - - 



:ab.E. 



Ict 



icfljru 



iTUm AG , G£ 1 hiium quadtiti < 
Ir.iKTeajiiim AG.GF, .f.qLiilia a 



AO. GD 



li BEDF Ijiiut reSa cr 



4^ Elementoium 



lUSt tnmfuitt tir innun cinuU i<i fehan , eiqnc al etrpmOtiilm. 



Tj. Refli Dimimm kC tnnflcns pcr ceninim clreuli BEDF in rplisn 
J- A8CO eiaae ad pcipcntliculuin incumbRis, dl ■iIf Ipfiu! cimll . on«i- 
fum cft enim , iL-il.ini liujufniDdi iricinrc pcr Jpaut clrcull polai A, C, 
lu qno uii riiio connili! (S-j.) . 



to. Ui Ti ceniium rpbirxACE Ca punaam x, & cintnim citCi>liC(£ 
r«.i}, in « pofiti lii il, leai AD irinficni per unuoique eeDiiun r,iaic uii 
TaU!. ipnui clrcvli CiQ. Oflenfiim ell enim, leaim hujuGnodi AD id pnpok 
dJculum ciitiil» CtE iocuinbeie (S.43-)' . ■ .. 



- iSi. NimiruDi icSii Iil coniunsenj cennum z rpIiiiT ACE cum ccniro 
Kg.ij, J cileull C*E In M pofiil, fi umnqm in diicSum piodufti fuerini.lnn- 
Ta.1, iibll per Ipriui cimill polos A , D. Cum eniia hujarmodi te&t AD fic 

>iil clnull CftE (t. tfa.) , per liliiu poloE tiinreic ncccJIe cA 9.) > , 



f„ „ , tfi. DIco ^cimo 1 refiim AC innlire 
. Tab.K ^tun«,Fetqiiad Iiin6[icai ACelfe cci 



LibecXII.- - 47 

Demonfiriitio . 

tn eirnill BFDH ruminnir punfii B, D, nque iuginwr 

|«li. A,C Ipfiurdinili opc rta»rum AH,AD,CB,CD. Inaper ipiin- 
ao « 1(1 ipii " , D ref'^ ducanlLr a B , a D. Qiioniiui isitur punai 
A , C funt poll circuli BFDE . erun. ,n.e. fe tum refl:E UA , 

DA.ntm re^c BC, CD AC eomniLjmi uirique 

friinsuto BAC , DAC. lirso tnsulL iiAC , D.\C erunr inifr le Tquiln 
riffc/^J.Si.). Qiiamobrem H dao fpt^ieniur iiunjuli aAil , aAD, cum 
Jater* HA, AD fint iquilia , lilus Ai fit commune , « jn^iiti KAt , 
DA« aqnilM Iridem fint Imer fe, tins qnoque lij erit b*fi Dj tqi.il;! 
<j.7T.),. EoJem modo odeoiijiii , «fljni qujmcuraque ducliin 3 punflo 
VI in peripheri«m elrculi BFDE e[!e iquslem uni eirum n a .-Eqmlesfiirt 
■ iDmi Inier fc:, V* '•^™ "^' '1'"'" iSra.^lf-f-i!»-)- Eifo 
omn» l»«e ,.qi* * ' i" per.pI.erHm cidunl WOE , fiiiit iniee 

fe Huilei, ae proinJe put.fliiin a efl ccmrum ipfiu. circnli BFDE (Dt 
VlLf ]■). ftitot »a> AC^per ipfiuj ciiculL eeoinim miilif .. 

II. 



Dtmonftraiio. 

BFDEfdufCrrtfli, five diimeier BD, .d ciiius eiiremi B. D ducjn- 
lur 1 polo A ipfius circuli icRx AB, AD. Cum.i^iiur rsilii nB, iD 
iquilei fim inter fe- (J. 10.) , 'quemidmodum etiam reiiiAH, AD (#.*,), 
Si refli Ai fii roniicunn ulrlque iiiingulo AaB , A.D , eni insului 
AjB ingulo AoD equilli {Itl f.S.Si.j Duo .uieai fiujufinodi inguli 
valeni duDircdoi 40.). Etbo uttrque AjB, AjD erJi leflui^ic 

proinde lefti Aa eril ipfi BD peiMnJlcuhiii (iit. 14.) , ficuii eiiini 
lea» Ca tS. Eodem modo dcmunllnbitur , reaim AC pdptndicn. 
Itreni elts iltni diimeiro, omniliurque iliis rtfils , qtix in codem plano 
DFDE per eenniiin.* duci poHuni. I^iiur rcili AC ij peipendiculuincii^ 
culo BFDE inaunbit ilib.yiil.§. x.), ideoquc *c. -' 

III. 



«4. pico tei.tio ,* fedim, AC tnnlirc nlini per wim^ IpGut rplutr* ABCD. 



4^ Elementorum 

Dmctiftraiio. 

Sl nainqiic circulDi BFDE paiiuur in Tpliin mix inm>,niin illtsi ccnJ 
Fje-"'- icum < dlverTuni iuik non (It > MOiro ipfiui fpli*™ (5. f^.J.picti piopo. 
ruum. On(nfi.ra eR tnim, rea™ AC innnce psr ccniruni ipfrus cirrull 
BFDE. Sl vero elrculm noi. fit ini>iiiiii> in fphirj , niiufn.odi non eii 
fi^.if' cJrculus BC in fpfisn Dnc, ic proiitde pec illius cniimin A non Irinfeit, 
^'^^- udhuciiico.reaim DG iuaita 1 polo D ad polum K ipnutcirculi BCinn- 
fire pec cenirum fp'iEri UDC . Sii mraque , fi fieri poicK , ccnirum fph»- 
ir DflC eiiri le.tijn DE, fiique illuJ punaum ^ I^iiur rcfli dua« ■ 

fit refli illiit! poloi coniun^eiii DE.erir pljno ciicuiiri BC perpcndiculiril 
((.^j.j.OlienfLm ell juiem, eiiam reflim Df effe circulo liC pcrptndicu. 

incurabunu Id aurem repugrni £ Vlll. j. i.^ ). Eigo pu^aum i non tfl 
centrum fphttaiDBC. Eodem modo onendim. nullum aliud punflumtiin 
reftim DE dle cenlruni ipCuj fphieci DiiC . Igiiur cencram kuiufinoJl in 
ipfi rcfli DE lepeiLlucj ic prDinile rtai conjungem poloj eircuJl in fplii-- 
ca pec ipliui fplarjc cenimm irinfit. Iiique reitiSic. quod ent ofltndmduin. 



Jlxii liriiili i« fpblrJ tr^'ifii prr cairiaa nm fphiat, tuM 

ipfiui ciriali, ciquc sd pirpcniiculiim incnnhii. 

■ tfj. Aiii enim cicculi cuiufcumuue in fphici c& cclEIi du^i gb nno in 
ilienim polum Ipfiui ci.cuU (^.9.). 



^xU tujnfvh circMli w Jjifc*!* c/l dumtla ipfias fphilre. 

fS. Diimeiec nimaue fpliErx elt rcfhi pn illiut cenirum trinncBS 
XLf-H'}. cuiufmod: efl ii^is culurvis circuIL in Ipl.xci, ui mois denion- 
^r.viniu,. , 



Circului in fpbMri irimficni pct pilii nlltriui ln (4 circjili , 
pcr cjMfdem ^10^111 tcKiriiB tmjit . 

«7. Nimirum circului ABDF in Tplixri ABE Ifinrieiii per poloi A , U 
circull RT- , |'cr Ejuf.l;in <;uoi|uecirculi eentcum Innfibit. Eteniin li irinfit 
pet pulo! A, D, 1111 ipfmi ciTColi BF, nempe itSa AD 1 «ii i" P'*- 
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ao clmiU tnnlinDilt &BDP > Hic nneni inpfiE fa emma elmili 
(|.£f.}. Eisa pM idem (camuii uinfibic qnoque riicnlni ABDF. 

Coio&LAKinii IV. 

(1 polu Cna/It, 

eS. SI Dcoipe drcuIiB ABEF tnnfeil pn palo» A,OcirciiU BF , eircit.' 
lum IpGim bilirlam dlvidlt. Cnm enim eitmlus ABDFlniileiCKCceniTOni 
eiieufl BF (i.ej.), In leeibit cunilnm BF, nt ccmmnnli Iplbnnii leaia 
BF per Ulini eaitRim mnrnt. Hic uumcAreSilliHt (£Jl.naf.i4-}> p;, 
Ipliiinqae circnlDiB rcft» lui^inodi bi&iiun dlrldit (UkVILf S.). Etgo Tib.tl 
Circuloi ABDF dlridii U&clim Clmilimi BF. 

COKOltAKtDU V. 

HmM H ^htrty ja< pir tltirlia pgl« tra^, tfl 6i ilU imaimiu: 

'49. KJelieet elieitlni ABCE rtAfiesa perpoloiA, D, (JrcBliBF.Rit Jt'!' 
mulmu In Tphcn ACF. Qnn cnim rcAiAD coniungcns pot» A,D lit 
in plano cimiU ABCE, ii erit In Tphxn auxlmui (j.f j.). 

CoKoitLAKfnu VL 

iMau tlraO, qnt mttlm bt ^iaia J^hatiim tam tlntti * f*it 
polft , tnt ijnrui^trnrfvMi t^ia» pelti biiivltm * 



THEOtLEMA . 

rltil ia fpbdm , q»i pir iliirini eirc 
oribiisaialiitr Hlum Jiui 

n fpliiri ABCD circuiut BEDF, 



Dttnonjlraiio. 

A pota A id poliim C ciicoll BEDF , idcoque in plino recintii eir- 
cnli AECF, dadt IntclliEnnr refti AC. MinllcRuin eH.ic^uii AC pli- F^i4, 
Bltm.iblb.TJa . D no T1I1.S. 



Elementorum 

no circuli BEDF , id pcrptnJicnliira Lricijnibtre (^i- )i lique propterti 
duciiur 1 punflo C, pcr <nio<! rrani;: r!:::; AC , in pljno circull EEDP 

deicrniinit inclinHLODcm IcmicircLili EAl- iJ p!j;iura lillDF (J. lo.). Ergo 
femicifculut £AF id perpendiculum plina circuli EEDF incumbit i imur- 
qae prdnilc clrciUus AJiCP cicculum B£DF onliDgoiuliter ItcilC^-iS.)' 
dicuhn eigo in Iphan tfa fuod cni olIeDderdiini. 

TH£OK£HA X 

Si pir ptlis circuli rn fpli4ri ^unplurei circuli dncaliir , 
tmnti iikram irc«, inicr pcinm, & eiripheriam 
iefw ciriuii iuttrcipu, ftnt innr f< *iudtt. 

'71. Pcr polos A,C circulL B£DF in fphin ABCD <!ucinnir duo cic- 
4|eulL ABCD, AECF. DicDTireui AII,AE, AO.AF boiuiii circuloniiD 
biKT polura A,&p«ipt«Uni BEDF compreluiilD>,queiiujiiiadiuii eiUm 
arcat CB I CE , CD. CF , qol caniincnnir inttr jOim C , «aJeoqiie 
peripheriuii B£DF, dfc iiiicr fe c^iles. 

Demonftratio. 

Ducinrur i pola A punfti B,D in plino eireul! ABCD rcflr AK, 
AD,id punai luttm E,l- ln plmo circuli AECF.reai AE,AF. Quo- 
mim Igitur circuli AItCO,AECF funi in fphrre miilmi S9. 1 ,iilea- 
<pie «qualn imn fe IS.M-), n&x AB, AD, AE , AF enini chordz eiicu- 
loiDm xquilium. Suni lutem hujuliiiadi rcQx cqiiilei inter Ce ($.&}. 
Etgo «em quoquc AB , AD , AE , AF funi in.er fe xquilct [ LA.yn. 
S-it.) ■ Eodem modo oaendiiii , ircut quoqiie CB , CD , C£, CF el^ 
Equilei. igitur, li pcr poloi eiicull Sie. quod crii oHeixUndum ■ 

THEOR£MA XI. 

OMnjf «W» n IphMt wucimia ^it 4 {nii pslii ^mtitaU 
tiraili aiximi. St vlttSm,qni iifltt * {Hii ftlii iHadrvilf 
ciiall aaiBi , buibiu tfi. 



7). Cireuluf BEDF Ct raiiimiu In fphm ABCD, ejulqiie puli rmt 
duo jHmai A,C. Uco, cIfCdIuoI BEm: diOiM ■ potli A,C qnadnDts 
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T;i,i.ii,ii,^ if., JiiLj.,ir-ir (« <i.),ircu5 BAD,EAF quemjdmudum ctiim ■ 

Iiro. r.rr, .™nr f.:i,Lptriphcriz circ.Lo.«m m.xino-un, AliCD, 
Ar.rr. riiculi luicm AIICD, Ancr- «quil« runl tnier k (S.(o.).LrRO 
donim quoquc arc.j! RAD, E AH, BCD,ECF srunl aqinlei (tifr.I.#.ijW. 
Suni amem aq islts c.ijin nrcu! AD, AE , AD, AF , ricoM eiiam ircu) 
Cli,CE,CD,CF (#.71.). Erso cd.um quilibci crli nKdiH" ftmiiitculi, 
ilve qudnrs ciicijll uia:<lmL'. Mc.ii 
■ fuLi polii A,C C*. 70.). ErS" ci 
dtinte cLrculi nmlmi i ideoque Ac. 

I I. 

74. VlciflilD ntO drculu! BEDF in fpti»» ABCD ilLflet i fuii polH 
A,C qnidriDK cireull m.ilniL , duaii nimi.um per ejui polo» citeulii 
ABCD, AECP, ucui AB, AE, AD, AF llm qiudcintei eirculi in«un-, 
qneinidnioduni nlim ircui BC , EC , DC , rc. l»Ci> ,cl(nitoai BEDf 
«Qg cireviam mnimum. 

Demonjlraiio . 

11 AB, 

- ipfi"' 

ciitulL ABCD. CLrcului «item ABCD bLfirijm dividic cliculum litDF 
{S.<S.),eonimquecominunii feaio eft rea» BD ( tifr.flli J. i^.) . Ei^o SS'? 
leAt BD eftdiimeier etltmcimtU BEDF (i-*.Wl §.-j.)t K 1"°^'^"!: '""^ 
imll AECD.BEDF Grat «qnik» (lifclX. j,ia).Eft«Weiii clrcaliii ABCD 
Dininiu in fpliBr» ABCD. Eig» eirciilii> quome BEDF erit ui exletii 
Ipliati mulpm. Ofnnli itiqiie dicahii Sic. quod eru antadeadiuti. 

THBORfiMA XIL 



tt liic*fclBo;eirtnIumSMxl)nnmABDF6lfirii»*«toe elr^ 



J4 ElemeDEorum 
lun C(E 

Demonflralio . 

Funaam xlit centium fphETi.adeoqur eiiiin ipfluscirnili ABDFfJ.Sj. ). 
Rea» lutcm CE fii communis feaio circulorm» AEDF , C6E ( Uk Vftr. 

Cum ii;itut loium plinum ABDF sd pHpendiculum ei hynoihcfi 
iDflnil pl>noCl£,paicll In ipfa plmo ADDF duci rcai, <|uz p« eentrum 
X Ipnui fphire triislleni > plino CiE id pcrpendieulum incumbii 
5LC ciso AD hujurmBdi icfti perpcndleulirii pliiiia CfrE. Iginir pun<9iim i 
in circaloCtE.pcr quod illi cnririiierii emuum ipGui circultCfrE f^.fij. 
£11 auTcm punftum d in communl lefilaiK, 6ie reOa C£. fii^ teai C£ 
Tiit diimeier circuli CtE VII. $.7'). Cumqne eiiculi diimiter IpGin 
Ufiilim dividii i^i.), plinum, Bnt drcdin ADEC biailam divldiE di. 
culum CiE 1 atlcoque &r. 



7& Dicoi, cuenlnpi ABOF crtoGic pec paloi eltculi CiE. 
DtmoTiJlralio. 

li AEF.F, 
ncumbil . 
rculicbn 

, D erunc poli ejulitcm circuli 
Ct£ <$.i!i.;.J>ioiutera puoai A,D niH in peripherli elrcuti ASDF, 
quemidmodum lon AD 10 eiui plmo reperiinr . Etbo pcrlpherli ciiCDli 
ABDF mnlii pcr potot clrenll CftE*. lnijue elrculin ia Iptuum miiiuuu 



THEOKEMA Xllt 



in. 1n r^iara ABCD drcnlul miiuiuu AECF trinlcM pcr paloi A, 
C iJcniai ciicull In «• mulml BEDF. Dico , dieulnni qao^u» BEDF 
tiinliie pcr polos IpGui AECF. 

Dmonfiraiio. 

- ^ Cum eniai cireulus AECF innfcai pct poloi A , C eirculi BEDF, Ipfum 
TfLT circulum BEDF orihogonilitcc fccibit ( j. 7"- )> =c prainde viciilim eir- 
' culnj AECF orthogonilitcr leobitiir 1 clrculo BEDF . Eft luiem elieutui 
KEDF nuKlmiu io ipli fphxii ABCP pci bn^otherint- Ei^o clicului BEDF. 
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itudUt ^ toloi IpGni ciienli Uiiue C In fphzn circnliu 

Binrlm' IVe. qood vrc aAsadeadiim, 

COI.o'LLAfcl»ll. 

J( itt (rrenli i" ipiif" tmrimi frfr aiiian frcni ia polh tllrnai 

■jt. Vl fi duo purftj E, F, ln <iiiibui fcft mutao rccinc duo circuli iil j- 
fptiir. idiiio.i AEDF,BECF, fiicrim poii jlicriui drcuii In n miiiu,! Tltl, 
ABDC , pnipheili circuli ABDC iriofibic pcr poioi ipfocum AEDF, 
BECF ■ Cum enim drculus AEDF innftac pcc poloj cicciill ABDC , k 
uicniue (ii UiHimu!, polt cicculi AEDr eiuni in ciictilo ABDC . Eidcoi 
iiiiAnc ia eodcni clrculoABDC ccunl poli circuli BECF ) cum is qUD<|ue 
pcr polos ipBu! clccuU ABDCinnrcJt. Ergo poli ultiufquc circuli AEDF, 



MM, <r|i«MMUt<r Itftm [ceu, «■ tcr Ulbu fihi tnifil. 

iam ABEF clmU 
B biCtriim dliidii. 



jf. Dico ^iinD) tlieiilaai ABEF otdiDpiiiiliKt fcctie elmlmn C&E; 
Dtinonjiralio. 

Fnlmvcro ram nlinom circulL ABEE bifiiiam dividJI circuliim CtE , Fii; ij. 
If.nr,bi, ptr LlliLS c^nicum d. Cumquc «nct.m fphir., AOF fii ctiim ccn. fi.i 
ttum ipliui cifcuh ABEF {J, 41S.), rtiai id duai ji centco X fph«i» ui 
ceniniin cliculi CiE, ctit In pUno ipliLii ciccull ABEF . E(l luiem rc. 
&! xd , fivc IDt» AD peipendicuUiLs pUno CiG elienll ( * ■}J- ) • BS? 
Bluiun qaoin» clrenli AB£F ciit plino circiili C6B perpendiculuu llA. 
rinL^T-^lFlbiaqne piolnds cicculum C!iE oiiliagoailiEer Itcibit lf.xt.), 

I I. 

eo; Dlco 1. , Feripheriin riicuU ABEF itinlire ta tol« clintf C(S j 
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Demonjlrath. 

Oftenrum cH, reAam AD.qux irinlit per' eaumm d drcuU CitM 
petptndiculmn ipli circulo Incumbue . TiinGInt crgo rt&t AD pet poloi 
ipnui ciiculi CkE, eiticn» nimlium illlui paa&i A,D erau poU clrcn* 
It CiE di.}. Per bujulaodi uiiem F>"<^ A,D cnnlic peilpheti* cii^ 
culi ABGF t cum ton AD in hujurH ciicuU plina caoGflit . Ergo circn> 
lui ABEF tnnni per puliH cliculi C^E , qucm bilirlim ilriia . Inqus 
clrculiu in Iphna lcc quad ciat aQeixleadum. 

■ ' T H E OR. £ M A XV. 



>I. Duocliculi in rphnt mailtni DECF ,'AEDF frr': muiuo in ei abli. 
qi« fecMit. SlBiqucM,L pdIi ciiculi lincF,& H,N poli ciiculi ABDF J 
'"^** «ui omnB nuni in p«iipFieili cjufdcm circull miiimi ABC , cujui polL 
Umt ninat feaionum E,F ($.77.). Dico,dininciim poli M 1 polo H , 
Bc pidi L' ■ pola H, «quilcm clTe ■mil , qul inetiaii •n^uni obliqul»- 
lli B£A iplcuiini circulonun B£CF,A£DF. 

Dtmonfiratia. 

Cum enlm diculni ABC tiinr«c per poloi M,L ciiculi BECFiGmut- 
qne per paloiN, H ciiculi AEDF , mcnrun anguli oI>li<iuiiiiis BLA cHc 
irctu DA, aroenruii anguli ad veiilcem appa<iii'DEC enc iicui DC ipllus 
drculL miiimi AHC J4.). (JuDniim igiiui punflum N ett polui ciicu. 
II AEDF, ircu: AN eilt iguidrans cltculi ABC l§-7i.)- Eidcm nllane, 
cum puiKaum M Hi polus clrculi DECF, iccui MB eiit quidcini ejufdem 
cliculi ABC. Omnei auicm qutilriTiici eiurdem drcull runl zqualn . Eigo ar- 
cus AN iquiliieili atcuL MBjliiUiioquc pioinde communi aicu AM, ciit 
tcliquus MM rcllquo AB zquilis ( f.iM-). Eodem raodo oHen- 

m HL aqualem eOc ircui DC. tglni diliiniii poU M 1 polo N 



MualU ell ircui BA , qui mnitur UBulum oUiquii 
poli H ■ pdo L ■icDm adxqtlll DC, .qtdjiradiuifqi 
nndcra eitculDinm BECF, AEDP . UiqiK £ dua e 



Liber XII. 



iS 



Sa. XSt <i punai H,N (Ini poli drciili miiiral AEDF, Sc jau&i M,L 
^li clmll itldem miximL EECF, obliqus jli(,mn AEUF in fpliin fe- ^t-} 
antis , dillintli poU N i polo M iqiialij erii diliinlije poH H i polo L . 
'^•m enlm nngDll obllqiiliaiit BEA , DEC, uipote id yeiilcem op— 



£B[*quilei zquilu ountirnu BA,DC, qui funi iUamm 

fiin . Conllit iniem ', iicum BA. aqnikM sBb itcul MN , tc ircuii 
■rcul HL , qui dinintlioi metlnnRir polorum M,N *H,L ( le bl 



ireumDC 



THEOKfiMA KVL 



ilxtntur_clrculi ceqniteiBd^ CtE.DicOt 



Demonfiratio . 

m inler fe, eonim diimBri BF; 



Cum enlm clrcnli E>F, ChE. iquiln fim inier fe, eoniii 
CE eiuni equilei ( Lib.lX.S. )0.). KcAx luiem in {pbiai 
jiter ib illlus cenira di(hn[ ( Lih. Xi.§. iiS.). Er^o cidcu 
Ulilufque diuneiii BP, C£ ■ ccnlro fphxi^ i-. Minirrltum , 
ita BF, C£ mnlirc per cemni a,i circulonim BjF, C6E (Likf^i.f.j.). 
£iji> adem quo^ eil[ diflintli uiclul^ue ceniii a,d i centro fpfizrz x 
(IikC. J-71.) > »deoqne etiim ipfonun circuloram E9F,cEe 17.), 
Qjippe Jjqc rea* Ma,xd iami > ccniio fpliats x in ipGi ccncn t,d 
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ElemeDtOrQin 




THEOaEMA XVIII. 



Btmonpra. 



prolrJe UTrinqu? prciduAa in poloa ipiiu^ circuli CH ^i. ) . Defmic 
■uien in janEa A , D . £reo hnpfmoili punfli erun: poli clcculi CE. 
Sunt (utnn poli etiam circuh BF per hrpoiliellm . Jgiiut dMOlaiDiii IIF, 
Cfi ildan finc poli A , Di idnqiic ftc. 



, C£ ilden liDt poU A ■ D> Dica ; 
Demiittfirath. 

Cnm utriufqne cir^cull BF, CE iiderii ex IiTpoitiell lint {»1 A ; D,' 
Idem qaoque erii uiriufque iiii AD {§, iz,). Aws lutem cujufvli eircB- 
li ln Iphm ptino ipliitt cimili ti pnpendicutuin incumbit (S,tj,i.Eig> 
nSx AD perpendiculirii eilc plino uiriufqae ciicult BF,C£. l.ii tuieio 
pluii funt Inier le piriUeln , quibui «dcni redi liim perpendieulirlter 
InliQit {Likym-S-if.h Ei«o ciroili BF,C£ £iDt iniec fe piiiUeli.Iik. 
que dicali Ac; qnod em oOeikbidiiin. 

cMf m {tbtra fiaMU ttnim ixlm lutat. 



COKOI.L.AEtUU V. 

Cas.oi.LAX.tTic VL 



Liber XIT. 6r 

Eri-o «ai , jc prainJL- iqudc! iniEr fs, erum qaiiupr insnli KGF, 1:GE, 
EGD, FGD , quos in ccniro G ciicLli BEDF le&x BD , EF eonHiiuuni. 

culii ABCD, AECF. luqu* li duo clrcull Cic quOd eiii ulleiulrnduin . , 

THEOREMA XXIIL 

Si fir ptlii plBTiMBt tirtklarnni parilldornrii fpbtri iiienlur Ju» 

100. In fphni ACDE iiibnntur iIuD circuli pirilleH BnF. CnE.pfr 
quonim poloi A,D innrcint iio cireuli msiiiini ACDE. AmDi . Dico-.^'? ^ 
■Ku Bii,Cm eiicnloinin panllctonim SiiF,Ci«E Iniei iUonnuimoi eir. 
culei CDDiprcli(Dlbi , tSe (ibl aamo Smlln. 

Dcmanftraiio. 

Cnm cidn elreuli BoF , C>t& fint pinlhll , refta Kmj, Cx enmi [iinl. 
lels, licnii cdini reftr «, ( ia.raii-if-)- R.uiiu9 cum ra2i AD 
ti peipcndleuluin uirlquc elrcula BiF , CtnE lneumlnt C f per 
corum ceniium innlett , vifoa qnx ell niiluJque dicuU ixli 

t9.),am i^iM Bi, Cr, qnim ndc «,Mi(nuit Ipii AD peipciidiculuc» 
•e prolnde ingnll Ba,Cna «nuit lntei le xqiule* (Ui.vnL f.19.). Eft 
tntem in^m Bci'iB ccntra citcnU BF , lc ingnlni Cxm in eenito dr- 
mli CE. Eign ireiif Ba, Cm eiunt fibl mimio Cmllei CItt.IX.#i}i.). 
Iii^DC fi pR palot itc i^aai cru oflendendDn; 

THEOREHA XXJV. 

JUD ^tdi i> ftbiBi MwiW ftft wmtm fiaata ti la^ida rrSu i 
eimbm maxlmKm tiUqti fi kknreM td pKiiOa fiSimm, 
tlqiK ptr ptla inBn tx Ulii Iranfimtcm, oi 
JwtMr ilfuhi f iriti iiviimt. 

lat. Id fplizn ABDC Ipeacntar Aao clrcull miilini (ck mano fian: 
Mi id in^Di rcAof ABDC, AEOF in punai) A, D . ftn' polot inteni 
E, F eiraill ABDC tnnfeu eirealns iililein miiimu BECF, obliquc k Tn.tx 
liibeni id pnDd* leaionum A , D. Dico ciicniuDi BECF ia qntuoc z- 
qula putet dividi ib ipTii einmlit ABDC, AEDF. 



62 EllemeDCorum Liber XII. 



Dtmoiipalio. 

Cam «nim fon&i E,P (Int poJi ciicull ABDC,eo[um dlninili i pcrl- 
^liaii Iplius dmli iiqiiibiE qondnnKm circuli nuiiml C j. 7j.) . Eiffl 
qulliln ■rcui £B,EC,FB,FC ait qurta piri periplmis clreuU BECFi 
mar ■dm.clKului BECF lefliu.arlE lu ijDimin qaidrBDtci i duoboi dr< 
«uUj ABDC, A&DF . OuD Iti^u eltctilt tK. ^BOi cnt oficDdnidiiin. 



ELEMENTORUM 
MATHEMATICORUM 

LlBEi XIII. 
De fimilitudine, & ratione folidorutn. 



T, quc de liiliitrm fimUUuiine ,li r*tbat dlftati funui, uitniim 
evidniUu Eibeint , nKpiorii hpecunur , ^ue Ub. XL filiionm 
gtntfi ^caiiuinnviiiint . 

S £ F I N I T I O i: 



I. SilUt paUU lUenMT iJ/<i , }m pJdnif nanm tqiiilih»s , fibijai nii.' 
II» fimilibiii iiniintaiiir . Sis diio prifmin irilitera AF , sf, queaiidnio- 
diun etum duz pynnildei iiidem iriliieraDMF ,dn/, funi carpoti linii- f%o. j, 
lii i quli pUn., quibuj termininnir, rometo equili» funi , Bf inter fe fi- Fig 
Dlilii, Dimiium planuni ADFCIimile fdina «i/r , pliniim ADHH plina 
jrffli,p!inuni BnrC plino ttfc, plinum DEF , plano fi pljnum rtfiC 
pW ik. In pyiiniiilibui quoque DMG, ifnf Hmil» funt llbi muiuo b>- 
fei DnF,i(t/",fici.ti eliam xrjnEuij ckf Jn>f * i).!(£, ifm( • lAlF , fn/. 

COEOILARIVU r. 



}. Omalii ttipua rigaUrij <j»/i(fM sf itrti An/ /iti" r 
plam, quibus regutin corpui chiJilnur, cquilji funi, 
S-'o,). Omnci luTcm rigun plani leguljtes cjufitcm 
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Elementorum 



COKOLLABIUM IV. 

{. liftiiiilt Ittut ftliii rriuliiii clL hsrHcleiiim cnitibrt Utiri tliiriui /i- 
tm ntidtra (jii/il™ gnarii' Omnli eiii(n pltni , quibui corpui cegulire 
tnmlntnir, KgulitU Tunt, A: liiiH fexqualli C$. lo } , ic pcolude literi. 
bm aqniUbui urminau ( lA. V-S- io-)- QiioiUibn uiiem Iimi tmuB 
n^tirii dt lumDlogiun cuUibct lueti ■Itediu Ggm K^iris qauna 

D E F I N IT lO It 

fi. Anil tjliaJri, fitutl ttia» in tal , {lii htfitmt fimitktr litUutl iiemu 
_ hr.cma ipjgriii* uci /nii iijUw fiA nqMli i!i#nt. Slcduo cylln- 

ff' Y iti CFJim, (/nJ^quemtiiDiodiun-niiiD dua eou C0/>| cgd, Gmlllier incli. 
Tab.g' bifibui CD,iil quii sqnilei liiiii (nguli OED,it, fub quibiu 

iplbntin ua 0£, M biiibui ca, bI inoimbunt. 

D G P I N I T 10 III 

7. Simitet etat, <f tjlindr! fiat illi , fniriitn «ni MnJn* iii ijjuiw £nMJ 
f ni , /hic rWii rJiionia li^nl , ipfifqia baphi fiau finiiliiir incUml . 
Fif- 1- Similt) Diraicum ecunt cyliTidrl .ACDB, tcdh, Gcuil ctiim cyliodci fCDU, 
i2t;^ftim,ri fubcodem ingub Iprocum »e> >ui OE, « fuii balT. 

ivi.9. CD,U infllierinc ,'fueciique lEii Tif id ndlum ED bifis CZi, uc inb 
» id cidiiun li bilii eil , limiliter ixli OE nd ndium E0 , ut ixli ti >d 
ndiunci. Idiprum diclio de conii CTU>i">J*C09, tii, 

COKOLLAKIDH I. 

3. u con;i.[*(j!/„drii fmil hu, atn fMi iircSe inler fi , ui faarumhtfim 
d,,m„ri, & [!in.d:,v<;ri. Ut fi ijljnJrm ACDIttuiilli fucrit cylindro flCiii, 
r.>is NH cril id ivim « , ul cK ridiiii ED tilli CD li ridium «[ blfis 
id, ficuri diim ur dijnietcrCD =d rfiimclrum of. Simitiicr fi coniCOD.rsd 
l if ( fimilc! tnier fe AicrLnt , erit ajii OIL =d aiim tc , ut e(l radiu! ED bifis 
hi. r. CD id tidium (J bt^fit nJ , uiqiie diaineier CD ad diimcirum cd . Htenim 
Tib.?. ob finiilitLidinem iproium corporum erii iiisNE >d ridiumED.ut »is nr 

<S.7.) . Ergo" diirrandt erlt quoque iiii id «im nc, & sii! OE id 
itlm <ic,ut d> ridiuiED id ndtum cdll.ih. J. $. cumque Gl dii. 

rocier CD id diimeirum (il , ui ell ndiui CD id ndium eil ($. 117.}, erk 
qinquE uii NE id iilip ni,tt axii OE >d axln «e ,uc eH diimetecCD 
ad dlMiuirum ti(^ 7K }. 



Liber XI II. 6y 

COROLLARIUM ir. 
D E F I N I T I O vri 




66 ElemeDtoruin 

. C O R O I l A R 1 U M II. 

ij, CmnKi raiii fbtiri ttgulirii [HHt inicr fi tqualti. Divtrf! niingue 
non loot 1 ladili ciicumlcrJpia Ipharz ( i. 14.). qui □mnei runi nn^et 
(.lib.a.S-i6-)- 

CoiLoj.iAkiir II 'III. 

le. andJai fthHri 'ntijtrii fphm drnm{ti^li tfi mtfir fttttidiMkm 
ipfiia Jthtrd . Ctm Oara iftctt ingDloinm ciicomlcripti polfcdrl eiiR 
InlerlFije Ipbm lopeHiclem poBcl lini {§, jo.) , ridii ipliui polycdri eitn 
fpliars £)petficletn eunnaat. 

'DEFINITIO VIII. 

17. CiUtm, fmt Ttiiti rtSui pdyciri ri^klarii c? rcUi iuSt nb illiia 
anm at mw pltnrm, iniliiii ili'iii", 'iqn fcrpndiinlariicr iBfiflfm. 
T. JUt fi tcai ZN •juaii ■ «ntro Z polycdri rcguliris ACE ad plinum AMF, 
Tib.^ illi td Ferpendicnlaili iBlIltciii , le&t ZN frit ciUcnuj livc ritfij» rrSju 
polyedii ACE. ■ ■ " . ■ . 

C -Q ll4£L-AKlVM L 

iS. Cficlui paliciri rcsidiiiU ifi rtQi miiur ^tficm riJit . Ctttt»t nem. 
7, pe ZN poJy«lri ACC cll miuar ndib ZA ipTiDi polycdri . Cum eitJm cx. 
Tab.;! iciBi T.H prrpcndiculiilier inlillti plino AMF , miniin) efi onniuai re. 
fiaiuDi , (juc ib codcm ccniio Z in idem pliDum AMF ndere pollanc 
(£ii.m.i.iS.) 

COROLLABIUUII. 

19. Citllia pebrdri iiguUiii Sphas iafiripti tfl mitur finiiJiamcln ipfias 
Sfitr*. Ell emin minor ip[liii polyndti ndio [S. 18.). qui ob ejufjcni 
fphierx rjdio divcifus ngn ell (j.17.). 

C O R O t L A K I D M III. 

irKa quediiagia rcftlvltMr . Sic cileiiu ZM pnlycdii AC£ cll ilriiudo py> 
^S; ^ rimidii AZME, tpim eH uni ei illJi , In qnH palyEdrun ipliiin lefDlvt 
poicft . Rcfta niaiqne ZN ert perpendieulwli diiai ■ veriice Z ipliu] py. 
nmidii in eioQem luliin AMF. 



□ igilizedbyCoo^I^ 



, Sf. iiuiui piihiiri rc/nliris [pbtra rirrntifiripli tjl rafiBi fphtrt iii^ 
firiplii . Nimlnun tatina 2a potyeitii [Cguliris ABC SpUxn DEF cir. „ 
cunileriinl ^TnTiit imq eH t ixlio Ipfitu tfhxra . Etmiiii re&t, Gve n^f^f '* 
dimZ* IH!F.<lii&M,* ecnira Z id puaAuin «.iaquo Ipla fpluc- 



1 i. Catitti piijcdn rifn/flru fpbtrt eircamfcripii tfl (at(M fujtl 

iri tijin fphtrt infrripii. Eienim mM« pblycdri Ipfiitz cireumlcripii 
ell iidiut ipliui rphsri (f. ii.) . Cairini lUiciD polycdrl inrciipcl ell mi^ 
»01 ndlo rphiri 1$ 19. )- Ergo minoi quoque e(l ca/et» eiieuuiferlpii 

palyeJri. 

CoaOLtAKlOM VI. 

1). OKaii cvii! paljcdri rrgulirii fust imiT fi «jnj/ri . Sunt nsmque 



. 14. Ulilmliati imaiMm pjrmiJum 
leStfit mna imer fi mqadet. Hi 
eueli ipGus polyeilri ($■ 17.) t cum «lum quijibet 
luli iiiStx 1 veitlee ia Wisn. 

THEOREMA t 



tt'. Pynml* ABCD feictnr pluio *be btli BCD pinltelo. Dlco,^ra- _ 
nudem ciumcun A<it« GmUen elle Hxl pynmi<!l AfiCD. 

Demonfirath. . 

Cum enim ptini stc, BCD rinl pirallela , feftinnci CD , le cruDE reOiE 
fm\\i\7!(,Lii.yw.i.zS.1. Igiiuc irimsulum iAe runileerii aiiDguIoCAD 
lL\b.XI.§.t^.1. Eideni iiiiane tiiiBgulua) lAi fimile erlt iiiinnila BACl 
& Itlingulum iiAc Iiiingulo BAD. £ft autem etlam feaib lie Cmilii bi^ 
BCD(i.iS.>. Etgaduz pynmidesAflh.ABCD limlllbu! plinli, & qui: 
dem uunno nualibuieanilnentiitiii[aue>deafiiatliblinnni<>Gmit«($.i.I. 

E i •rHEp, 
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. THEOIi; £M A II 



Dmonjlrafio. 



n leiiDr fedio ma elt circuluf 
' ■ —111« ftaione,, G« 

_ . ^ , , qiie phnum tecIM' 

uiriulque ctinili mn, W itaiircai, icci.t bd, mn ciuot iplb- 
nun drculonim dkmeiri . Rar&ii cuiii rcdia bii Gi iriin^ulum planuDi 
le^illneum (lib.Xl§.^Z.), Si ttRa «n lit bili hi pirilleli, li rpeaenir 
triingulum Hd, eni tA.t., = cJ. x.n (Cik IX,$. ). lin luiem ri (aai- 
dllmeter inris bi conl b>i, rcfli -v, reaiiJiiincicr billi inii coni huk» 
reAi vero a cH aiii pnoni cDnl,& ic^i ax. axit po{leriQrii.£rga ■!» 

coni ipfi fiiii bifibii$ iimiliicr incliniti ( $. £. Jl cum iquilet lint nnguli 
Inclinitionii m, 4«! ( £i6.'IV.$. if.). Eigo dao conl smii,W lunculii 
nfWO Gmilo (j.8>)> luqnE G cmiiu &Ci quod cnu oflnidoiidum. 

THEDXEMA III. 



Dtmonflra 

n lii aliiiodo utriur^ue 



4- qnilla loiii intcr le, qwe in odcm ildttidioe liimuniur, ut ifs , EFK t 
'°* cum leaiciMi, qulbnt determinimur , iini iatei tt B^gilet (lJylXS.^ii. 

£igo pynmidei iM. AECD funl lntct fe «qiuln(M<ffi,f-7i-}- It>qae 

FfiintdQ ftc iuod cm oQeDdendnm.. 



:. Liber XII. 6g 

C O K 6 L L A X I e Ki 

CMi iqitdiiim iapiim 1 <6- Mitiaam fiat <iiailit: 
enim pyismWei infiniionim liienim (iiit.WS. 7».): 

T H E O R E M A IV. 
i( f)ramii ijl titila p,rs prifK^tii ijsbcUii iiaiim b,f,„- 



ig. Eflo pflmb iiitmx tiiingulare ERC ; cujta «lciiuilo Ci Mft< FD! 
Sub aqwil luiera tliitudine « hibeiiur pynmi] lriliiuni(ii,ciiiiii btlii 
1 j r.. «n.i.-. k.R nr-n iT,f;„, ptirnnili . Dlco , pii&u .EK trlphin 

Dmonfiraiio. 

Stcetai fi^* 'ESC plino II 
BD , lum pliBO pei idem piini 

in nimlTUm ui ieflio fit aiigunaEii jil/ inmiieiogrfnudi tauF . Divi- p| 
fura erlt prifmi In rrej pynuiidei trijni;iiliies BADC, BADE, EADli. Ti 
Qtioniiin igilur iliiiudo pynniiJij BADC dlveif. non efi ,b .lilludi. 
ns piiiinui! , ideoque eiiim pyiiraidis ahd , pyumiJtj BADC , shci 
«qunlera lubrbunl ■liitudiiTem, Habdii iuiem eiiam ii]uilei bifei ECj3, 
btd per bypotbefim. Ergo pytamidei li,\Df:,aW iquilci erwit («.17.). 
B.ur[us cum planum BEAC fit pirallelo<;ninmuni ( ub. ^2,^.17. ), ejul. 
quo diigooslii fit rccii AB, tiijnauli BA£,BAC eiuni xqnilU ^Ub.rl. 

Spci.Wi lulem polTunt veluti bifet pyramldum BADC , BADE. 
Eigo duz pyiimidM BADC, BADE bifei lubEnt cquiies. Sunl qiraque 
cjuldem i]iiiiidini< I eum eidem le&i ia&i ■ commuol ipice O in com- 
miuie phnum EliCA uTriuCjue pyijniidii iliinidinem deinlti. Eiao duz 
pynmlde) BADC.RADE lunt iquiles (#. ly.J.Eodero muda odendim, 
eiiim diui pyraniijc! ABCD, EDAF eHr Muilei. feitur rrei pyitmide» 
BADC, BADE. EDAF funt rquilei Inler (c (I/ii..i;j.f ii?.j , ip pto. 
inde piilki ABD cB inpluni pyramidis ABDC . Ollenfum efl auiem, 
pynmldem ABDC zquilem elli pynmidi abcd. £1^0 piifinaABD pyw- 
DiLdii quoqac iikif ulplum eiii (.Ui-LS.iiti 
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)o. Si: modo piirmi AOH peniigonim kibcm bafim FGHKM . Sah 
n,„ Mdem «iiem iliiiudinc hibcamr pynmij aW.niiut bifii tcdi/ fimilisfii, 
r«.'!l "q"*'!' bii;. FGHKM iFnin prirmiiii . Dico-, piirmi AGH triplum 
TAf. eiTe priiinidii nM. , 

. Demonftralio 

Qionlim twntigoni FGHKM, biiif rimilii £int , Si xqlullt , ^0^1* 
refiu FH , MG ,fc,ii, diviri cmni in totldcm uiii^ln iim>llii , Sc 
xqinlii ilieinm alicn. Qiuinohreiti divifo piilmiK AGH In Irla pitC- 
mit] uiiiigulirii ACHFGIi, ACHE^MHC, ECMMKDjfcfiique prrimi. 
6t Ad fO' tta pynmidet iiidcm iiiansiilircs 'afii i ,'atU , tum lio. 
mm «mniuin folidoium cidcn ^t nliituda , & duo triinguli FGM,/cb 
Eac tHjtulii, prifmi^AGHFGB mplum (rit pyrimtdii ifcb , uc (upn 
demonftnvimus ■ Pnrma quoijue ACHFME triplum'erii pyiamldli ifir, 
Bi pclfmi ECHMKD pyiimldii ««rf . Igitiir lonim prifma AGH tii. 
plum Rii lociui pyiamidii iM (Zit.J. . Omne iginir pfirmi tic 

quod eiii lic. 

? - . C o I. O I, 1 A » I * II I. 

Otmii nni efi tittii pari ijimdri tjmfiem hafn, & dtitnima. '- 
, , j.i. ,Conus niminim CED cH iciiii p«i cyUndn ACDB Iiibcniii on- 

mide infiniiingillj UA-^^l f-T-), & omnis cylmdrm pro pnlinjie in- 
BB.t4, linllotiim laieriim (^Kiun <iucji (J. 70.), ficiiri omni! pyr.imi! eft leriii 
Tilj.S. pan ptifmitii eiufJcin bjfis, S: iliiiLJinii , iu oninis cnnui em teiiia 

piCcyliodri einJem qiioque bjfira, iique aliiiudincm habenEls. 




. jt. ODcnrum nimque e|{ , omnem l<yiimldm elTe leniim pirlem prif. 
maiii iii[>cn[ii cindcm bifim , Sc iliiiuiiineni ((. 19. jo ). Omncm quo- 
quc coiium cireicitiim piiiem cylindri , dummado eorom tulH, & alii- 
tudmc! (iiic icfpcflive imer fc i.inalcs ji.J. Ekmen» auiem pyra- 
midii.&conidecrcrcum in iiiiQne <fi/;>.W4 immluuix >liiiudlni( lA.XL 
f.^H- 101.1, non Tc luieni clcmcnii piilinttli, A cyliadii. qua Ampcr 
mineoi eidcm (5.;9Sj.). Eigo *:e. 
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Liber XIII. 

COKOI-LARIOU 

Tjrjrmdrr /HPt dirrili inter te^Ht Prifn 
itli! h^heil 

j;. Pynmii nempf DMFE cim (iabn ritiatiem id pytimidcm dmfc , 
quitn IuIki priHni ADEC i:indi!m.hitKDs barun DEF, St iltimdiDmMN Fi& 7- 
cuin pyniDide DMFE, .d pn&ii «to ijuTdcin cum pyr.in.dc Jinft b»r.» 1- 
ift/, &.i1iiiDduiii OB. PyrunidcseiiiinDMFE,i{n/e runi pitiof^nUlei 
piroiiraDi AO£C,g<»Uil. J.$.]7.J, urpote ia naaot fidntltU.ti Siata 
plfmaKrpcaix.C Ereo.ut.Brifra* AUECail prilmi «Jr, iM - 

ciii pyiamit DMFIi(ail,pyiuiudoDi Aa^ (^.ii£.}> . 

, C O R O L L 4 j( I V .U. IV. 

Cmi fuat dirtai htir ji, nt ijlitdri bibiniei iindem 
tum illii bijim , & altimiineti. 

34- Ut n conns CED, & cylindnis ACDB nndem' jubnnt biCn) CD, Fb.M' 
tt iltimdiDeDi £F.'licnii eiiird caaa, led, & cylindnii aedb, irU cemt 
CIII> >dconuio (Cit, ni elt.cyliniltus A<.DB , id cyllnditim «cJfr. ^idein TSkf. 
(Dim e& nlio,«mpe /iiiiri;/^,ui[iurqiic conl ad fuum cyliDdiaa tf.Ji'^ 

.. . T H E O B. E M A V. 

TrifiMila tiiuliiia hifiiin, & Mtiidiiiiiit fial,l*iir lrtifii^4 . 

tj. Duo ptirniiii AD£, <iib hibe«nt squiia 
ndliMiCF,c/. Dico, caeDclDCeiresqnilla, 

" Dtnionftrdtio. 

: Cnm niira aqulel Bat htki DEF, flcf , Dtiiufqtie prifDiitit elcmcnti Fig. le. 
cniDt nugHiDidliie Incer li xquiUi IU*.XL $..T7.}> Sunt luicm edam nu- ^'^- 
meio aqoiJia i cura tot In ucnH)De fini, quoE In eoium aliloidtne haben. ^'■^S. 
tur p(iiifia(^7».'). Eijo pcjlmfia «(^, ADP funt iDtei fe cquilui (fA.IX. 
S-f}') Itaqne prifmita tcc quod erai ollendeDdum. 



■Pirttliltpipeda tqudiuti hnfiKni, & illiiiidiaiti.fim kiMlie; . 
l^. Ell cDim panllelepipedum fpecln pil&lilli (£ik2l f^ii ): 
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Oo X O £ £ A R I rf H 'It 
fyOiirl tqMditm bt^»,., # ■ItfCMlAnH fiat SffAi: 
¥?- CylindniJ namque eft iKirmi inGaiCDium Iitenun 70. 

C o »■ d,t i jt K I s » nL" 

WiiiHiiii iiiignaie JivUil finUrltpipelim i» Jm 4qia!i<i prifsuti 

Pt- *- )»• Nimiram zquilii rtmi piiriniti ACFGHB , ACFGED , 
1*0.7. dividiiMf pinllelepiiKdain BE 11 plino dii)toni]i ACFG. Cum ei 

Banili) GF diuiJic parilleloeciminuin GHFE in dua tritneuli _ 
GFH, GFE (Ub.e.f.1,:), iao pclOniii ACFGHB, ACFGBD E^uilei 



tnlei hibebunt. Hibenc iuiem einden tllitndlaem , utpom ^na ab'itil.- 
tndine ipTus piiillclepipedl diverft noo vft . EraO da» ipft pilliiun 
ttam aquilii { J. jj. J. 



C o R o L I. A K I V U IV. 

Trifma tiiifgolfc ifl diaidlum paraiiUpiptH Jkptr Jnflt fa^,* 



i^ldelictt prirmi trliai 
iipct ittfU twQ GHFi 
i penndoiri . 



THEOR.BMA VL 

iPi-ifltKfa ^.fm MtKiki, fmtu iitiai inltrfi, »r ar,i» bgfit; 

«. Sint dua prirmii» AEF,«e/ .quorum iliitudinn MK , im Bqai. 
lei fim Inui fe, bir« mo DH!, iif iniquile!. Dico, prlFmi AEF eim 
toteit nllancni id pilihi «/, quun iiabei bii;i DEF id bifim *f. 

Demonftraiio . 

■ PeoMnr bifii DEF =jT,bifii iif ^ ju.Sc nirlufqDe .ltiiuJo=i«; 
Ent "ffJ ptirmi AEF ee «rt ^ E( prirma ifi/ =a . EJl •uiem xn. 
jn — xr. n tuh.Li.K-')- Eiso eiit qnoque prirtM HEP id prtlm* 
• ut tft bifi) id b>Gm iif I ideoiiie' pillbHn &«. quod «it 
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C0K0t.I.AKIDU III. 
CO»OLLA«IOM IV. 

CoioLLoiiav. 
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_;THEOR EMA .YR. . 

Triftuta «gniUia. bifium [mt dirtSe itter fc, tt emm «bittilnM J 

Fi^ I. 4^. Duo prifmiii Al;c, sic 1 
Fi& ». qialn ihinldlnti \[\" , m:. Uic 
T"*'°-en iliimdo MN iii,-.,;J,wLa 

Denmflralio. - 
Coincldil cuni demanHciilDiH lIiniMnutli prceedendti 

CoKOLLAKIDU L ' 

rirsUilrpipiJj tqunUuia b^fiuia fmt diriSi , ut slriitJati, 
47. QitindDquiJccn ar:inc piijlktcf ipcdum cH piirini (Llb,Xl§.XJ,). 

COROLLARIUH 11. 



COROLLARIDM II 1. 

CjlMri tqialium b^aim fuil diriai larer f: , i« ii'!ir:;m af.-.K/i/a.-i- 

Fig... -»9- Rtiio nirainim cylindrt AHCD ;<! cylinj,ara j:qinlii b.ifii nttJ 
Fis. ^diverranonelli n[ionc ^ii,n,.liiii5 r.l- jJ .i!iiiii<iinc,ii c/. Ci Miia,. niiBiJiis 
Tw.lo.Jiintpri£lnu inriniKjnim liircniin (.'.;■'. Al. 70- ). 

C o p- o L L .1 n 1 V M IV. 

Cim xq.«l-u,n b4.,m fn,, « MtKdinti. 



Tib.io,c7liRdfUi ABCD~iJ cyliiKlrum titi (^}4-^ . 
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. LiberXIII. 

.C01LOI,LAR1D 



C o K p L l A X I n u VI. 

Trlfmiaa ,f}Mmklti,enl,& dUiiJti huf luHnt lw,fwii, # ^■jEtH 
idtilMiM , vet buqi^a clilmiiiili , ^ (jiiplcM h^i fnt 
«afBifidnf iifeeBivt Iwr ft i*ici»ala. 

51. Etnrini jji pilmi] cifitliint iiteQe Intn fijnt lalb, Ib lccnnda, 
in ■Itinidinn. 

THBOREMA VIIL 
Trifmaa bixqiitUi.m biftum^ . & diliudimm fmt diriai iBKr fi 

_ ^J. Sint duo piifiniij AE, ac , 

innr le, Gcuii (liim ihitudinti . ... 

fni « in nilane cnmpeliii ei niione biCi DBF ti bi£in dif t S( tn . 
tlone iltiiudluii MN td iIiiindiiieDi 

Dmonftratio I. 

EHo bins DEFspT, bilii dif=qx. , iltiiuJa MN=r, & liiiniJii 
mi=},- ILrtt erED prirnu *?— i/'r', . (( prifmi «c=i«v ■ Glt iiiicin 
ptoduaum p.ir id produAum qxt ii 'riiiune coinpiiliti ei laiione priml 
lermini px id iecundiun fx, 0e ex riilone rertii t ti quartum 7 t^Lib-L 
i.i6M. Eiga pri<n» quuque AE ecil id priGiu M In ntiolM comnDiiu 
' ei ntione I»ni ObF id biijni tif, & ex lUlODt iltiiudinii HN id ilil- 
indinem m. 



Demonfiratia II. 

r plino bilT D£F pjrillclo .d .llJiudiiiem KF ic. 
n prirmaili « . Po-m-r ainem bilii prirni»»! 

li alliiudo PN, Hre aa ti ikiludinem MN poniur, 
iiniitatem i,. itaque eum piiliDaii tCiRI) Iiibeinipcr 



DigilizsdliyCoOgle 



76 Elementorutn 

tiTpotlieGin taiideni lliiradlaem , ait ptiOni a >J ftiiaii iU> > lit bilU 
iff id biGm i>Er.f'$.4i9>)i liire ur qBincun i lA qainclcum ESin. 
tcm prirmi SA id {uifma AE ejuliUm E»(n,ut ■Itiindo Pt4, Gve mt 18 
iltiindinem MM (j.^S.), nempe ut qnintliu j ti qnaoilTatem x,- Ergo 
*x fjuJiMKHIiHiieiit ptirmioe >d ptifoii AE,ut quintlns x ti quin- 
liiitem X, (Ub.i§.i7i.). MinlfcOtiin faroeH, prliniRi i iriurii 
t& mi tcniim z in iiiiane compaiiia ci nTlone piliiiic x >d reeuDdim 
ec tx ntiane fecundc f gd icitlam t ($ 175.). Ergp prirma qunque 
ti erit id priCna AE in ciiione cDmporni ea iiilaDE quincintii x id 
quuitititem 7, lii» biGi Jif- ad bilim DEF , 3c ei ntiooe ^ntlBiii 7 
id ^iwiticciii Si fen iliiiudinli an id >ltiliidlDein MN- luqiie piiCn- 
n &c. qnod enc DOendnidiuB. 

CoitOLLAI.IVll L 

TotlUififti* iMqKdltm hi^iiu,&*ttlhMam fim kftci fi ii 
uilau tcmttfiit bsfntn, & tUltaiixm. 

if. Omne enlm plcilletcpipedmn elt liciriBa (^.»^t).). 



C»W /mI in mioot csmfifiia bifmm , *■ tltitadaum : 
5f. Etcnim omnii cubui eH piialleleplpedum 18.}. 



DME , dme iraqinlinm Inlmm DEF 

nicc le In riiiaM eompoliia ip&iiun tnlnnii, 

II Fiifmaia AE,« fiiper eiflcin b>rei, & lob 

ti 



OfiiiiM ittqualita bafim , & iliiitdintm /iiir i» tt- 
lint ctmecfiie bifitm , & nliittdimim . 

r«i4. T7. Cylindius nempe AD eH ad cyllndnim «1 inxqintli baTii , lc lU 
rsi). titudinii in laiiane camiionii ei iitione bafii CD id btGm (il , &.ek 
TA-P. iitione aliiiudinis EF id altiiudiiKm Cytlndii nunfue fiiiic pirmata 
Inlinlionim laieinm ( Ut.U $.70.). - - 
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Libec XIIL 

C O R O L.X A K t V.M 
IMi natgioluni Ii^*», idtinibaat Jlmt i» 



(8. RatiO ieilieet ci , _ 

■Iiltudinuin EF, (/ cll eonpolitt et mjoae biGum CD, ci.. _._ 

Dnia £F, tf. Coni nimque CED , etd Emt iin&e intec fe , ut cylindii 
AD, iii Ciper «rdem bilei,&rub ilfdeiu ■ttiiudinibiii connJiul i ($.J4). 



THEOREMA 



j$. Slnt <!uo piifmiti AE, ac , quE Gc fe h^beini , ui qtum propai> tif, 
tionem hibei bilis COE id bjliin c<l( , «iideni hibeit ■ItltMO Jb ti f'I> *■ 
liiudinein FH. Dico, ptifmiu AE, « effe inter fe gHjuilii. Tib.io 

Demonjiratia 1. 

Ponitur bjfii czi£=in , bifli cijf=;i{ , aJiirudo [h=t , Si iliJiudo 
fH=ij. Eiii ergo pec hypotheiim ma. pq=a. J, oique ideo mv}=?qx 
(Jji.L$.8i.Ji £li lutem prifmi USxBmv , & priGiu icz^fc . Etgo 
nli quoque v^ij=av ( j>ii>i^.f.af;>}. Dli ergo prlfniti Sw^ 

Dmonjiratto 11. 

Vel(nlm3liiiii<Iiii»FFr,/I> sqnil» rum inier re,ve! ini^quilei. 51 funt 
«qiiileji ergQ bi!;^ f\w<\iit '■^'^■'^^' Tqujlci eriinr^l iii. I.J. 45,) ^ cum 

rwritque^dca .pfj indcni priCra.iii . ji eruni cqnilii ((, j,.). Si 
vero .liinidins, F/f fiint mriuilci, ncnin; il.i.udo FH ini|or ikiiu. 
dine/i.,id^liiiLdineni ZH jIijiuJiiu /i i-.|,i>lc.ii rccttur prirmi .dF. piinn ' 
MV.V pirillclo bifi CDE. Lnl cr^i liriCiii .1- id prLlini .«£ ciuDcm 
■liiniditiij ZH, ut Eft bills rJ( id hjfi.n. cr,E { f 40. ), L(l lu.cra bifis 
lit id birlm CHE, it iliitudu id iltimdtiicm /«, Gvc id nhiliidincm 
ZH pcr hypoibcnm. £150 erit prirmi ai li piirmi M£, u[ aliiiuda FH 
jliiiiiiliTicni 211. Coniiit iutem , prifmi quoqtie..rf£ elle id prirmi t^E 
ejurjcm balii CDE, ui etl alllnido fH ad aliilDdlpcDI 2H (^ 4«.^ Erga 
iitr rmniif nrirmi At . ac eiiiilEm ad pilfDii ME itlkMem babn ■ duo- 
fe cqiJilli (UhLf lOjO- lUi crs<> 
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CO » O t t A H 1 U M II. . 

C0ILpi.I.AKIVIt III. 

C O X O L I. A R 1 T U IV. 

Illi ™i *S«Jm. «.i r«;pn™, /iii b/h, * al(i*«(,'«.; 
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Liber XIII. 79 

■ Bebionfiratio I. 

Fonltar bafii CQE ss.ait, birn tie=pq, i\m\tio fh=sx,Sct\i\taio 
FH n }. Erlc neo prirmi AE =3 m/ , & fniioi as=pqx, Quiina. 
tHvm «m £l per tiypotlierm AEc=: ^e i eilt quoqoe bii^ = pqx (StB. 
^lb.S.ifg.y. Eft ■UEem wnf pmduaom eMiemirum »p, j, & fiflum 
pji eS pDdDfium medlironi P1,r. Crcp ttii nii. p^si. / 
84.) , itqne •deo btru CDE id [»lim cde > ut eH Tttipme ililtuda fh 
■d ■Ititndlnem FH . 

Dimonjkatio II. 

QEUndoquidem >tiliudincs FH, /li vel zquilei lunc Iiitcr Cz ; Vcl inz. 
qniles, Sl funi Equilei,cuniper bypoilidini piifinita Enc squalli, sguiles 
cruni etiim balei CDE>cde ( 40. ) i ac proindc bifei Ipfe eiuai lu raiio- 
DC recjpn»' aliitudlnum. Si >ero iltituilinei iuiiiiii>qDilet ,prilhii AEmi- 
iorii ■liiiudinii reeetur plina MNP bili CDL pnnllelo id >liltudincm ZH 
■Icitudini/b zquilem . Iti<)ue cam prirmita ME.ae^^Di eprdcm altiiudini), 
Iiil!i (ile erit ul biltm CDn, ui cH foliiliim ae id rollJum ME (S^i ) 
fiveut foIiJLm AE id roliilvm Mn (lA. I. ^.,1:.), ob .rquiljtjiem fci- 
licei folido.uin AE , ar . Eft luiem prirmi AE id prirnij M[; ejufdcm 
bilis, ut altiiudo FH iit aliitudinem ZH (^.4«. ) . Ergo bilij quoque cJe 
eiic ad bifim CDE, ut aliiiudo FH id il.nudincm ZH (iiUS^B.J. fii-e 
Ut ihiindo FH li iltitudinem /& C$, iii.}. Iuque prilouii zquilii «ic. 
tjaai mt oflcDdeiidiiin. 

CoftOLLAKlTM T. 

T*rillilep:df2 ^qnalia rieipnciiit fibi jb«*o barei,& Mlkiaei. 

rfj. Oainc fiquidcm pir.llcpipcjum ell piifmj (lii. XI.S- J J.). 

CoROHARlttM II. 

Tjrimidti tqnAlti TSeipnatit fibi miiiHo bifii, & jislfdinit', 

ee. Sl nlmirum pyrmidcs FCE, /« iquilci fue.it.t , b.fti CDF..f>i.- ifg 6 
erunc in iiiione reciproca aliitudluuni FH , /i. Ipfs nimque py.iaiides Ht.. 5. 
lont, ut prifnuti AE bc Cf.]].^ T>t.ia 



8o Elememomm 



CyBniri tfiulti mitmtst fiU mam htfii, & diitaitjuii 

m. 7- Videlicn li duo cylindri AD , ai zquales fiierint , bilii CD criE 

Fib t. id bilipi ci(,utenreciproce alMudo c/ %i iltitudincm HF. Sft&ui «nin 
T"->*pdril11IipOeynodii,ve]u[ifrifmiti infinitorum liicrum [iii. Xr. S-?»-)- 

CoROI.I.ARlnMlV. 

Cni iiudi, f»ipmam fibi btfi, , & dtiiudlin. 

pj. , '«S. Bafcs nlmlrum CD.cJ conorum iquilium ECD, fcd eiunl In n: 
fi|! tlone rcciptDCa iltiiudinum EF , c/. Suni enim coni ipfi , ut cylindti 
Tib.l0.AD , ( S- J4- 



ti-djiOJ-dtrJiiUJd (ir iCiiiialc cnlia mtdix. 

bus'fiit pirillclcpipedum rc-aingulum D^H tiirairum ut eiusbafiiDEFG 
(ii rcaingulumcoiitenium fub «ttemil A ,C , ahitudo vero HE fii me. 
dii u. «Jiifiu nutem ineo» n iiit cubu) KP. DicOjPiiillelepipeduiq 
' SH effe equih cubo KP. 

Dmmflralio. 

Cum enim ircs tefli A , B , C (Int eonilnuo piopoitioiKlei reftinpj' 
, luin DEFG conienium fiibexrremii A , C erii tequile quidrato KLMN 
.,L. mcdii IKLib.lX-S. iii.]. Hzc sutem quidriliteri funt bafci rulidorutn 
b.iD.DH, Kp. Ergo duo puillelepipedi DH, KP bibeot bifa Kjuilei. Hi- 
bcot luiem iltiiudloes qnoque HF . PM iquiles inier fe , uipole iqin- 
Ici media B. Ergo duo pinlleleplpedi DH,KP emnt z^li (f. ij. ). 
Iiiqne piiiUeleplpeduu Ito- quod tnt oncndcndam. 

SCBOLIOn- 



liplkilit filldim ijufdm fmpcr M«{KjIiiJin/i mfngae. Siu 
6m llneai nioclauo proporiionites a, t, t. Solida, qusE i 
■ipUciilone iiiei fe mutuo Gtii polimt , Cnt jch , , 



Ltber XUI: 8i 

= b. c (ii£/.#.9i.),lanj <A folid. :.irc cni'^ bifiin f., lat 
ipntc , u< ihJiaJu b I<oncTiaril ^hLlu.lincm i puuris . Ti.ga duo 

D fi( «.h= o.i. Eigu ciic a^i t= ut =: trj (Jjn. .^(f J.ij).).' 

,THEOR£MA Xlt 



71. Sinc duo rslidi rimllli ACE , cn planli ternlniti AMF t >«/ ■ p;. . 
FMG , fmt tcc. Dico,oiiinU lalori Iwinologa plinonim filniliim] ,«iitMii f& i\ 
coniinennir nnilein )nta'la .ruiQHim lubm', nlmlmin elfe AF. i^. Tu-f> 



Qiioniim j)lini AMF, anf fiint fimilii , Sc Jjtcri ipforum Iiomcriogi 
AF. j/ • FM.fni ■ AM.™,cn[ AF. =a MF. «/ ( ti6. IX J. 77. ) , 
E.dcm niW, cum liinLlii Jinr pUni .Mra , mfc, 8: liicn MF , m/« 
MH.mf nm lioniul..gi,hibilmur ME . rac =3 MF. mf. Ergo erlt ME; 
n7r=!AH.j/( i-lr. i.J. 7«- !■ todtni mado deniQnllribituc PE.fc = AF. 
j/, arquc iti ac ccicLii, orami ft.l.cei fmjurmodi iLiItn honioiosi cfTe 

cflc rjiloLicm. Iijquc oiunii Hc. quaJ crai ollL:nicnJiiM. 

THEOREMA XIII. 



. 71. Sint duoprirm.tJ Bmllii ACF, qLionim btCa DBF.J»/, Bnt ^ 
dno plini iplbnim Jjmiln. U.ro, comin ^kiiudinM elli! dircfie.lnier fe^ Tabg. 
DC diio quzlibci bomologi liiea rf, pljnariimi qulbui tccmtainiiv. 

Demonjhaiio . 

IlLcnim, fi duo illi pi.riiiJU jJ pcrpcDdiciibin fiili bifiljLs DEF, ilcf 
laCLimbuTK, cum corum ikimdin» iL^nc •\'i\c:Cx nan fini 1 liicribui ho. 
mologis CF, if plinorum funiliuLn IIEFC, iifc tni.Xl. 1 1. ), fiique 
hoium omniuLn liienim ndcm caiio {lji.lX.i.7y.),teaaaet ip«ic,elTa 

BUm.MUl>.T.la. F. CF. 
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Sit ElemeDtoruin 

CF. tf sEF. if. Si vero rint sd bifiin Indiniii, qui ntioDe htCts 
DEF , iif k htbent folidi DMH , Jm; , ul proinat corura iltitndlnti 
lint rcflie MN, ■») fiiptr tiKItm bife DHF , 8: fub ilr.mdmliwi 
CF, cf, qui finc ipfis MN,™ i-qiuki , conftJiiiin.Lr auo fimilii ptiC 
mui AF,«/ Tuii binbui ad pcrpenaiculum inniltntii. Cum isinir lic n 
liypolhcn MN = CF, mn =c,/, crii MN. mii=Cf.c/. Eli iLlcin 
CF.(/=EF. r/.ut modo demonllrivimus. ilrga-ciit quoquc MN. na 
== EF.^e/ (Lib.I.f.Tj.), nimirum altiiudlnei, ut duo homolngi latcri 

plinocuDi rimilLuiD, quibui prjraiala ipia conclncncur , homologa Jatcra . 



P 7). Sint duE pyrjmid« liiiiilei DMFE, Jnfi , qniram bifet fini pla- 

Fi^ ^ n> limilii DEF, Jcf , ■lcituainei vcro MN.nB. Dico,. iltiludines MN, 



- Demonflratio^ ■ 

Si nnttqnc fBper ealHeni biTcs , (i; fiib iiraem ■Itiruainitui conDituin: 
tur duo prirnum Gmilii Ar , ,^,< . cv< l.-r.^ tit , •hnndi^^i MS . mn elle 
itireSr incn- fe, at dua littn F.r, 7:. )'n;n ,i[iitudinrt [MN,inn 
PTramldum rimilium ME, mr ("um jmti U', u[ Juo Ijomologa laicn EF, 
r/ flKiHiii' bifium taique ideo ut duo quclibet lictri iliorun piinoruni 
CnilliiiiDi quibui.prrandJci iplz contititniut t cimi £i;ilici hanim omniusi 
liKniin eidaii Gi tnEio ( j> 71.). lufne ildtndlnn Scc> quod mc oHeii- 
dnidiuii. 

CoKOLLAHtVM 1. 

Btftt pTifnatam , & pjremiSum fiailiam, fi fiat plmi fimdU, 

'" nJtjrtJjw/iJ tJLlc''subi«tuti'tlfnnT"^'^ 

74. Bift niminim DEF pyrimidis ME eric id birim nbi fimilcm itf 
limilit pyrimiaii mt in <mm iu^timtn ilciTtiJiDit MN iliiruaiijem 
■ni&vicilGm i1titiidit,cs MN,ra« in rttione ^tikpWj binum. Connit 
enlni. baTiiB DEF clTr ml bslim iif m ntionc i-Apht^i Ij-rrii EF id limi 
IHii homolDgum tf (LiklX-f i3oJ, & vicilQm litu^ l.F lU litiis tf in 
ntlime ftAiupUtiii biHi DEF id binm dc/ (f 1 Si.J . EA .uTcm MN.i» 
s= £F. if. Ergo &C. Idipfiim dlcita de priimitihni Gmllibui, 
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COKOLLAKIVH II. 



C O R O I. I. A H 1 D M III. 
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Liber XIII. 87 

COKOLLAIlIlrll V. 

'SltM»ittBufctttiirpUti firaltth,fKrmi fMpirSiiti Miu 
ceti trtttd iunai fipafiriai fymntl mM,Ht t/n» 
iM Ww Mof *i rimlMi fiSMt. 

S». Ift fi connt friha BADfiwttir pluio MN biG BCOpmlldo, curvi 7. 

fiperGdn lotini cooi ciit m1 ntmm ia)iR£cl«ii bamnicl conici. MAN, ''E- 
ni cft clrautiR barcos BCD totiuf coni ciiculuin lcAionii MH. EtaiLm 
coni BAD, MAN GuH Cbi Duiino fimUei ($.1«.). 

COJLOLLAKITK VL 

Si Ttiit iUtmctTtrmi tffbnaiw/ naii #»i«i»,cw cbiMdiot)* ho^ 
fii^, aeli fiaiUbitt (MtbuMn- i^w <i linitm 
tirminnm.fiipirfiilii haniinfirm itfpeSivi 
imi. bUtr /i , U il/gran primMi ti iinim . 

;o. Ilt li Jiimewr CD biGi CD cylindrl AD rueiic ad diuactrun ed . 
bifis (if cylindrl Cmilii jil, ui tCl quanlllu x ti qiuallcitem 1, tc fiit ^'E. T> 

a. 7- s, rupcrficicj cylindil erli ti rnperbitm cyllndii , nt S£ ' " 
ell piln» X id icnitm i. nn cnim x id i in ntlone iuptieila pilinc '"^^' 
.X id rccLindim j (£i't.l.$. 177.}. Idiprum dlcito de ntianc niium , & 
altliudinum , 

T H E O R n M A XVI. 

Toljlirt fimiii in tsiidea ex tquo pTrimidri fmiiln rilolvi pcffn». 

91. Slnt dno [nilTcdii limilii ACIl,iiH. Dica,ei in toddm Cx cquo 
pynmida IJinilei nlolvi polTc. 

Demoujiraiio. 

Sumio in irci polycdii ACE pun^o M,ci eo vcluli ccnlro Jucintur ad 
rnjuloj ipfiui polycdri jnsuloi rcifiMB, MP, MA.MH H.i divlilinl 
erii polyednipl ACE in loi pyraiinilcl, punaiim M pio vcnicc comaliuil, Fi'.l«. 
& polycdii plina pro bife liibenK! , ut pirei de pyudiidibuj BM.AI>,Tal>. ic^ 
AMFI^ , quoi liint plini, quibut ipniin polycdium tciminatuc. Conci|n>- 
lur modo pDlyedium ACE veluii coaruigrni ex ptuiibui folycdilcii Ibpir- 
f^cicbui, qu* ontnci .lii coDeeniilci. cum niimi Gipeclicie ACE,earumque 
pbiu Gni lelpcflivc piiaireli pliniripilni fupet&iel niloic AC£ , prouc 
eihlbet rupei&lei Uf polycdro ACE Inclnli. Cum Iginir ptana BPA 
£iic in ninniido BMAP imcr k Facallela , crnnc Gbi mulDo limilia(£ih 
E 4 JB,»8g.) 
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Dmonjlratio . 



£i llliu) ecDlra M tii linguloi cjunicm inguloi Junntur nlll MB 
MP, MA.MH, MF a:r.Quomim i(;ltur polyedtum ell rcgtilire, omnU Kf-'I> 
plina BPA, AHF, Sic. cjuibus cliuJiiuf, eiuni rcguljrii. ejurdem i.cne-T»6. lo. 
rii, & fnter fe iquilia (£ilu ac pioinde iqualn Inter fe erunt 

omnli illotum Ijicn BA. BP, PA, AF. AH, HF &c. CI.ib.Kf. lo.). 
Smt lutem iqqalel Inier fe eilim ridii MH, MC.MA.MH A:c. ((.i;.!. 
EiEo omnii mansul» DMA , BMP , PMA , AMF , AMH &c., quibut 
pyrinxides BMAP". AMFH eontinsniur, runt iroicelii •,nb.r.^.i^ ) & 
Inter fc iquilia (J. 8+.). Q;»injbtem pyriiniJci ipfs funt hu)iifinoiil , . 

iis polycdrum Ijifum icrminirtii, ut pjcet,Li«o pulycJtmn ACii In tot 
[(fol"i poicH pyriinides Ccc. quod er« oHcndendum . 

C O « O L L A K i U M I. 



■ 9T, Cum tnim insuii icriiciles BMP, BMA , PMA, AMF &c. ifa. 
ftelium tmnfiulTun., ve.iieilci ipfariim pyr.midnm ingult eoati.55;''- 

neniur, Hm squiles (J.Sr.J.ub i:qi.ilii«cm fsilicec tum Uieram ; tum 
ba&im ipfbcum iiliDgiiloriini , ipfique veiuciles pynmidLiai u^li loiii 
dnD «i iquo plaoij «ngulii cDniineanrar , pctfpicuuin d^^toi omnei dli> 
inicr le c^uilei (£i6.:tf.$.4.) ■ 

C o » o t I A a. m M ir. 

LAjrim vtrtlialii fiigalcrum fifaailum tnadUu^ ia.ipmr - . 
■ ■■ feljedrmiiregMhn tefilviiiir, ejl ai tiuliior fdUit i 
rcSti atnlsi, K> btfit ip/Im pjramiiit aJ , * - -■ 
IBtiat (dicdri /nplrfcinn. 

. Angulus nempe vctticilis DMA pytimldi: liMAP Ett palyejro rc. 
(nlari ACE eft id quaiuor folidos refloi anjiilos, quL circi ceniriim M 
fieri poirunt , ut eli Iufis BPA ipfiui pyiimiiiLs id toDm polyeJri io-p „ 
pcrficlem. Etenim , cum in tot pyijmiJcj i^uilci polyedrum ACEre.xfb.,^ 
folvinK, quot £int piana ipfum lermirunTii. omoeCiui; Tciiicilci ipfi- 
lum pyramidam anguli , qui fpaiium replcnt circi cenicum M , qntque 
propierH quituot ceilos ingulDS limul fuDiti adequini:,lin[iniec feaiqiu. 
lc* ( j-91-)> fieuil aqualii. liinc Innr le mutua amnla plini,qnz polje. 
tlricliD lupuEcign ACE- coaHiuuuic (Uku^ lo.):i [nri ■l'in"t% 



90 EleraentOEUin 



lotius polyeikies Inperfielei ACE eK pluinm BPA , ndem ftn t llqaoti 

— ° ■-- — '- ■■ 'liBHAPloe 



THEOREUA XVIL' 
Sl IX etnm pebiirmm nti^ailm ^fdem pMTii *t fiq;«Iu 
mita fibl aatM fmOtt fljiir» itf* iUv^ imt. 



j. Sini duO polyoJn ^likiii ge«ri> ACE,itK.Ex eonim eeairoH.N 

'» ndli MB,»ii, MP,«? Btc Dieo 

a polyedniiD ACE , ils eiri: rimllu 



c- , 97' Hi» dnO polyoJn eiiiliMia ge«ri> i 
nliif! '"^1'"' *^ Inigiilai ipbrain acmoi nd 
TA.lo.o'»''" Prnmliln, In mut dlvilnn eft pi 
ln quii dUiliuD eS polyeilrum nc , & 1! 



Dmonjirath. 

Cum cnim In uiroque polyeilro lat iltdoSt* Cat pynmldM , qiiat £iiit 

Qsiippe polyedn Ipli Tunt pct faypalheGm^cjiifilenl gElwril ■ Il.urlui cum 
omnej pynmlJcs, in quij divlliim eft polyedrum ACE , fim zignilci 
inier fc (§. 9^), ficuti ctiim omnei pyiimidei ,' in quii divifiim elt po- 
lyedrum «c, erit ingulu) venicalit DME pyninidis DMEZ nd quiiuor 
reftoj, ut plinum DZE id lOHm polyedri ACE fuperficiem (5 9«, ) , 
ADgutin quoqne veriicilis dmc pyninidii dmia erii id quiiuor rcdoi, uc 
iduiuin dat ti lonm fuperficiein poycdci jcf . Eadem ell njcfm riiio 
UtriDtqiK fUdI DZE, diu id lotim lui rrfp-divt polycdii rup^rtlcicm t 
CUm polyedn Ipft regularii fint,* epirdein Ecncns. ti^o ingali quoque 
■rcnlcilei DME, diiic pyninidum DMEZ , dvra miicra id'quatuor rc- 
fio( mloncm hibcbunt 1 iKjuc ideo cium micr Sc zqmlct i.^.iojj. 

Ubni coinifianui {lih. 4.) ■ Ergo ansuli pUui DME, dim xquilei 

(ram iMCr fi, ficwi ciian. at.Eiill planl DMZ,rf™, nce non ZME,.wf. 
Eft iiiian liroiDiM id latui .\1E in iiijngulo plicQ DME, uc 10 iciin- 
gulo plina dni ett liiui ilni id liiui mt , cum fic DM = ME, & din 
= mr (S.IJ.3- Ergo duo icLanguli DME , dme funl flbi muiuo fiali. 
liJ (ljklX.§.S9.). Eodem modo ofendim, fimilia efle HSi muiuoium 
duo iciangula DMZ, dnu, tum duo ZME , /imr , co vcl mjvimc quod, 
ut fupcrlorl loco demondnvimui (^.91.), omnii tcunsuli qu.bus eonii- 
nenir pynmis DMEZ, irocelia fint , Sc zqualii , ncuii eiiam omnia tiian- 
ffA^t qnlboi pynmLs 4BKt eompceheiidiiur- Manifefhiin parco cft , duo 
qDoqoe pbiii OZE, du elTc fibi muiuo limllii ILih. IX. §.}■)! cum lint 
icpdDli, ft (juClem gnerli. £1^ duc pynmides DHEZ , dma planls 
tUMfO «quilibus,^! micnltudine fimilibut teciniaiiinici >c proiude func 
£bl maato ^mllcs (f.tj. Domondcivlmui tutem, oamei pynmidn,ln 
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mw dhidliur ^lytdrutn resiiliie Rauam^qui « llllus tetiuo li 
Enguli» cjaQfra angulos ducuiinir,eile omnlna inTcr fe Equilcs ( 
Srgi omta pyninidet , In quii itlviruin ell palyedrum regultre ACE 
cpe ndlonin MB, MP, MA Scc. limikt fani lli omnibus, in qnii po- 
Ijrfdnim i^lire ejufSem generis ttt eodem moda [elblTltuc . Iiiqoe B 
tt cam tK. quod eiK oOendendum. 

C O K O I. L A U H. 

«aifii polrrfraniiii Ttgulaiatt ifufilta gnittis Imt 1'tira boiKskja 
pjiaaHut* pmiiiim , in jmi piJjriri ipfi opc ipfornm 
rAimum nftlvmnr. 

9S. Sic nilii MD, nif polyedromm rcplirium cjLfilcm generis ACE, p-„ 
tcr , funt lilcn homalo"! (imilium pyrimidum DMEZ , dnci, In quil Fig,i«i 

eyedi* Ipb fuorun ndiorum opc refolvunnir . IpH nim<]ue ndli nuit T(k4o 
Ti tKHHologi plunmiRt liDiilium DME , imi , quibui iffs pjmnl; 
dei cnulnennu. 

THEOREMA XVIIL 

Anlii, & ttuH tthtirmm rcgdmnm ^flem iaarit {m iiaSt 
ittir /e > "t i»» fdiitt Ittint hanhgt plannm fiMtim, 

SiDt duo potjedn icgaUrii ^ufdem gcMTli ACE, iiM , qwrnb ndil pte. 
Cnr lefia ZA, Wi «lea wm nOa ZN, «h. T*Ei » 



)^ IMco prliiia,ridbm ZA elle ti ndinm «j,at eft littti AM pUni 
AMF id l>lui fibi bomolagnra lOt Emliii plinL imf. 

Dtmonjhatio .- 

■KiiW ZA , u funi liien bomoiop plinoiuu Gmlliiim AZ.M , i 
quibui nmiici pyrimldfl AZMF ,'uii/coiitliwnnr LatenniwnlKb 
miilogi Fltnoium nmillum, qulbui limlli* Cilida, eujnCnodl Cnit duo po. 
lyedri ACE , <ife j.) , termlninnir, eindem omnia tnter ft titiOMm 
hibent Cf7l. ). Eigo ridll ZA,w Gmt ilinSi inMi 1«, utdap liomohh 

gi ipIbfUD pol]red[oniiii liten AM, «». 
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'^' Co«OLI,A«IOMl. 

CoKOLLAKinU IL 
C O 11 O L L A K I U M III. 

C O » O L L A « I U H I V. 

C0>0LI.1>IU1I V. 

£|,s.rc-,3'tK:c'i''S:=r£z£ 
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1,6. Huii» ^onnnlio nda» tft curn denoBftmionc «rrfi. XII. 
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96 Elemmtoiam 

SlfeeRil Biolme Fodlt.Ergo fphieri fpc&ixl ic rummi poleft veluli fo; 
lyednin rreulire plmis nuinera inHniiit , & mggnitndioe inlinlH pUTil 
compiehwluin . 

CorollariumI. 

dieuium incLmbere,noii diffen ■ f]iljirrs tiJeo ,niti qmniiiaie, qujs omni 
«iBguEiili minor cll, fcilicei qitiuiii^i: innniie pjrvi, aique iileo nulU 
il£.lif.Jl.).E.r^o fylixrx ciicwi non djtferL ib illiui "ilio. 

CoKOLLAitlltM IL 

Omaci fplitrt fuat piljtiit ngidtria tf^im (Iwrff. 

^ ^119. Idem niuique (H nnmenu pUiMnua.nguliiiiun ., qnl^t.oww) 

c 'o '» o L L A * i wM Iir. 

Sfixrs fmt filitin fiU m»m fimSlt. . 

ito. Omnii fiqulileiii [iat)reJn iceulirli efufdem generit funt (ibi nu- 
tuD Cmilli (( jO. 

.COSOLLAKIUM IV.- 
Oamt ffbiaa fmt fhi mttet fadttt. ' 
III. Sc^uimr numilifb ei prKCdentl. 

THEOIIEMA XX. 

S:'i't\ .. ,,11 M [.ir.i 1,11; /■ ;() niiinu inpiiciit fmTnm rjihjiim'. 

s-.-- ^iNL :'i i (]■■' ti i; AIK" n, ,:h<i, quatum radii fint lefli llD,td. 
131:0, fiipcril.iLcm iphii.c AV,CU c& id fuperiiciem (phirE abei in ri- 
Ilont i;rv,'.i,jij [iJii £U aj tlJiuin id. 

Demonftratio 1. 

Srhira ADCDjuki runt pcJyediii legDJirui ejuflem generis (f 1 'S.). 
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Dmmjkatio U. , 

iperliciei conrui^tt ci canipleM leTotutMiiC leinl. 

' ■li.Di«niin(£ikXI.*.--' 

i l^h¥n' miiiini (.$■ 

i![ftu'liH<«m^l^^*rif A^->S bf^p«'[lplieruin '<Ae\ ix 
taa quleicenm diimcirM AC roiiiitibiis (irDclucuniur, & ex ratlo. 
ne inresnc e*rlpWie EfKulji iDixiDil (C&CD ti inieerun petiplieijim 
Vlmiji ttii1mi'Ucil''tlSKi;S.i<9.); Etfiuiem um (eoiiperiplicriiABC - 
■d-Amiptiipberlim tbe Hj^IX.f.ifi>.'J,<]iumiDieen periplieria ABCD 
■d [al4iim't>cH«)iMtm"ifk»-,'>t rldiul id nillum ti l f. 1)4- )• 
Xff^ Ibpetliiiev i^fani ABtDerll lUpeiRciemrphxrcaW ln ntione.quz 
ConHirglt n nCiaK rtdli ED id radlum td repiel-dufii in reiprim. 
H*c uiieia ett ntti IfOlmA n£i>W Ap!lta(t (iA.Lf.jj.). Ers 
Ibpetficlci Maim ABCD eft id ruperliqieFi .fpf|>F* nbrf in iittone; JiipJi- 
(tia Alii''£D «d''Tidruhr ^.,'Ui|lue~^^'>i«[ian &e." qnod cnc oKeadaii 

C, Oi.lt O f.^ A W.U, I. 



II]. Sptiiricx niinqiie Inperilclet', giic Tflina fallditttem (onAiiuu 
(Ut.M j.4>.}, funt intcr re'in iitione' tfnpIiciiM ridiotuoi , lique id 
in niione iufUtia* immlnnti ndii centiuin vet£i> Cifeifidn ipli: n 



ilimcnti jiOirli fihirlH itciifiiiii' etiuAivvirfin ia 
uiiene iKplicsia h^imiI ndii. 

114. £Ienieiin enlm leftotb ^lizrLct Innt pitei lunilct (iiperfic 
fiihHloiiiiB , qna l^n>>fblidintem colftimunt '( $>' iS4.) i tc pi 
&nt ditcfil inla k , nt iflk Iplaikc fiiper&iei ( lit.lf: it&J, 



ElnneatotuEd 
: 1 o L L^ ft I u M llt. 

'( /ixt in TnliMe [Moiaii iimnnriiv iiiMu\ 



■feijiifiiodUioJrat» .ii:r«icTO.liiMum liwtum .(«miV*! 

C V 



, C.o,..aiiA.i.« VI. 



OigilizBd liy CoOgle 



■ C 6 E 6 L i. A i "i v it Vir. 

!■"< iUmettt, giiant Jnw/iiBeW 'jj^iinMnnt /«» li ntjon liAifUu» 

. ■ ■.■iii' ■!■ ii nCWfif'*W,^'''»^>:-': " ■ 

cnlin co.VpMtf'.'figiiiiiir «'fitipK tin'dtaBtMr» 

ntn, quim leaiidluii«Mniai tmd ia & diiacmig ipjiiBm. rupwfieiet 
mm eoiilIiisie,t,S. /, , .. ■ - 

■ T H E6 R E M A' KXI." 

■PriykjM, (^- pirjwifci fimiii/finil 'njfesiw' bltcr fi f» rstlt*l 

jiuiiii nB(i«Mitf . 



i)a Sint duo pririniti GinlUi AE, w , quarM 'homolap ittei» Cnt pig, j 
EF , rf. Dieo, pci^ ^ eOf ^ f rjjin^ «t ip cMl9ae ir^l/rm Uieii» Fig. 4. 
EF >d IitDt . Tib,^ 

OmKmftraiioV ' 

' i>i)o limilU piw\CBFM.!^liKfteMiHiwlDtLbiIb IpGntn' fiilni» 
itim , eorumque ■IriinJliiH fini i«a> MK, Micnm iglrai ptirnin Iht 
lm« Te in riiiona^poGM Minii.Ql*Iti>liJilI>ia (J.Ii.J, prifmi AE 
*ru id (.tirnii tt in ratione campoliti birii DEF id tMlin iif , le tn 
laiioBc i(iitudioii.MN>:iil Altitadftien •wuiSunt '.fsitni^ liifn DGF , itf 
in niione iaplinn laienim homologaium EF, cf ( tifc rX.J. 181. )i e>- 
demqm f|l.,r«io *l.uudLnum MN , «» , qui l«OLm EF , if («.71-). 
&!9 miW» AE ttit .id prifnii ae in nilniic cnmpglit. ei r«ione Ijtc 
"«™-'J^I^,rfi «. fW iwlein iuptKin', Haciiottm eft raiio tp^plii^n lipfo- 
nun lueram EF.rf { tii.L j. jj.), nteo ptifmju AE.at funt ln tiiio. 
oe iMenun EF , ^ititiiai^. . ■■ \ ' ' v . 



d [lynnldcf Cmlln.DMF, imf, qumnra bi<ium llmillum 
. .-dlo^iItitrii.liat £P, tfy.Oica pyninldcm QHF clfe 'i3 
n imf ia miaoc tntliiiiu homokigaram liieiuia J^, if. 

DmanftraUo I. 

u pneocdetnii Amt «un pytiMldci, ^emadmo&m prit 
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foo Erebaentoruii 

"111, in ridone compofi»! bifium , S; itciTudinum 

Dcmonftmh il , 

Supcr «rdcm biSn DEF , ifr? . (t fi,!, linjtm aliiudinllius MN , «■ 
conliituti iijbe,ntur duo rmil,, prirraj», AE,«. 8.« perriKfticil. pyn- 
midtm OMFTfffad pyrimidetnrfm/, i^piirmi 'AE td itrifini jr «.< i ), 
EH =u,5m prirm. AE .d prirm. « iii «ci™c ' «iplicJi homolosorura 
liKntm EF, ,/ (J ijo.) . in «dcm quoque t«io« ™« p™mi. 

dfi »MF, d»,/. Itjque FNrrai,i,&c. quod^ «.^ .oHtniendum. 



ij». i , ,_ ^,.. 

qinttltKt homotf^t Iprnnni liicn 0.ji;7i.^- 

c o K o t tk R iVit -itj'; . 

VltlUteHpritfimiliafm i» raKoiif Ir,>l/«M Min» I(Hr*< 

I]]. Slmilia nimque pinllelqilpedi funt fpccles piKhutnfn ^iliijiiii 
cum omBB.pinllelepipedun.fic frifiiai iiii.Kl.'S.isJ).-'' \ i- i-i i: 

C o ■^■ o ii'}^-Aiii-iijrH '■lll' -'" '■ -. ■- 

: ^J^ Omnet «nim cubl Icuu puiHelepipnU fiDllU , ctfflfoimlidibBi 
£t pHiUelc]>Wiitn (f. it.)iac6Bma>taU6iir. Hbt.mamar.fKtiltcltf f 9. 
OmDiiqM lafuper luen tuiufiimt Inifiwlti^ tiletll«i<iIlcii'g)^C^^^''>-- 

'CoxoLLA&i v-.n.lV. E :i "■"■■- 

Om*U t"t4tJia Smt m riliele fxam Ulmm iriplicm. 
■ 'Jl-I 

ifunt.*llefilit It 
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')7-Vt6 !>»■ EF prirm.il, AE (b«i. .d fibi honologum ,/ fmi- f f- 
lli pfHmidiBjqoemiiinioaLm cfl » id i,& fi.i Tru.x.)\ fnlidum Z''" 
AE erii id fimlle loiulum *,( nt pimm tcrroinuj u ti qu.rtum t Efl 
enlm ■ >dx in nlione w/p;i«M prlmi b id fccundum » Citf.i.J. 177,). 

dti.i d.» I rea.r line» dcpei.dere (olmionem ci.in,iL''praWcm«i^e'cl*i 
Ap[«.<.>.c . quod Pr.fcofum lOEJn.. n,=>,n,c ,o,fii, <,i„>d<iue .b Apolt 
m. D.l..e. refponfoi„J,=™™ diaum cH, ,u.rcnu, ....pc eonfulc.ribm 
rclpoi.dii, lum dcmum Adienis pelle, i]ui ,d mnforh giall.bimr, libe- 
litum iii, cum tjui an, •pix cubic. c.i, duplicafeiur. 

THEOREMA XXIL 



CyHndti FD,fd funt In niionB componn ei ricione bafium CD.ci,- 
& ex niione ilunidinua OR , w (j. 17.). Clrcull tutem btliiim fimt 
elm.iiab.r.ia. G ^ in 



Elemeatocam 

■a dlimclroiuin CD, id (L^IX.S.iS€.),tcni 
iytTC, aan eH > cilione diimclrorum CD, til 
,/i(crunt intcr Tc in cillone compoli» cx nt 



iJli. Sint duo coni Gmilcs COD, toJ. Diso , eoi quoque 
in nllone trifliciUi diimnroram CD, cd [amca biliiim. 

Dtmotifiraiio 1. 



Demtmjlraiio 11. 

Enimvcto li ruper cirdcni bircs CD,cif, Sr Tub iifdem illltuilinlbus 
OR, «■ CQnftinnnmr fimlles cylindii FD,/(J,C0lii COD, lod tmni iniM 
fc, ot ipfi cylindrl FD, fd (S-it-)- Cylindcl .oiera FD, f4 fi^nc in ca- 
■ione itipUtM dlimetconun CD , cJ fiiifum bilium ( $. 119.). Ei^ In 
ndeni iiidem ntione etum coni COD, ttd. lu^oe eyllndti &<:. quod 
ent onendenJum - ' 



plittt» faUiiaBctnm fiumia htfam. 



COKOLLAKIVM n. 

tt [t ia alhae ttU 



I ■liinn, nn >hlt<ldinam in cylliidrii,& conii 
> {iiloiM diimeuonun Istnim Iwfiuni [$.S-}> 
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enmui ad quarm. 
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I04 Elementoium 

quit Kilyedniin ui dividiiur, in nUonB iripliinta liteniiti liornolagonim 
AF.^fi^iique ideo omn« fimul mj"idn e^nHLnieniet polyedrum ACE 

Iginir polyedram ACE erit iJ polyedrum Jc/in ricioTie nifUmt homo. 
logonim liierum AF, »f. Polyedti Lnque fimLlLi Bic. quod crii oHcn- 

ComoLLAtiuuI. 



I4t< OnnU liquUeiii polycdn Kgalitla epifdem gaDcrli liitiT fiblmu- 



Ttljidrt ntdaria tjnfJcia srncrii f«ni iniir ft ia ntiMi triplletca 
fmnm r^iwraM , & faieforasi . 

m. Etnim riJil, Sc eiteii poijredrorum reguIirLDm qurdm generii 
Iniu iniei re,ut duD quxUbec Iprorum liien ($. 99. tc 100.). H» -uicoa 
poljreJn fbot In citiDDe GioHun Ulen tnfUtoM (f. 14S.}. Ecgo eniiit 
quoqae in ritlDoe tripllnta liiorDm ndlonini, tt ciietonim. 



Ubec Xm 



■orHi Uriram hcmB!a:<irani pluomm rcOili. 
iniijKiS»! ^ini/n /Dliiia ((rni/iMiiiiii- , tiuiii 
n/^ic iiiJ fuariH» (crifl/niiia , ftlUua irii 
/aftJajH , « iHiriini priwm aif giivtim. 



t 1 D u VIL 

miii fnftTtintUi . 

I}]. Ut R qniiuor rcfti praporlloniI« i , c, il,riicrint lireri ho- 
molosa raUdaium iiiniliuin A, B, C, D, Talidi ^pfi A , B, C, D ,e. 
nint inier lc piopDiiionilii , Cum cnim Ci pcr hypothe(!ni<i. b =sc. i, 
ficoti roiidiun A eH id rolidum B in riilone rrijiiiciitd piliHE i recun- 
jim ( (f.niO,«iitli>lidum A id rolidum B in ritionr iriplietu cciun 
lertia c id qmitim Eft lutem fblldiun quaque C id folldum D ln 
ntioiK irlfliaUa nnrodem e, d, Sigo cil[A.B = C.D. 

c o R o L L A s. 1 D M viir. 



1J4> Dnnonltrula eiJem eft ctuD demonantkiM coioll^VL 



'66 Elementoroni 



Ccdacldlc ciun imtiutd. 

COSOLLAKIVH XL 



X A. B=C.D, qiii:rnidraodL.m iaieri t^t"^cialmto^' ^!^7ip^'<M 
daorani foridoruin A ,H CS. 1 1 1. ) ,ermii etiim ii> nliODe /■bripliMM duo- 
iBm folidonimC,D ( j.i)( ).Suni .tueni cciun dao e^if ia iitloao /airf- 
iolidotum C D. £rgo *rlE a.fass. il, . ■ 

THEOIL£HA XXLV. 

ff^* fuit imir ft B «tluM tr'^att fMTK» niimm. 



^ Sfhn^ conEJerwi poliunt veluti duo polyeiiri rtgiiliii 
, ni Cj.iij.l. HuiiifniaJi uitem palTcdn funt imer k ii 
o ctu fuomni n^anim (^ 149.) . Eigo in iripiiau quC 

■Uortoi £D, li nttoiK mint tpiai* ABCO, «M. 
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JJbtt XIII. 



Demonjiratio II. 

Qponlim rplicti ABCD orlcur e\ Coinpkii rcvoliiilone rnnieiraili ABC 

Ipb fpTsn mixlmi ABCD, & rphcra sbcd ci lOtit^ne remlciccull dlic 

clici)iiilldemiimimia6iil(iil.Xi-(.47-,io,),rphEiiABCDcrii >d fphr- 
tim tbcil ia niioiM compoliii ci ciiionc lemiciicull ABC atl remicircu. 
Inm tif,tc cx tadoDe lotegrc pccipheiic cicculi maiimi ABCD id pcri. 
pberiim eiicuU m»lml diicil J. ■ Scmiclrculut luicm AOC 

ell id remiclKulam abc In Rilone itpUrau ndli ED id ridium id^liti. 
]X.d.iS7->> pnipherii circiill ABCD zft id pcciphcrlim clrcuU tbci, 
uc ndiiu ED id ndium fif . 114.). Ergo niiD rphirzABCD id rphznia 
tbit eft eompalici « ciilone ndionim ED , id \, tc ex riiiane eomii- 
d«m inflicait. Hicc lUKin cll rnio iprocura cidipium tripliitU{Lii.I-f- 
jfJ.ElgO fphin ABCD cH id rpherim •.bid ia iitione triptittlt ttiXi 
ED «1 ndium <d. Iiique Iphiccx &c. quod ecii □HendeDdum. 



Sfhtrt ftct iB raiimt irifliem fimm £mttnrm'. 

fo. Sphxnnim ninKjue dlamtirl rum dicefte lnter le, OC ei 
uliimeiri (iiki.j. 117.). 



n reDildlimetconim fimc ia 



S( ntit iltmttnrmi, ntt ftmlditmiirmm iairm J^btnm 
imt^au' mffiit ad ^Mattm msfuv, HbftA i]t tt 
^atrtm, nt tiltnm frhna aS q»atim. 

1(1. Ptlmiu eidm qmtusr iiniuiMnm coailogo (iraboniontliun eft 
id qHtmn In niioDe ttit^ti* ;riml ul leciindiiq llA*i.§.i7^.i. 



loS Eleiiientonun 

CoXOLlAXIIIlt IV. 

Spitr», lurim £4Mttri pti trefartmda, iMUr •' . 

tntiie {mt prvirtiauln. 

itfi. DemMacuiir eoJen iddiIo, <pio f. xjfi 

CoioLiAxiiru V. 

D^MMtrt , & fammetrt /pbtnmim fmt im rttiiat 
Ipfmm /^bsmm f^triplitau. 

Uy Ruio DUDquediuiieiiornn, & remidiiineirDmm duinim rptiiE™; 
nin Iiurarmodl eft, ut ex la illi ia&i klgUm dntliaitiim iplinim rplir. 
nnim ntlo eonliii^ii. 

COKOLLAKIDll VL 

ti latrintJiiiatmr fpbtr» fttpwfmdti , tariim jh?w 
iUMtri,& fiml£smarl iriat praptnieBtlii. 

'<4- Hujiu AnoDnnilo colDddit cnm denoanncioae §. 157.' 



E L E M E N T O R U M 
MATHEMATICORUM 

L I B ER , XIV. 
De folidorum dimenfione , 



01 



I pnAicE GcociielrU pin, qie mojuai «ilbilKt 
ri! p!in'5 , ■plnimitTia diciiur , iii illi , Jn i|ui 3« 
nrnfione diiTtriiur.Siwdiinfirianuncupinir. Hujuier- 
go runilsnientilii piincipia liic «hibeinaiiiAr dcmanllnniiii una 
—.11,. . _. |;),;,.[^[, divinirquc jvorliii lnirentil,qua duoEiul 11. 



D E F I N I T 1 O I., 



I. Stciciu, pilti'iii,pei,&ptllei ablilfimtiiAliqiunmliamKdmiltltli _ 
»i, ftii, ,au pdlkii l<«<sil,.diBi cHtqmJi. Ut ti. tini KL cubi KPfiw~^f^'°- 
digilili! lungJludinii, cubuiKP dlcctui ^im Clillllll ptdilli ,tll 



H Y P O T H E S r-S I. 

1- Mignitudo , Hu; qiigmiiit cDjiiftit roli^ll dcicrminiiDr per nuincruni 
aigltoiiini , ^ilmariim , pcdum . vcl pnllicum cubicocum , quoi iro Ip. 

^lgitoiiia , plmotum, pcdura , lui pollicum quidrtCDnini i ni CiperA- 
cklipli cA xquilii. 

1) E F rW I T I O 11. 

: MviftkA aiqui, fein gmaliui rijaytiJi ftliii iieitur nit , ium na- 
«n mtiijiierit, qtoi iigilu, ralnna, peJei, vel pMici eabicoi illiui nia 
oarretHia. ^ttu qmjiu dliitnr vjtcr fiipcrSiiii dMl /tiidi , ism nobii 
imutejiit , imd digiiti, ptlma , fedei , aut fiUitei SHdrtni jp/n /V"'- 
faatmpliaMa. • <j - 

MTPOTHESIffll. 

4, Pra dtG^Mdt-Mtditna cbilloniini ; Bpm i, pitmm i ft eylloilra 
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1 , vtl id EylLnilrum ; pTout 0(mii Sierii , prl- 
r prn dcier minindi rolldarum fuiKrlicie, lupcr- 
iliiin rFduceuiui. Conlhc tnim , lacUi ncEDIio 
iicri, Connibir quD^ue, laliiiiliieoi pciruiaili. 



1 gyiuin ngatur cirei (Juicf- 
1 AB , produeltur rphzii ACQD , I» li elici cindem 



dlaoMiRini revalntiir iemlquidntDm AEFB ftniiclrcnlo ACB e 

Tib.ii,*^'^'^ ■'■f'^"" ejUnJnn .reaui.EPGH , qoi lj>h>ra ■ AasV tir- 



e. utxii, fivt tUituit cyiiKdri rcSi fpbtra. ti 
tiimm itferipu fpUrs . EH cnlm diiiDCtn 
luiioae inreripTi rphni cfficiiur, '- 



lujpfuii fphfre. D^metcr niminim^FG infeoi {■^nniiUiiai m^^na 
ACRD circnmlcrlpti uIeiiuii diinictnim AB ipliui rphirz. ijcrique colm 
dlinitccr ett ioplt lit(ris:J=B ;fenlqD>dtiitt aenlMiit AEFB. 



S. Bajii rjUsJri ri8l /pb4r4 tircimfiripii cj9 .'tqiaHs linmlii ninmg ip. 
■ (lus fpbfs. .Videlicei clrculus bileoi FG eylindrl reai EFGH elituni. 
Tcri]j.i (fhxix ACBD eft >quili> cirnilo miiimc Lpfiui Jj.b«rB..Cum 
cnim diimeier hihos FG aon diaericedlainRra TpIi.Trx Lnlccipn ACUD 
($.7.;, circului bafcoi FG{«i^bit c>TCTl4n-;ia;I|ifixni|, qui pcc ipfiot 
Jphira ecncrum trinlic ■ Orcutui Hicem , qal per (phzia ccninim irinlic, 

«ft wlmmii>B-ipi« ipfew», C£iit w,^it(-}>r^7cKcidu.ii*fiM.FG 

fyllndri EG.^lwRi ACBD dreunftiiFtl (dft^iui cirvulHm mDlEainti 

t'a KOt.\ A i I D u''iv," "V.-'.,-" 

g. .Axis, five tlti^ tjlMti riBf -^biir^.tii^mf^ip'' ifi 'liiilis iit' 
fium bifiis iffai tjlifirl. QutndoquldeiD nin iils Ipliui c;liidrl ,quim 
jiinctci cjifidi bMcoi ^pwii) edfiqait, J^QSniin .:leG;Hpca..^l^ne 
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.THEQU EM A ^I.. 



FIi. A, Eflo prlGn^ rcSnn Af- inUtmni bijsaa itr>m DEF .Dlco.llUvi 

Fig. i, Giperlicicni, rcchini iiribu) DEP, ARC, zquare rcAinsulum a conien- 
Tab.ii.nim liib kOi ie, ifuz lic aquilii pcriiqict^ btrq DEF,?( Gib reflt (J, 
tpa Gc squilit unl liienim AD ipllui pillinitii. 

■ ' • Pemoyifiraiitti 

SulKilieietiprifntttlt.APi Inlibui Irclulii^ '(smpanltar.K tMJ^ffiwp- 
Ils ^ufdem aliiiudinli, quot funi laien in peilmeini biGi DEF, nimb 
rum cx tribm ccaini^lll sqile lltil ADEB', BHFC, CTDA C Lih. Xl 
f.io ). Tiii auicm iLujurmuJi [edinguU aqiull) Giai reAingub tiil i 
cum pofim remenio Jc =i DE , Gafmenta =aEF ,fc (egnienio /r^FD, 
duairque TeAii nr, piriDells nim Jnier fe > lum liicrlbui ,• t( , 
sdeaque li pccpeniliculuni inCRentlbut bili a ', reftmgulum iMdi*iiiuit 
(it ia trii re^inzuli iiibii! reftingulii , qultnt pnimitlo fupcrlicici AP 

lei bilei Tifp/-[l:-v: , i: liih eidejn aliiiuJinc jier hypoihcrim conHiwtl. 
B<%a flipeiliciet piirmiili AP,binbui rcciulis,ell«uilis tcftinsiiloiltcli. 
liique fuperfidei pnrmitii &c. quoJ etai Oftendendum. 



Si Im^t prifiMii hBI ftnit k"' rrgidtra, iUi*i fnfirfcUii 
iimttt i^i, irli 4i fcij!n< u Miw ItfU, fttil tlll- 



iB- Supcifioici nimlium refti prirmiiii AB, eujns bifii CR fit pmii. 
gonum rcgulice, eiit bifim ipfim, ut laiui, Cre ililiuita AC. id di. 
miJium ciieti iplius bini. Eienim bilis CB adcquic leftangulum ai 
conicnium rub reai si , qnie fit equalii peclmetra tpnui biGi , & Tub 
'icitii HR, quz [a oquilis dinidlo catell 17, Gculi >dxqual tcSanguIum 
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ri In cSttlam ( Sufierficin inTen 
t conlcnto fiib reS» cb cqu>U p«t 
ilmetto bilit CB.S: Tub leai tc iquill lit«i,nvc iliiiudini AC($.ifJ.' 
£n;o prirmaiin (bpcifeiei AB, demiii bi(ibas, cft oJ niiiD biHm CB, 
ut tvaingulun <i ut rcfianguhnn «d. Reftingulum pDiro ti t& ti re- 
eigjuliua xqnilii bi£i pw hypaiheriin ■ m liini, flve ■liitiutD <m, 
i4 linu, fiin ad itUtudiDem »■ (UklX^iaa.). Em priflMcln quo- 
w fiipeificlei AB , InfitMu (cclnTa, eric id b>run & , n Iim > 6/m 
UUtado AC id junUlii» tmH v ipGu IiiCt. 

PII.OBLEMAI: 

Strtrftlim fiifmuii rcHi hvmit!. > 

l)> Detetinloire ofortett ApcrSeiem refit priCiutli ABJ 

. . J^foluiio. 

.Perioieiier bcflt CB danitiT In ttiitiditKiii i'1Sm Id Iici» AC.E; h&a r«. 
■djlelatur wlar baCt CB bii' fiilmiu . Sunimi nh vilor loiiu) lupeiBciel T>k 
prirnuiicB AB quKTnia. Di -fi psrin«er badl CB (itrlt a a , & idtt. 
tudo Bs b, nlot fnper&ld prilnMit AB, dtncu biCbni, erit =a At 
lique propreRi vtlot b>li> C& Bam =3) ■ tott prifiBUii fiipciGcle* 

Dmonjiraiio . 

¥l&o Gquidem ah xquile rfl itfiingiiluni fub pcTimeiio baGi, tt Inb' 
liteie ip6u> prinmtli comprchenrum. Hu^c luieo) icAir^la >^uilti elt 
pdliauln fuFciflclci AB, demtii biribui (f, i£.). Ergo && 

PKOBLEMAIL 

. . Uve^t {nftrfciim pri/nuiii istlintl!. 

E^cfolntio . 

«Ibr omniura plinomm; c]iiibui prifmi coni iiiciur; 
ni eiil viloi loiiui fupeiiiclei pilfniiiicz quzlituii 

' Dmonjtratia, 
t onntbu Hiti puttbM liawl fo mtli ISji, 
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, qui rpcciet eli prifmitii, fupcrficic, litit cd, 
'uE Invcnluiir im.iiDitii e^. Illit Cef quidnili, quibui culni .comprchetT- 
'ijlnif, tc vilor.^uialiiiiidi fer 6. niuliipliceiiir. Fidnmeniiii dibic liipct. 

' TH EO«..E*M A ili '- i. .- ■■■■■ ■■■'■ 

Stpoftlct pjrtmlitt iiB*, ^ai]m hifii 0 jEjvk Ttgalaii, tUaqMa 
fldifA itft, trianiulKm rcBtBii^am, tiijiii ^tituti latm cirtm, 
gtis fml citca angiilinii rtStm, tfl squ^ periailm iafii, 
alicnm 'aUiludini nnim cx illit i/ifcilihii iriasKlii, 

_ ■ qiidiHi fjnaii cauiiittar: ■ . ^,- . ■ ■!.■.<' ■ 

II. T.Ho pynmii rcfii BAD,ciitus biGi BCD liircgtilici) .Dlcoiliiii]) 
fuperliciein , recluri bili BCD, x^uirc Iriingulum ceflin|[uluoiiic,cuiui 
ilieriiin laius bc poficum drci. □ngHliiin reauin abc , fic .aqails .penmc- 
iro bilii T.cn , alcciucn ah li( zqmle iliicuiiini ,Af ciiiDEulii iJalftlii 
CAD, quo liinul euin iliij pyrimis ipli .eonilnenir. . ' ■ 

'DanonftratiOj. 

ravir» licere hd in triiTq'iaIii rcKmcrt, trf.rf/",/t, quemnlmoitum trii 
fiini Iiteci iqti.lii.tiuiljin Ij.rsIlCD.hi.r pv...iiiiJis continttur.duairnue 
ftaii ai, af, itit iriinj;i:[i b^i, d^f , fsc , uiroie fuper ii.u»les bilts , 
fiC,filJ> Cldem alllmdm- cijiifiilijli ,i.Tun( inicr 1'= iquslia ( LiiiAX. j.ijj ). 

o- pcrficiEi pyracnldi MD.rj^luTj Ijjd, terminjtur i elique trijVguIum W 

quc\1ns",'''t^"'l''i"'J'>- £'Sn "■'! 'ri^ifigu^i IiJi^^idaiT "c r!^iii' rum" , 
xqujlii erunc tribui IcijDgurii CAD, DAB, BAC fimul iiidcm rumiis', 
quibcii, feclLri bili, coniinetLC fuperficic! pyrjtniiiis BAD i irquc adco 
iriitigulum J>c fupcrliciem Iprioi xquibil , deniit bin. Iiique fupeiiii:ie> 
pyiiDiidis Scc- quod eni oncndendum . . , 



Acici fmmidit reS*, «;hi hafis fil feiipn rf 
lufa bjfi, tiBsngklnm cimatmi ftb pcriinclr 
iiaiiia tliiluiiiic uniai ti illli iftfcelibns i 



II. SDperGci» nlDiiciun fynmidit rcfis BAO) cDjiii hila'fit trlingtii 
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laa Rca «,qn« ut tt^iii.nuiuaic.BiEiiMin Jtt triingmi CAD. Re- Fk.ici. 
fiugnlo quipp« mti* xquik eft triu^iilum t<r C iot.}i cniTiCit. 

C o a o-K>'t » I v u IL 

■ .. iffii 'ill.ai iffim.bi^m, Mtii£tiiai»i$alai fx Ulii iriaiitlli ' 
prrmidtm tcniiauMihiii td ctutiim ejifdem hifii. 

li. Vidclictt ruperficiei reai pynmidij BAD, fecluft bifl BCD.ell 
la ipram bdfim, quc poniiur (igiin reguZiris , ut aliituda Af tiian^uli . 
■CAD id ejiefum « ejiifJem bifi- Qiijndaquideoi eonftitutit ei ilfiiu- ^'J 
dine Ae, ic ei peiimeico b-^t UCD trlingula leaingule abc , liec nati pjj 

gulUm <frc id' iiii^ulum^^erciurae^l billsut iliitudo, Cwc'\[Z'"b\i^''^ 
*lliiudineni,rive id lilus xe($. loi.). Supeificiei luiem pynmidisBAI^ 
&cSa^ b^., tH zquilii it4u)gulo ii.), & biGt ipfi BCD adi- 

quai triinguluia Kdiiii^luia..>9 l lit. X. a^>. £cgo rupeifidei py 
^ nmidli BAC , fcdufi biS BCD , ell td Ip&m Nllm , nl ^ciOK^ Af 
^.cnetiim.eriiilem: bKGi 1..-. 

■■.i 1.. P:R -6:111. E in A IIL' . 

tKlermbure fnftTfelim fjrmidii reSd, ajgi bapi fii Ssnra rttnUHii 

14- 
pnnrc 

Per dtmidium aliliudlois uniui ei lllii tiiirjuliijquiliui pyrimis eon. 
linemi, muliiplicelur vilor perimeiii bii;i, 8c fiao vilfir birii •diidi-^ 
tui. Summi dibli fuperiiciem quxniim. Ul llliUHlo Ar IriingullCAD " 
iuerit=n,&perimeter biliiBCDsan, vilor liipeiGcici nmidl.i. B U>, 
reclufi bilT, crit == "^. C^uamobieni li valor biGi fiCD Sxax ssfr» 
t«i fbperfides ditx pyruiiilii' crit = — ^fr. - ' i 

Dmonfflrtaia. 
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tbOfbui, ['» Uti" hAnU«m fiiM bnir 
fi, al i*f!>>> Tttiit & ittmtru 

li. ttiria'il*aK)iw tm hlioniiB, qu» diMwnowM ■&<m(* oftri eft 
a micfiM pniphnliian (J.H4->1I'1- ' 

C0llOLLAKri,>t XI. 

fi t}tU^ina nSMt pl^no bcf f"d]il,, ««» J'«iitP>Wi'«W 

[nfliSdti OMC imr fc, us figmiolt ali, fiut UtnUt 
ftit aliioJimi. 

}S. a nimtniia eylindms «aui AD lecetur plino w> biG CD pint- f;- 
lelo , curvi fupeificiej tgoenll A* alt fnperficietn mmn» fegmeiiiiTat 
mD.m figraentuin iiK « ti feginenniio iiii tj,Gre ut fegmeniuiB U- 
«tij ^ >d rcjmennuB l«tti» mC. SeBmonununque ^jtialuntesU*- 
iil bafiun ■quiliiiBi iUb.XI S..9i >- 

PROBLEMAV. 
■ omMm (rfWr* rtBi Jkftifilm ittermhatl 
g> InTlnlnt oporteit rupetfieioit eutvM» reSi cjlindil ADi 
Rffollltio. 

Biveiw vifoie pet IpEetir Urei» Ct> ( £tt X f 4*- ) »«wWpBc«Br 
b<r :ipCiiit «liu- Inetii AC . VtOm iMt lipeifieMm qn«£cu>. Vt Jrx.S: 
■eri^nii Iwfii. CD ficilc = «j & nlor Uiai». AC es tih'4fc vt 
lor fitpetficid eiliadiieB'AD> leclnG» biGbu. 

saodn iifrvitorKan«iiU,cot«ylinJiti» lp& lofeifi^ dt «9»! 
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; ^ tale» Uci» AC cyllBifri rr&i AD , & Jiinumwt CD IdGtrCD 
itt mcdii proportlonilii refli FG. Dico , ciiivim cytlndri AO lipof- 
fciem gqaue tireulum HK ei illi ti^&i defcripiuia. 

Dtmonflmiio. 

Cum eniia per Fiy^Cieliin irdi.riie raiiliis FG lit tnejli praponio; 

Br If. * il"nl«™in bifit CD , ■cain»iibm ACDB xnat- 

[Tilifc le «rit mudtim MG (Lifr.IX.f 1 1 1.). Rcajn-ulo vjiera ACDB iqmie 
eft raaiBmhun EC ib comcmum fub ndio Cj l.sdi CD , fiib reft» 
ECdDirii litcrii AC, iJeoquc fupct dimidiim bi(lm,&fjb itipla 1111«. 
ilne conninnun (f. loi.l . Hico reaineuluni qm«(ticl£C iqirsle erit 
^idrico MG (Sf:.-*liik^ ij<,.)i ic p^inde klus , («'. iidm> FG ent 

p„l_ medii proponioralii inler liiui EC ,&radluin lafi! Ct ( Uim.f. ilJJ. 

Tib.ii.R.U''!" nira curvi ipfus dyliii<iri fupcrficics aJrquci rcSinjulum ftfe 
eoBiprehenfum fib tcfki rj, qus fit aquilti kteri AC ipliui cylindrl 
fub reiSi ij »qiiih periphcnr bifeos CD (f i6.),eiJeiii tiuoijiie fuper- 
ficles xquibii itiinj^him reililigulum iS^ fupec cinihill bilim df , & fuli. 
^upli ittiiudine hi conHiiuium ( Synap. ^iti. §. iSt.) , quod hujufmoili 
iriinguliim tit reflin^ulo ciJ/e iqu»le(i/*. IX.J. loi. ). Oiculmiuiein bst- 
fij CD nquilisen irijneulo rcajn^ulo imf. cujus illitudo md fit iquilil 
niJio a,ei bifis J/ liufdem periptierii ( iii.XS.^j.). Erjo curvicylin- 
dii AD fuperlicie! crlt id cliculum bafis CD,ui cilangLiluni J(./n!tci»ngu- 
km Jmfi cKmque inn^ulum Jbf lit >d titinsulum imf , ut leAa U id 
reaim rail (LiklX f isU, five per hypoihelim ut reSi EC <lupli li- 
itiii AC id tidium bifis CD.curn ipfi cylinJrc fupcrficic! ccit ad 
circuluin hifis CD.ut dl lea) EC jj rcftini Ciit- I-S- 7S-> ■ Circu- 
lus porto HK eft id circulum bifis CD , ut ejiltm .pfa reai TiC , id 
eindem Caf tum um circului HK fit ni cnculuiii CD fi^i- iX. J iSj.J, 
quim leAi EC id reaim Cii In iiiione dupUcna ri<iii , fi>c irilf FG id 
n^unt, <rve ad nAuq c* (£'iJ..l.$. 177.), ei: co nimirum , quod ndiui 
FGfit medlt pcopanioiullilntei reaim £C,jt cidiura Ca, ui jimdeiDoih 
■imui ■ Eiso CDtri cyiindrl AD Gipeijicin , clnulurque Hk emiilem nd 
circulum boGi ,CD ratlanem labenc {f.7fi.) ,u ptolBds funi inier 
aquilei It lojO . SspetGctn iXupB e]liaJri leat ftft qii"4 etu oflca- 
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CiMLOLLAKIUU L 

Ctri* tiliMiri.TtBi fuptrfein addqiHI limliim ,aiiiartiiMi fit 
mtiia pnfaniaulit imr iHim axi», & dimtUKm b^is, 
fiuH iilm iMttrllUm atita£am,& aaim iitmitna, 

. 41. Aiit.nnqu* cyMaJr! eftttqulb hnri C£A.XI.(ii3.),ft ihiAr 
crllRdri kAI ab lUiuiieidlma M»dl(<.i}.J. 

CoKOLLAKltiu IL 

arva ijliui^ nBi fMpalUltt tf tt tinMbm iaft , nt rtOt, qx» 
pt dt/U Itttiii, aii , fitit tltiliiii»ii, ti rtiimm htfis. 

41. DHnonnriiuinm eniin , curnm cylindil AD rupnficiem ^iA f^i. 
dmlnm biAi CD ui refia EC s= :AC ii tc&'ni cs , <iux cfl ndiiuTab.ii. 
bnfit CD. 

THEOR.EMA V. 

firvi ijihiri nai fiiptrftiii ifi «J tirt*tim (^Ti, 1 tiBat^ 
tiilm ftr dxim ti iHtiriitiM itiii ^tfiim ltfii~ 

4]. Eflo cylindnu itSsa AD. Dies, cDrnm illut rupetGeiem tBe ai 
cIkuIuu biCa CD, nc ell reaingutuni pcr isira ACDB, gmd aemK liili 
Iiteie cylindri , S( Gib diimctra bi& eiul<teai coatUKtnr » (d qnidntunt 
H ndik Cii eiuTden bilii. 

Dmonfiratio. 

PuGli umqui le&i FG medii prapoilionili inler lilus AC, & diimc. 
nupi CD, 9utdFitiim FMKG i^ibii Fc£lim>uluin ACDS ii.), V-.j.i^. 

ClioiluK lutcm HK efl id clreuluni biG> CO , .ni qMidnium FK id Fie.iis. 
aiitum/* <f iSt.).EFgoclreulusHK erii id clreulum bilii CD, ut k-'^*>>."- 
aingulDm ACDBul quUntnmjd ilA.tt itn.}. Cum Mrro crlin^rt 
AD liiFerfieiei ■daqnucirculDm HK(|.4i.>.BwilFli odem Ibperlieht 
cili quoque ad cimitum bifBCD.meft leamgiltun ACDB ri «luWmun 
l»^tA.I,f.xoi.), lEi^cum&c. qoodtni alkadeDdiiiB. 
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.1 THEOlLiLMA Vir 
: '.nvM^rlftdrmn rtUenaa [ufirfcUi {nKt iintttbllir fiii» 

4f. Sinc dao cyllndri n&li.\>ytt. Dlco.ciliniD ruperficinn cylimlri 
ADrl|ga<l'<unnbi Bi^gtSeiiaavfillnin i uc cS i«a>DS|ilain ACDft id 
leAangdlun , ^ fcr iUanai uim innriunt. 

Demanfiratio. 

PMiti ninii]ne teOa FG medii propontonali imer [iiiis AC , tc liiirne. 
iraai l)iri)'m',ficBtteri»m Teai/jincdiiipioporcianali inier 1>1B oc , Uiit- 
.memimbiG» rf, dereitptirque ciieulii HK, . luonim illse fint ridii , 
eSI' ™ quiJriH! FIC, /K tafit etOen eoiillitntl* , «rii qtwinniim FK 
Fiila' "5""'* "ainffilo ACDB, k quiJnmm /K icqiah leflw^ilo *t& {Ui. 
Fic.iol '^j' '"•hie nrolnde icftimulum ACDB oli iil icauEulum jcrfft, « 
Tfl.r..qu'dntuinFKad qu.dr.tura A. areuluj .atemHkcftadcirenlamik.uiea 
quidiimmFKidqtu(Icjtumji.(J. iSa.J. Erg» eireuluiHK erii quuque ad 
ciretilDmiK> uc rea«igulum ACDB id icain^Ium aidh { $.7£0. 
Cum 'potro cylindri AD lunerficies idEqugt cliculum HK, & cuivi ruper- 
licin cjlinlii «{ circulum bK. [§ 41.). Eigo curvi liidein cylindri AD 
rnpcrfieiei erit «t curvun Itipeilictein cjluKlri ai , ut cA ria.nguluin 
ACDB (d Katagolnm uii . loque euiTe cyllndroium icdoiuia lupov 
£elet &c quod eni oRcndendiiia. 

CiirM QlMnran DfibMB fiiferfiein fmt dkrSi iMir A» 
nl 'cUa^ult IX litnt la ndl*n 

45. Hujuroiodi nimquMeaaHnk runl dlrea» Inter & , nt .reOu^l* 
pci »im <itt.I.j.iitfJi ean liii illoniin.p)nem<IimlilEC£A.IXf.95Ji 

I. E »t M L 

jlMii bKr< (»1 reffJ /oK ftnr /e « ju(l4 . 

4«. Id cano redo BAE ffcaeotuc Itteri. AB, AC, AO , AE. Daco, 
a elle Intec b gequlii. 

Dimmfiratia. 

Cum(ninFR»utlicitaiu,IUiut uii AK^aifenllnitiiUcric^Dr» 



Digllizefl liy Coogle 



LibecXIV. rsj 

^^* ?^,Unijii)«iiinini linfiilit {Ui.XI.J.jj. ). Rt&x lutcm AB.tS;* 
AC, AD, AE ciunt A teign pmflo A pnpoidlcittirli Az le periphc ^ ' 



CWM «Bi rrS) fnpfHtu, ionfi,rgit cz wfm/ii triinr»/,j ififalHa, 
■' ''. "^' ^i*>^'tri' tda^HI hipm iafniit povtm babml- 

^mnlfjir pmu («(lu «,(«, Conui enlm quicumijuc eJl pynmi in- - 
'"■li"'*fi?^'' ^™?"''"''*' qion"» lnien I tituibiu ipruicoai ron 

THEOR.EMA VlL . 



4«. EHo coriK reaus BAE, iique TeciDr cLrculi 6ac , eujut areui ht )it 
aqu.li) perlpberi. lul^oi BE ipiius coni , ridiui vero ^ ejulHeia iiterl 
AB.Dieo,fuperfidemtoi)i BAE, fecluii iafi BE , aquite feaorem fcie. 

Demotijfratio. 

Trijogulum BAC fit uiram ei illii infiniti) irorcelibui ; aiqBe initr fe 
aquilibuj itnngulij, qulbus eomponiiur curvi conl BAErupeTfieleiS.47.)i rrg.io. 
Sumii lutem in iitu hc feaorii hcc piriiculi iniiniie pjruafc, qu* KtPfr"- 
iquilij bjfi BC iriiingull BAC, duAoque rjdlo «, cum omn« eircuil n.^'»'"- 
dli fint inier Ct xqusln (i,fr. VII. f. id.) , fitqne ndluj A zqiudb laieri 
AB coni, triingulum bir tequiliieram erii iclangulo BACiicpcoinde duo 
ipfi irlinsula enini inier fe ■qinlii (ZifrV.S. 84.), Igiiur.aim ■rctii frc 
poiltui fit xqujltt pcHpIierla b>reoi BEconi BAE,in latMinguU irolcc- 
lli iriinrailo Im iqoiriii Terolvi poicdt b&ot hti^U, quoi irlinnili lli. 
dem ilblcelii , ulingdoqiie BAC aqiulii (ercil*iinr «icn rnpeifine* «ni 
KAEieriiqBepropTtrcacnm jpfi coni ruperfidei *d leaarnn Ime, in dl 
iriiflguliiin BAC id rrlansuhim ha ( lA.l f. 117:). Triusnlum inieia 
BAC d) aqlMle inii^lo iM. Eigo IpR qnoque csrTi onl BAE Hijier. 
fictei fcdorem htt ■qmUt ( f, 4j. ). InqiM ciun coni refil lcc qaad 
erit oHendendnn . 



49 Id quoquc perfpicuum £et , fi chjrii iii iprciur cuin ruperlieiel 
coni BAE, ut Llli plane congiuii , lum elijiii ipfi io plinum exiendinir. 
Hic cnlm ledonm ciicuU «lubebit leaori htt omnino cquilem. 

Co-. 
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Elementorum 



10. Supcficits .limiram [ani refli nAE , (^Mi bifi , BE , x<;iit<>! 
^'e-Xk& biGi MH peripherlE circuli bihos RE ipliut conl. TilingulLm qulppe 

C0KOLI.AKtlIU II. 

rnw eml rtBi fnpaftdtt adtiut itBasnlm ttwtftnm 
f»t<limmUlenct»l, &fAnBt, tim W'" fi^i' 

fil KqMtUl. 

jt. Blftrlam ncnipe diilfa latcre te.qtiaj pofhiiiiu aqnile bttri AB 

¥•1-10. cBni refli BAE , irDnjTiiiiioqiie Gib fegmnila «B ■ & fub ted* iw, qux 
i^^*'- zquiili; pofiii ell pcriphcric bilcof BE, refttogolo », curvi casl BAE 
"Tiipcificift rcfljnijNlumipruin (B zqotbit. Keftuigalcun quippe n Uxqnit 

iriiTiEu iuiii rn^q [ L,!,, IX. loii) , cni curr* ipGni cosi Ihpei&iei eft 

aqiiilii (S.JO.). 



ft. Videlicet nirTi fuperficiei coni leai BAE eft ti cliculum biGt 
BE, ui litui AB iii ndium bilti BE. Dudi nimque reOi nii ziiu>li 
pcrtplieilc bireos BE , ereSiquc perpendiculirl dm zquili liierl AB, te 
luinto in illi legmenio xn.quod Gc jequile riilio sx,,cuivi coni rupeifi. 
D. cles BAE KquibiT Tcligiguluin re^nguluDi dnii.< §.fo. ) , & citculut bilii 
>• £E iriingiiluni leflin^lum xma (Ljb.X.§.iy), eiiique pioptcin fupei- 
"-ficies coni id iTircuIjni biri , uc criingulam im» id cru^ulum ima . 

titudmem im ( lA. IX. $. toi- 1, Gre uc linu AB ad iidium 9i biGa 
BE. Ergo cum auoqne cool BAE rupciliein nlc «d eiicnlnai biGi B£, 
nt ell IitDi M id ndiain tx, llA L>.77.) . 
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C o\i'OL m: X. X j V M IV. 

ti^tifi tmit tmim nOmm nqiuUi ttfa btiniltm fm 
iireOe iMir.ft, m iifwMm Uair*. 

'SY- Enimvrro i ■eiim ninraf nfii toei- AaeifielM Et >qiuni trUngulo 
rtainsulo,eujuj iliiidda idii^MI litai,fiibdt peilpheti>ni bifcos ipfiui 
coni If. fo. ), rweificln cnnx cononiiL Kftaram cquiilei bircs haben- 
tium enini iiiiei ft.nt trianguli tcfUiij^li lnfinDi xquiUun. H« «uKm 
ruDi, m iIiitudiDti (itt.ixf.ioi.l. Erm lp(ii qnHae cononuu CipeT- 
ficiei mun, Dt ipGinuii bKfH. .. 

S*Hrfila 'tmv* e mrm» nSnrm bAmbm Imrt SfwUi 
-. ' . fit, n tttighen» Ufiu, 

\ .If4-' eiini, ui Rh^nU i«ain|iiI>,qiMnin ihindliinJiittfqujdeK 
COI.0LXAKIVH VL 
Sattrfcitt cKTvit «mrtB rtSgntm IjiKr^ i^fiUd titiNiiM yinu 
■ ■ WreSe iiun yl, M/inmni ia^ rtMi, J»" Aeiwr*.' 

IJ. QiindAqnUtm cifcnlonuB tim mdil, <]Mm dlimeici loni rtfpiSi- 
vt Inttr le, at iplbnivi dictiioium peiiplierls <£iLj£f.ijf., ifj.}. 

PROBLEMAVL 

cniMm ttui nSi fnftrfcitm Utvttinl 

■ r&Eltomiiuii«aufBXE,cu^ii camairupeiGclem dettrminueo^oitMt.' 

Rffolutio, 

iDTenio vilDre peripheii* bilcoi BE tlA.TLf.\e.') , |er iprnm mnW; 
plicciur vilor dimidii liicrU AB. Ftaum diailc wloiem fiiperficlci eo- 
Din BA£, dcmii bili BE. Ui li pnlpfieili biGi BE liicrll =■ ,ft 
nlor dimidll lateris AB £ieric = i,cDrncoai8AEIiipnEcln^iai(k 

Dtmonfiraiio. 

ttSmm ^ulp^e ak nbilmit yilorcm icainiull , cnl conica ipfi In^ 
ficie]cacini]i>(fii.}. 

JHEO. 
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CyiM uni Tim /uptrSclii tdtjuit nVcnlim , »1«! rtiiur fit mkit 
pmptrtiimjtii inter lamt ipfuit ccal, & ndiaa bijli. 

57- .R.ea» EP fit meli» .pApKrfiinili. inicr bru. AB coni ifjic, 
& ridium BD biCt DC «jordeni,,nqot en lefl. EF , vtluti- rjdib , JeC 
ctlbiiur clrcului EG. Dici^ curriin eoni DAC fupcrfi.-icm rqnire chi 
Cblum EG, ... .., .., ■ - ■ 

Dtmmfiraiio. 

Cum mini ciroiruS EC ft »d ^cifculum balii BC in niionc dnflicai 
ndii EF id ndiumBD (i*,IX J. i3i.) i fi.que iiidem Ijiui AB ,i ri. 
dluui BD in rtiione J.pl/tjtJ C|ufd:m rdil EF >d r.diuui BD <lA.L 
Ke- t *177-). e>: eo nin.inifi> quod ir« refli AB, EF , BD Pofin fi-l con- 
tS..!.'"""* " Ptoportlonilej. «rit circuiu! G£ aii circulum bifis BC,ut 
hmt .AB >d nKlium BD (^.7!^) . Curvi .uicm corU BAC ruperfieici eft 
.d citculum bafij BC, ut laiui AH li ridium BD ( $. ji, ). Erao oir™ 
ipft coui BaC fuperficief eriii *d elrcnluni biG) flC, nt id flindeui dt- 
euium BC f= hibci eitculu» EG [Uh. 1. f 7S,) » le protndo couiea IpGi 
adcni ruperfieic, drculum EG >quibi[ (§. loj.). IMque eurvn cooi «C. 
quod er« oftendsndiim. 



R.d,uj EF citcun EG iic medii proporiioiiilii iniir luai AB CooJ 
1. BAC, & Mdlum BD bifit. fKuti etUu. r.dii.. cf circuli in.er Umitb 
+ tuni bttj & ndmni td bilii cjuldem. Eilc-ergo curv» coni BAC fuper. 
- fic.e> >qu>ui e.renLO EG.ftcni». Ciloi iae iupetficiej cliculo ^ (*(7-)- 
»c ptoinde eum lupcrficles eonl BAC erit ad eurTnn Jiipetficieia eool 
«e, M ell drcului EG id dreoluitf « > adeoque uc fflndiatuni itidem 
UF ndu EF ti qsadcailun mf ndli ef 1 cum liujnfino£ qii.driti eiui 
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iliKi ft mionjm li.bnjit , m»in ipB droJilfiifclKJ J igg.) .Hefltnm; 
jua «UMin KHflA eB xqixle qnidnKi MF , 4 rea.neuluoi (.Mj oi„d„. 

k)t, non fi>.diVerf»i.r«ioi.^.qiaar»il MF iT^u.dra.uni ™/. Er^ cur 
.« SBoqM fiip«fid« «Kii BACerJt id mrtMi.rupBrfickm coi,r4«, u. 
Cfl KauSMlum KHB^, nauignbiiD UA*. Inqne eurrx conorum reflo. 
mneEC. qqod.enE^oSudenAiMr - - - 

, .1 ,'C O X O f L * » I w M I, 



Ul G bifium circull BC, it rutrim rqu.lss, fuperficie! conl BAC 
crit id foperfifieiii coni Jjc, ui Ij.iii A» id kiui »h. Cum enlm eircu- 
li bifium nequcjilt eiTc ii]ujlfi, quln eoium itiJem fiJii BD , bd fint 
«quii.le(.(S loOyrcSinKuli KB . kb erunt fioc ipfo , ut liieri AB , 



Cnrv* fMpirSciii rcflari<iii , quoriim latert fsai <t{«9lii ; 

«0. Hjtic enim propoiiionem hibcnt reSineiil.,quibu( fupeificiei Ipf» 
jnopoiltoniiiicr rerpondeni 

■- .T K E O R, E M A X. 

CHrea fupnfrie, tmi reBi 4 ad iinitm fyptrBiiim ifUuiti itU 
iim leSi., ai rrSinj-rf™ nmtentim fiA Utirt M«i,€f 
/ii radis btfna nd nanitllm (W 4Xim- ■' 
ippui tjiixiri.^ 

51. Efto eonut reftui b4e, Bc cylindnH reflui AC, Dlco eonleim fii- n- ,. 
peifiCicD htf -iSc «d ru[Ki£d«D,c]rljbdrlc)m' ABCD, biGbui reclufia, ut <. 
KAinguIiun, W, quotT liib' Utera 4»,SI Eib rUio M biln» eontinenir.TiEit, 
*d lefbngiilun F(r..uun ABCD, . 

DtmDnfirmio . 

r.-va» liypuiJiei;, m raJiu! (/ cLicull rg /ii meJii pioporrionilii Inter ^ 
iuuj ah coni , Sr ndiiiip bi bifii cjufdem , qucmadmodum ctiim nidiui Ri. ». 
circuli £G lni^[J|^uf_.AB C7liiidri,& bifeoi dlimcflBin BC,coalnTaE.ii. 
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£ipnGci« htc ■qmbEt circbiam ttif.fl<),lcBifaB.tid cylinjrin ABCD 
cinuluin EG ($.41.) quimabceai coirin loiierfleln iu nlt ai Cipnfi. 
eieni evliajriaun ABCD , Inlihu leelolii, nt elt eltcnliu id clrftiliitt 
SGi ■deoque etiin ul i{ii)dnlnni « id niidruuni EH t^IX.^.iSS.^ 
Qiudrinimauten tn ■dzquit re&uguluni wk, SfquidiinniEK H5tniil- 
luinABCDC^irr.liut ^lnJe rtiio reOingull l#ii id rtfttngiUiin ABdD 
dlnrla non me t rnlone quidrul m td qmdnium EH-*- Eigd eohick 
GipeiGclet i*c <rit td Gipmeieni eylindrieim ABCD, demtli lutlEiui, ut 
reftn^lnm kb^ «1: te^njpilnai- ABCD tf^lj^ ji-y- Ictqaecntvacaal 
ledl Bce. qoad eric olUndRidiuDi 



n tmni pmlleli^raiBit cnkplemnila eirum pirillilisrJinmilriB* ; 

!». Ji..«r.« »./Ii-« , Ml iiler fi J 

fit- Ptr pinflL^m G Jij^tinjlii AC piriUelogninini ABCD diiciwr teJ 
fli EF pirjllck hicnbm Ali , DC , (t reai HK FJrallell Uteribiis AD, 
^lJi.^ • '^' P"'i''^= """"^ 'P'^^" P""il'=l°S"™n'"" ■l"'f"um lii in qu.iuot 
'■^"■pirillcloiirimnii HE, GD, BG, FK. Dico, plillldagninmt BG,GD, 
quE diciinnir complemenn duorum HE,FKdm dltmetrura AC exUte»; 
tium^ eflii.uitot fc aqiuli.. - 

^}mohjlratio. 

Quoniim irijnaiilj ACD, ACTl riint sqiijli» , ncuti eilim triinguU 
GCK.GCF iUb.n J.ii.), fi tningula ACD aemitur triin^ulum GCK, 
tc tiiiiiEulo ACB iniiiiniluTn GCF, trJptiium AGKD atriuile eril Irape- 
lio AGFB [»n.^'^ii.J.i66.). Tciinguluin porto AGIi lisquic Iiijn- 
guluiu AGH {Lib.i'!.^ II.). Erga, hii fublicii , ptMllelogrimmuU GD 
ptnlJegnminun) liG aqutblc ( 3rt. ^ar. 1. i6<t. ; . ici^ir. ut omnl pt- 
r.IlelDBnainu> ece. qnod ent t^ndendesdnm. 

L E M it U lll 

It oni fiKlb fBl reffi nS4titliim:ttMtal»m JU iitmim linM 
lnermt£i, & fiA Ulin.i^Mi fnfit U^uit nOttgtU, {■« 
fmt tx ititm ItHrt ia raiiB ttrtidanrm fmtttbnMt 
fi^^Ma Ipfum icrmi«Bt!*m. 

1!;. Hda conui ream BAC, In qub duab plino DE clrculo InliiBC 
pjnllcki, rpeaeiui ihilluin RDEC . lUai .utem FC Gi di.meter vircnli 
^^- \ciiculi> Di;. BC pinllell , uque bifiriam divyertii liien DB .ECipTiui, 
"° '"'■fmm . Oico , tffljngulum contenium fub ceai FG , Bi flib Jtlere DB' 
fiuJliCDniciBDEC) squtle cOe KaanguU) finul IqBIIi , qua Guiie n eo- 
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don lucwDBiD nillM DM, BHdiculaniBiDEi fiCGiifluB ipliim ttr-' 

Dmmfirtaio. 

Cum tm clrcvll DB,FG,ItC pDnd Tanc panlleli , eonim diimctriDE.' 
FG.BC ineodem plino BAC exiHenies ttutii inter fe pinlleljt (f/i.m. 
S-iit.). QiiiDobrein eiii D£. Fa = AD . AF, & FG . BC=:AF. AB 
iLH.IX.^.j').). TrM.utein reaie AD,AF, AB {a.a. inrer ie .ridiineiice 
pi-opumonileifiii /.^.isi.) i ciim eirum eicelTus DF, FB roliii (im «qui. 
lei . Ergo irej quoqLe DE , FG , BC inihmclice inlcr fe proportlon.Icj 
eninii ic proinde runiini eiiremiruiii DE, liC dupla eiJi mediEFG (f.i^fj 
E(l lutem ipfi eidcm fuinmi Jiiiruin DE , liC dupli rummr ndlorumDM, 
KH . Er;o rummi rsdiomm DM, BH zquibii mediim FC . Quipropiet 
Rauieulum cancenium' fiib lefca.FG, & fub iateie DB cquile ecic reftia. 
gulii Onul liimcii , qu2 fub Mdem liKre DB , Se fub ndiii DM , BH ctnu 
tlnennir (0«.^(f-^ 1^6.). ln osuii Igiiur rniHo conl lefii ttc qubd ent 
oDenJendum. 

TH£OK.EMAXI. 

. Sttnfda fnlU cadrtSl tS *i f»Hrftimt*lw^ittMt,Mt uSai^nm 
mlnttm. fiA Uten fn^ t& fi^ dlamttn tirt»U frtfbim Iffim 
in meiie iMiaatt , »i rtWaift»m , qni fuh liieii ttim 
tni , & fii hpi rtila imiatmr . 

S!t BDEC rninum conl reSi BAC, quod pec medium dividiiuc ■ 
cirailoicujnidiiineter Tn rea>FG. CanHimiiur auiem Tub leAi BR,qi!z 
tt&m (dc^ FG , Se Tub lnece D8 ipHui rruHi rcdmgtilum HD , Tub 
lea* veraBNzqBitl ndio BH bireoi BC.S: liib lnere AB conl reaingn. 
lumBT. Dicoicumm fupeificiem fiulli contci BDEC erTe id Gipuficieo 
cumm integti caai BAC , ut elt cefti[;giilumK.D >d refiuigulum BT. 

Dudl la pirilielogcimmo BT diijutiili AN, * pec funflim P,in quo 
jiigondit ipTi « Iiiece DX picilkioscammi RD feciiuc , tdli Ijnri- 
bniTN, AB ptrillelogramml BT patalkli, cum tam icfln D\1 l^r j,l rc. FIe 
Sim BH, quim rofli PD id reflam KB, ui rcgmcu(.im AD ad ABTib. 
lUbJX.9 erit DM. BH = DP. UN ! iit. ( S.7« )■ Eit i-i'cm P" 

bypDihetimBNs^sBH. Ergo erii quoque PD = DM ( S. 1 18. ) i aiqui: 
ideo pmllelogiimmum reOiti^lum DS coniprehenfuiu erit fiib lneie AD 
cooi icai DAE, & ub ridlo DM bifii ejui . isiiuc rbrvi Hpcrliciu co. 
Dt BAC eilt id cuinm &pRticleni coul DAE, ut reaingulum BT id ce- 
ftiDEulam DS C & ii-olienia fer tnvtrfmtm ralinii fupei£ciei 

Anw.Mwtr.Vi. I fniSt 
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fivfti «micl EDEC crit id aipeifieieai totiui eoni BAc ; ut reaitnulitiB ■ 
BnQP (imul cum rcftjnguio QPST ad rtflinguluin DS (Dfr. J 5- ill. ) . 
Ilea.ngi.lnm luiem QPSf idrquii tcajUE-ulum PVBD (J.r!i.) I 3c ledlsn. 
gulum PVRD lllud eH, qnnd r.ib Iilere DSS, & Tub ijdio DM cir^^uli DH 
conlinetur . Ergo fiipitficiej f.ufti conici BDEC eiit ai cuivjm fupctfi. 
ciem Iniegil coni EAC, ut leajnguluni BKQp uni cum teftingulo BVPD 
>d reaiiigulum BT. Duo poiro reainsula BNQD , liVPD fnSa ti Ijtere 
DB in niliot BH , DM clrtruloiuni BC , DE njnul fumti idnlnjnt fe.: 
dingulitm BR.XD , guod fub cliimciio FG cimiK lnicimeiUi , & Oib 
eodem ftuHti [liere DU continetui (S.iSj.). Ereo cutva fiufti conici 
BDEC ruperficlet el! id fiipeificiem inregri coni BAC , ut rfainguluio 
BX id icainEulum BT (Lih. L joi.) i .deogue fupeificiei Src. ^Bod 
CTU oflcndnidum. 

,T H E O R E M A . Xlt . 

SMftrfi^iJrl^ UBi rtai aitqutt lire^tM^aiiMt ttilts fil 
mtili pnftrtioatlii inlir ilimilnm tlrtali iturMtiilt 
Utni ipfai frMfft. 

pj I «i. Diameter circuli inierinc^ti m '/nillo BDEC «mi r«ai FAC lit rfc 
Fic 9. ™ ■ 'P'""i •UKni EG» * l»t>u DB ipCoi fiuffi niedi» prbpor. 
Rj.,,. tlonilii Gi ndiui elinill tt . pieo ,.eiimn Jflpcriielem fiuai confci 
BDEC xquue clrculum at., 

Dmonfiratio . 

_ RaJiuj ii eircuii Jf fii media propottionilli Inter Iitus AD regmentl 
^cftnlci DAE, ar tadiuni DM biGi ejus i fitque ptopiere» euivi fiipeificiej 
cooi DrtE circulo Jf xquilli (}. 17.), Qjodl.m igliur ndins efl me. 
dii proportioniiii iniei ie£ljni FG, lc iiiuiOB, leaanguliim R.0 Gibhli 
leflii contenium rquile erlt qnutiito mb (Lib.Iic.S. 11 1.) p e.ndemque oh 
avtim lefl.ngulum quoque DS fub fiiere AO, * fut re«j OP ridio DM 
squili comprehenrum iquabit qnidntuni «e radil ilt . Supcrfides iiuiem 
ffuni conici BDEC eft id rupcificiem coni DAE , ni rsfljngnlum RD >d 
teCUnplum DS (J.«j.) , Erao rnperfidlB fnilli eonid BDEC erii quo^ue 
■d fiipcrliclem coni OAE, nf .quulnnim wA Id quidiiium n . Circutui 
porro dc eH ad ciicolum i/,ui qiudntnm id quidiitum nr (§. ilt>}. 
Ergo fiiperfieies fnilU conid BDEC erii >d fuperficicm cnni DaE, ne dr. 
cului ac >d ciiculuni df (iii. 1.^. 7«, ) , Si aliiimndc fupeificies fiuHi Co- 
nici BDHC eilt id eirculum , ui rnpcificiei coni DAE ad cireulum rf/ 
(^.1=1.). Pofulmui >uiem, fupctficiem coni DAE »uaie ciiculum if. 
E(go circulo qugque tfc rqualis eiit euiM frnlli conici fuperfieiei BDEC 
<S.4I.). Inqne fupeifides {tc. quod er>i ollendendum. 

THEO- 
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THEOB.EMA Krir;- 

/ t f"* * """"'""i M rfinww» (ni«« latermedii, * 
J*" W'" aii na»mfd*m ptr »xtm nlktri . 

firf™ '^' ^*^- '»».«'1'» ItipftMm eHe >J rapet. Rg. 8. 

V ■IS!'"!" '^*^ ■ feainpliM RD cbnttwnii. fiiS I.ten! D3, Fig. 1- 
aanBulum ABCD pec uini ]i>ai. c;Ilddri . ■ ■ 

Dmmfirath. 

■ th.eaaii te & medii proponlonilli inier I»t«» RB, DB i* 

«•nguli RD, * ndto. EF eirculi EG fit medii pioponioiulls inter liiui Fig. s. 

AB, & Inm flC ira«nBu1i AC 1 fitque propierei rapetficiet fVufU coniei Rr. <- 
BDEC zqtuUt eirculo « «j.J, & fuperficiej cylindri AC ntnll) e\t.'^^''- 
citloEG ((.4i.)- Ut eigo eirculus ae circulum EG, 1» erlt fcpeifi. 

dd li&Hi canicl BDEC id Hipcrticicni cylindri AC. Orculuj lUtem ac eft 
«d ciiculum EG , m ^aadr jnnn id (juidrnam MF ( Lih. IX. §. 1 SB. ) . 
E^^Siperficics qnoque fruHi coaici BDEC eiit id fupetficJem eylindri 

AC, 'Lt quidntiim «i id quidniuni MF I.Ub.L§.^7.). Ut ■uien) quidri- 
■um >d quidritum MF, iti teainguluni B.D id lidiinculam ABCD 1 
<1IBt teain^um IU> lit squile qunJrito aA, & nainguluni ABCD quK. 
drUD MF (£0.» f, 111.J. Sip fnperfieie) finIU conici BDEC cric itl^ 
Jem id rnperfidem cyllnilriciia AC, nE leaingulum RD id teaingulaia 
ABCD im.lS.Tj.); SupecGcln Itiqiw Ac. qnod ecit oOendRuIuiii. 

L S It K U 1 r. 

. amui (hIm fktaftietj qtm S^nMur a UteriiMi frgmennm fcimtni 
fshgmi riitlvb ea^iiaaliMt, 111*1 cirt* pirptndiciiliirtnt t]ufitm 
radium revelHih , linqumt faiMl fmart curaiini fuperfcitm 
tilindTi TcBi pndnai a rtSmfklii , ciij*i alutada , circi 
qnm relKlur, cadtm fic tam all/wJiiic Wiii ftzmcnti, 
buf„ vire f„ cj.fdcm pobsm i,Ic,m,. 

6y. EHo ABCD iigraeiirani perimciri polyEoni reeniatii . quod concl- 
piirar levoIH ciici. ejuCl 
llllenteai ■ Sub eidem ouiem eliiiudinc 



tur , Ini^imqoe ceroiuiioneni compleii . Dico , omnei canicis fupecfi- 
ciOi JUE in llli Kvalallone pcoducnninr ■ liieiibui AB, BC| CD, aqnb 
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ijs Elefaeqtocum 

K Gmnl fiiniH enmm rupeiGclen cylladri it&l i lotinte n6Ua: 
fdv HKEA Gnud cffidtui. , - ;: 

Deimmfiratio. 

Vn ponai B,C docinior reftB Gt,F« pinUelii IjKributMA , KE reJ 
fiuigDli HE, itque tieo li te&o) inguloi liieri AE infilteniibut . Tum 
1 ccDico £ li punftDm B duAi rCOa EB, cum refti EA , HB fmt riHi 
poIygonL iwutirit , eiunc inter, le iquiles ( lA. IX. §. 19.) , ic pCDinile 
tclangulum £EA erii llblceles (,Ui. F.l.iyi . QiiniDbceia , E ib eodeat 
ecnirci^ in lin» bK cidai «iiim, live rc&i pccpavliculails Ei, hic ti- 
tin ipGun bifiriam diviiiec (f. 7!.). RdcIui qaonlun triai^lum EiA efl 
icaan^lnm , imllk peipendtculaci .4t , tciangnlum £ab limile erli trlicb 
Eulo Aib llii.lX.f.7S-)' TrUngulum lutem ABf Gmile dl rriingglo Ajb 
(/■£).}, oc eoatrainim ^oi a&nb Tic bili Bc -paelUeli [jUfci^f/io^. 
EcEo Echi^nkun Eoi limtle qiaqne eiic triingulo ADc(£ihIx'> ij.) i'ln< 
bebuniqne iddcco IiujiiGiiodi criingula Etb, AB( litera cim iiqualei an- 
SulosBit, BAc prapaitionilla , vldelieet ecii Bj .<t=BA. Ac (^.i.). 
PaGiit lUiiem qtutnn reftii, iLneii pcopoctinnaUbut , refiiTigukiin CKtremafc 
rnm idequat le&ingulnm aKiliiiuin (§. 107.}. Igitur, cum refti Gc adis 
quec auuiaE»lS}w..Mt.i.i}9-), « eu quod lii Ge = KE (ljli.if.§.io), 
0EperhypotIiefimKEaEd, rei3inguliiia Hi conKmum fab exicemisEd, Ac 
oquabii rcAinguluin (/ conienium fub mediis ab, BA . lt.eainguliim por. 
» Bb conientnm fub cea< Be, & fub eiilem JIA duplum «II rhtingsli nf 
(Ui.Mr#.9J.) ( cumllt B(. 46 = An.Ai ( 5. J9.)i jdeoquc Bc= uA , 
quemidmodum per hypolbclim cH llA = :dA . Kjiaingiilum quoque HM 
duplum eli tetiinguli Hc (S OI.). uipoie fiiper diiplim bi(im , & fjb ej- 
denl ihitudine conftimtum . Jirgo rcainguli Bh , HN etunl inicr fe ique. 
lia (LS^I.§. loy). Minilellum poito cQ .leftini^ulum HN elTe teiiitigulum 
ner iiim Fvlindil yeSl Diodudi a roiante reaingulo HGcAi redin^ulum 
«ito Bb compreliendl fub liiere AB. 3: fub ridio Hc bifeoi conl ie»i pto- 
dDfii a loiante liiinEiiIo BAc . £ieo conici rupeificin ^cniu 1 liicie AB 
icit id cylindiicim fuperficicm pcodua^in a laieie HC^ , ui eil leftin 



Si.). Huiufmodi luiem lel^inEula onenri 
fupcilicli! ciuni iniei fc iquiles [#.^5. ). 



ilni xaiiJLia. J^iiur ipr-c quoque 
R n n 1 

E acdel 

qLc^^iil pc.pend.culum iniiftenle tsdio^AE (iit. fj;!^, 14.) , nec noB demifTi 
ei punflp U ia lefhm C™ .efla Br . qui lii [«cpenJiculjrLs rcar Cfl , ic 
ptoiDde eiiam rcAi: Gc (ub, 1^.«, 16.). liitiiilquc pmlleli icSi: en ob re- 
aitudincm anauloium inicinomm clic,ncE(S ^-J.quoniim insuli Glic,iyB 
xquilei rnni inict fc tLib. III. n-) . uipote tefli ( 13 ) , licuii eiiim 
angoll illerni GBd, Bdm (,ljb.lV.§. if.), his rublitil, etii lelLquus CRl 
lellquD t>4£ c^uilii (ijx. j, tes. ) . ^nUes fivu aui^ etiim duo 
BiG 
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B(C,i)i»iE(IiJ.lII.J. j7.), quoduieique fli le&us (J.ii-). Ei^o teliquni 
llidcm BC( Itiinsuli BtC iciiquo dLm IriinRuli JmE arquilij eriifiii 
V.j.4«.)( ae proiTidc Juo iururmDdi Irianl;uli erum fqutanguli ( (deo 
que Gbi miituo fimilia IX. i- (6. ) , habcbuntquc litert circi aqnile 
■i^los CBf , Lim proporiioniliii ( S- I. ) , erit nempe Hd. im =3 CB 
Bc, five EJ. ifn = CB. t* (Zri.I.S. 111.), cum fic Be = (11 (Iit. »-I 
f. 10.). Reainguluin igiiur GFsr etiremiium Ei , n iquibii reaini-u 
lum lO' medliiuin iln , BC ( Lii. IX, §. 107. ) I icque idco eiiim refiin 
gulum GM duplum reainguli Gn zquile ciii leAingula d:i iluplo reftin 
guli ij (Uli.l.§. 103.) . Jim luicm piicl , reaingulnin GM cfle rcflingu 
"liiin per iiin cyhnilrl tcAi pradui;)i i loianlc reAinplD C<i, & rcftiii 
guium ix contineri Tub lii»e SC Rulli conlci geniii 1 loiiuie tnpcilc 

diviJenti! . Ergo curvm fiiperliciei frufti conici proJufli i l.iere BC er" 
ad fiipcrfciem cylindrl Eenitim i Iiicrc CF, ui cn Fci3ingulum ix li 
reaingulum GM ($. 6e. ) . IHi lutcm reain[<uli funt imcr (e zqualii. 
Illiiur lilz ouoque fiipeificiei eiunt inler (e icquilej ( liL l. f. 4j.) . Eodcm 
mndo oHcndim.ruperficicm fmni conici, quE i^ii^niiur 1 Iitcre CDicqui. 
ce (upcificJem cylindTicani , qux 1 laiere FK ptodircirur. Lrgo omncs eo. 
tiiea (iipeificiei, qui liunc 1 litcribui AB, BC,CD,adaquinc liaiol Gim. 
I* cyllndileini rupeificieia gonitim 1 laicie HK t te poiDdc omim jii. 
pnficio GoDicB lic, ^i»d ent ofleiidendun* 

THEOREMA ItlV. 



Dtmoiijiralio. 

IX. (.149.), ircui UMA q^uidiiniK circuli' EMAD rpeairi pmaft^ ve^ull 
r.gmcr>lum pcrimerr, p«lygoni rsgulirli ; ic proinJe .el.r, conHini ex f: 
lnfiniiii liicribus.rive refl,! hnt,i inlin,l!i pai« mign,iaiiinis. Curv.i tu 
lem hern,rpJi*m KAE iupcilic.cs ONiur ib itcLi BMA qusdnnrii RMAD 
rDtinris c,i« immorum u Uum AD l L'h. m. §.6a.) . Er^o curv. lismif. 
pfwri, I! Ml ruperficic. compoCii erii Infiniii, rupcrficicbm conic» gs. 
miii in illi irvoluilone ab ilUt limibus ln(iniie pnrvii.qua irniDl BMA 

conR,iuunE. Omnei luiem hu-^''..".^- r,-^.c..:^ .j-... . it—..i 

Sumii cufvjm fiiperficiem cirt 
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134 Elementoruin 

WtituriWJenieBwnnltituJineqiidiiiiii! gtnuorl! nMAD.biGtvtfo BD 
eft Mtetni bolycnni.ciiiLi penmrui uni poiiio ellareuj BMA.Hrao eurvt 
rupcrliClei linniiph]:rii DAE iJcqiiat citrvjm fuperficicni cyliAdcL eircilnl. 
lcriptl CBEFi adcaque curvi <\i!od ciu Dflendaidain. 

ConOLLAKltiML 

Ckckj himifphfii [upt4r:c! 4 iq,i.,ll, tia^isuU [uh illius Ti!ii<t,6- 
jub fiiipli.-'u tmoli b4w lamprcbtnfii. 

e». VM\cet ciirv3 rupcrl^clci hcmlCpliiril BAE c^ xquilli icftingu. 
lo conremo Tiib tidio D\,St riib pcriphcrii circuti barcos linE.Eicnini 

i;;, , uiiOi AD idsquit lilu; CI3 cylitidri BCEF ipli hcmirphiriu clicumrccl. 

■raL..ii.pri (S.ij-).idciinlucclcCLilu! BSeft bafii ulriurquc [j.ii,). Sapcrficies 
lurcm cylindn liCFn, bfibu! fccluGi.ell aqmlis reiSingulo comenio fub 
liicic CH,&fubp;riphcriabifcoi BGE£{.iff,). Ergo.cun fupertlciei cur- 
vihcmirphsrU UAE cucvim cyliodri BCFE rupcrliciemiJituci ($.eE.;, 
eiilem ip& fuperEcics redingulun) (ub ridio AD i Si fub pciiphcrii bifeoi 
JSOE comprehenfum xquiblt (Sjiap.^lg. §.iti,). 

CoitottABitiM ir. 

ClrrM fapirSciti htmifphiirii tdtquii ririiilum , tu)us rniiui fit medJa 
frvfmisnalii iniir dimiiTum, & r.i.l.fm ipfmi /j:™;/r'jr"'. 

70. Ui n inter dliineirum Bn , .\ r^dium BD titaHfphirii BAg ini 
r, vcniiiur mcdli propociionilit , hic eiit riJiui cicCuli , sui Cuoi ipliul 
4^*1: ', hemlfphHii fupirliclei cquiiii ecil. Hunc enlnt elmilum idxqnit cucvt 
'fupccGcids circumicripii cylindri BCFE {^ia.)itiaa liiui hiijui cylindrE 
ab hemirph.Till ridio, At diinicter billt ejurdciA il dlimetra tilcdpti li^ 
ttiifphMil nna diSennt ({. ij. 

CDliDtt.AlltT»U Ilt 

Stprrtiiit fpbtfil aidjuit ciirvam/iipofitititKlUnirifiitinMdlieTifil, 

■jl. SupnficleS nimirUiM fphirr ABHE tJ«4uil ttirnW rupeifieicDl 
(ircumfcripii cylindrl CGKF. Oi cnim fupetficiet lotluf fpbir» AEHB 
cfl dupb cucvx fupcrllcici hcmilphziii BAE, iu tarvi fupcrRciEi cy]ln< 
t- dii CGKF toii fphrir ciraimfciipd eft dupli eurv» fujiecficlei eyllndd 
if: ,.BCFE Ciicumrcflprihcmifphiiio BAE.CurrnntenlfuMiwiciheniifphErii 
BAE wlxquu cutT>nifuj)«iliciemeyllndriBCFEfiU ^rcnmfetlptl(f.«8.). 
£iEo rnpM6«iet quonne lotint fptxrx ABHE ninia liiperEekn it^uUt 
cynndri Tibi clrcuinlcrifll CGKF ll.ib,tf.ttl.}, 

Cq. 



Digitized by CoOgle 



Libec XIV. 



C O K O L L « 



71- Videlicel fupfificifi fphvni ARHr. i.lr<i'<': rjnjii^u^ijm coniffl- 
mm Tub diimeiro AH,* fiib' pcnplicrii clr:u]i uniiiu llll, Ciim emm /'E-' 
ciicului miiiniLj BE adiquet cicculum bifcoi GK cylin.lii ipfi rphr.*'"^ 
clrcuflirctipii {J. 11.) , & diinieier AH ejulUcm cylmJfi litui CG , te. 
aingiilo conioito {ub diimeito AH, lc [ab petipherl) diculL OE curvi 
ciicumlcTipil C7liadrl CGKF zquilii eili Huie ■ntem cylinJilcs 

fnpeificlei eqViHiInperlKia inlcilpis fpbnxABHE (f 71J. Ergo Tu- 
puEciHlphvicABHEiFiiuiiquoqiiei^u^luili K^iU!t.{l>in>i(lci.f-ifiU^ 

COKOLLAILIUH V. 



Uc n n dlimMro AH fplixne AMIE, veluti nlio , drcalai de.^'*- 
fcnbiiur, rupEiRcl» rphxrc AOHE nii cjafinodi eiroiio ■qialit.Hunc 
cnini circulum tdcqutt curn Inperiicin ciFcomrcrlpci cyllndri CGKF 
(J-JI-) > tui ipft IphliE fuperliciej eft xqualis ($.71.). Ergo (phicia 
quoque ADHE rupeilici» circulum ipfum xquibii. 

S c II 0 I. I o -K- 

7f. Ei eo, quoJ (upeificiei rpliira iJiquct circulum ei UUus diime- 
iro, veluii ridio, deiccipium, maniienum eiiiciiur, quod ilibi iliicr Je- 
inDDl)iaviinui,i)i6cntrni nemps fMpirficui tS' I' ^ ma*e inpUmu 
fiuuKm iumeimtm cnm Iiiiie niiiniein lubeint inier lc ciicull,qiii et 
(•inin IplizRiuia dlunonii dsfciibanmi ,.qDoIiiie ^zries Iplz fupeifi. 



S»pir6iiii fpbtrt ifi qaiinplt circiili ni ea miximi. 

7t- MlRiinim fnpnficlet fph«zAfiHE ell qaidiupli circoll ln nmtil- 
ni BE. Cnin enlm iljiui clteuU quidiupU fii enrv» Cipeificie» tito"^'^,, 
ftilpti cylln^i CGKF (f.%i.) !|u.io infcHpi» rphira ABHE ruperficle'"*' " 
*d^Eu (f,7i.), cjulilna ^uaqut circnli qnadniplun elb IpGui Ijihirc 
&perG(lmi,-GODleAviiiin *ft (£iti$.ioi.}. 



■3« 



Elementorum 



s c n 0 L I 0 n- 

7€. Id porro « eo ciiim pitet , quod drculi in rphcn mixtmi nutl 



fphcn Eipeiliciei(f 7;.).Er^ (fhsis ^uoijiie fuperficio quidnibla' cfit 
«Ireuli in « miximi CiJt.I.J.iD!.). ^ ' i 

PROBLEMA Vli . **; 

' OrMM fitirfcicm bettifybitiU dimmSunl ', 

77- Deierminirc oporint vilarem cnrTe rupeiGeicl hcmlffhxTU BAE; 



Invenio viWe pffipherlz eircQli huuibI fCP $ 40.}, V*kn 

.hujufmodl pcrviloicm radll BD mulilpiicetur . l^aom dibit iilarcm lii. 
perRciei qualimm . Ui ll pcriphniii.muimi ciwili EGE fitcrlm, & 
Y4lorndiiBDrucrUijv>lar airvc iiiieriiclcl hmUfflueril BA£ crlt s 



Curva nimqne Gipirficlei' LcniifpIiEril BA£ idxiuic reaiii^m',CD^ii 
valar a prDiiufto li eipilIDllur, ($,^9.). 




Rifoluilo. 




Pemottfffiitio- 



PiLO.aL.EMA:Y"I- 




peripbeiii circuli miiimi BE fiicrii =a g, & 
ficlM rphirc ABH£ cii: nb. 

Demonftratio. 



FiSum quippc ik eiprimit Yitorcm leilanguli, cui rphtrica ipf» fuper- 
litici cll aquuis ($.71.) , 



DigllizedliyGoogle 



Libec XiV. ij? 
Bjfolutio II. 

iDTeniinir tiIoc nuiiinl ciccull IpCui fphEr* lum valar 

IiiiJuGiiodi pcr 4. nuikipUcmir. Fidam Jibitviloiem Gipcrficlel IpbTrics 
qiMfiiun . Vilw iKalpe rupei6clei ABHE eili =s fi6 , fi nloi ciiculi 
u «k muloU £iMii s; «k ' 

Dtmmfiraiio. 

■ SiiperfiCici TiqiiUeDi li>Iiinc dl ^xlRipIi elinilliallliraulinl (S-iyX 

T H £ O R £ M A XV. 

Si dJm S^Urt HnMmfirlfH hbMir (ma 4ifiUtmh D: ■ 
tjlMmi fi^trfaa nil fmta fimd ns itfitt rimla ' 
eril «t ftfirSdtm iitiairt mu am iifihu Im m. 
Hme fiftttttttntficmi ttla» fiferfkui aimM 
Km am btf^t ,M l^irftiim f^nM.' 

Splicn MEH elicnialciipti hbMatiii conat a«dhHraiBAC,ftcylln>' 



7f, Qlco Bilmo fupeilielem coni BAC fumiim fimul cain eirculo bi-_%- >• 
&» BC, tSe tn i.iioiie /f/j«4i(cr« .J fuptifieicm cyliiidri FHKQ um^'''-"' 
com bilibui FG , HK. 

Demonftraiio. 

Quoniim conai eH cqiiiiiieim, illiut lcSio BAC |xr iiim erii iriiTi- 

Elutn squiliierum (tii,Jl. j.j9.)i ic proinde rcai,live iiii AE.uipnic 
Ti BC ad perpendiculum incmobeni. iBguIum veriicileiii BAC biririim 
diyldet {Uh.y i.io.). Diift. igimr . ecmro D id injulum BreaiDB, 
Ciim ridli DA, DB fini zguiln ( Lib. fll i.i".), iugiili quoquc UAB, 
DHAiniR fe i^uilci enini < Lili. l'. i. 60.) ■ Duo inicni m^M I1AC,ABJ 
■quilet fimt Inicr fc ( Si. ) . Ergu eii«a Juo inguU DBE, EAC x- 
qnilet crunt i iS.)icunique in^^lu! EAC in^umEAB idiquei, 

ut modo vtdimus, ingulu] ^uoque DBE .ngulum BAB zquibic. lairliib 
eulii itique ceftingulii AEB , BED duo insuli BAE, OBE funtsqua- 
Us . Comiaunli luiem utcique eH ingului reaui AEB . Ergo leliquui 
ingulu) ABE Dnlui celiquQ angulo BDC ilierlut xquilii eiit ( Lik. Kf. 
4(>.)> duoqua ipla tciangul) ccunc inicc fe mutuo xquianguli ( 19 } 1 
■d^oe fimUlt i lA.aL , tuibebuBiliif lanii ciiu «qudn^n* 
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Elemeatomm 



gnloi pfqMnionilli, <rit mmpe DE . ED = AE. Zll(f. lOl K po- 
Inde qaidHiiiin qiiD-;u8 liictii erlt >d quidriiuin liieri; Gn, ui eft 
qugdniun latcrli AE ill quidrirum liiciis £li (Zj1>, L iS?.) . Mini- 
leniiin fona eft, quidriiuin laicrii AE tiiplum cITe quiilriti liierii BIEi 
cum quaJncuni liteiii AO dupli lacerij BE ptr Iiypoiliefim fit quidiuplum 
quidciii ipGu^lttacli BE (,lJlulX.S'i7i-Ki'.<wi"fta.tiu(ieiaMe' 
tii AB quadcm iix:;i,et liteiuin AE. CB limul fiima .r.UkYl^ S.S7->- 
Er^o qiudritum guoquc hteriillE (tlplum «It qutdcnil liieriiDE. Paica 
elicull runt inicr fe , uc quidcit^'. Itiaiuili^rtdiDniin ( Uii. IX. itl. } . 
Erga ciccutus dcfciipius n liieci T.R, &n c^iccului {Mfeu eoni BAC.erit 
iriplin cLiqull liicr» pG , videlicec eiccuU In fplurn miilnl MEN. 
Cutn lulem nini BAC ruperGcies ell aJ cicculunt bsrcoi , ui litui AB 
id ndinm BE lufii ^ (g. idc^nite {n wtpne dupli . Etgo cucn 

conl BAC (iipecRcin erli id muilmum infcripic (jhax ciiculum MEH, 
ut i! id i-t.wqoR «dea.lplik adeis^cuiva Cipccficiei coni , fumu runoi 
ciim ciuGleiii- ufi BC . eric.f4 >'''™'^''> o»">°ui>i infcrlpie fpluccc 
HEN , Dt 9 i^f^ Cviftit.auteia,eiiiviin liipicGciem cyllndri FMKG 
eHe ad dccukiEiv.iivxiiiu]nL'MGN .<lqrdeii\ Tpliitrs^. Gbt.lnlcrlpi« , ut 4 
•d I (f. ji.) I rda[|tinafiw4clidmip|>R'ptvm.erlIf Jrl uni cum ^ni 
bifibui elb ad mailmum IpliarK. drculun MEM, uc £ id 1 1 eum cireului 
bilii adzqiiec cliculum. manimiiin. tphm iffi cjflindro inrcripi* iS.3.]. 
Ecgo curva ruperficiei cDni BAC una eom eircula bileot BC.erli id cur^ 
va rupecHciem c);Und(i FMICG rumlin Gmal baGboi HK, FG , ai 9 
id i, in iitlons airalnia fifquiiUlnA, 



80. Dico 1 , ruiwliclem erlindcl FHIO: nna eum balibui .MK . .FG 
Elle Iti riiione quo^ue ftftnlalicrn ad flipccficieii fybxri fibi lnfcii- 
pii MEN. . . 



FHKG 



Jcflimlitra. Jiiquc (i cidem iphirE S:c. iiiad ecac Qileaacnilum . 
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THEOJ1.EMA XVL 
Cun^ [•(crfidts ft^cnii ait<i«at mvii'* ^P^jf"" 

fpb»*,clit ipftm frsminaa rfi ptrih. 

Si. Sit ABC r^mentum fphirieum gffliltum ex rcvolcitione uaii AB ^'f-'-'- 
Clrci riJimil BE . Dleo , tsrvim illlui fupttSdem ABC «quire turvimTab.ij. 
CipecGdnD eylinlrl reai KHML prsduai t naingulo KHDB , cuiut 
tltltudo BD eadeiD fic cniD ililnidine IpHiti figaeatl , birit veid HD fit 
kquilii tidb BE rpfasU! , cujui l^mentuiil ipliiDl Iphxricuu ABC 

Dmonjhaiio. 

EmJcmeftcumitmor.firjiioneTfitor.XIV.IiijiiH. Curvienim fuperficift 
fpliiricl fegmeml AI<C CDnfurgli ei InRnltl) cmicit fupcrfidebus jiiadu- 
Sli ib inEniiis illii liteiibui, srcum genitorcm AB connicmiut. On- 
Mi Uitcm hujurmoili conica fuperltciei limul liiinta idsquant Carvam fli> 
IKiliCiem c^lMrl geniii ■ leflingula KHDBi Eigp tn. loquc corvi fiu 
petEdn ftc. qnod tnt cflendendiiiD . 

CoitOI.l.ARIIill. 

Cnrot fnptrfcici frfmiBii fphtriii cfl tqaiUs nSaiaU tsmpreinfy 
fab rc£li,iiux fi: (^«i.'ii pcTiphirit maximi (ircnfi /ii&cri(,c«iu 
If/aW /i3J«ii(.« ifl pornfl, Cr f^i ra piric rtiii, qiat ijf 
ipfas (i^msii eUiindi.. 

81. Curvi niminim fjpcrficict (ct^rnenti fpfisrlcl ABC adiquit te^an- 

Snlum cotiicnnim fiib reiia , quE rit xquilii peripheriB miximl eircull F t.ij. 
phlixAFNG.arfub itiiiudine BDipfiui fejimenti. Ejufmadl nquldcm re.Tab.i'. 

gnll KHDIl circi liiem iiit fegmeniLm BD (9. l8.)i cum propter hypo- 
thSfim hujufce eyliniln bifis fii ciiculus BHiimUi ipfiu» fphicii BTNG. 
Curra luiem fgperficiei rcgmeoii fphErici ABC idlquit curviiB fiipirti. 
eicmcylindri Eirniti ex icvoluuone i^ainguli KHDB Ki.). Ergolin; 
Ipfi quoque legmenti rphxrlct fupeificiei (caiaBuluiu lUud Muabitt^^n 



t>tLd- 
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I40 ElemeDtorum 



.PROBLEMAi;[. 
tiavm ftffrfieltm fytumi fttmiti imairei 
B}. Dcifrmivirr Oponcit cnmm iiiFCrGcicm fetmnill fphxrict ABC 
Rjl/Ql$llio. 



nmiii fpWici ABC ed o^u tf.li.}. 

THEOR.EMA XVII. 



In rplim BFGtl ^caciur rigmainun ABC goiiliim » reToluiIo:; 
ne iicDi BA eire» quielceDicm dliaietRua BN . Oico , eumm liiperG. 
Clcm legmeMi ABC ■qniic Clicnldm i mjiu ndliu lil choida BA ipfiut 
BTciii gcDiiorli AB. 



Dmonfiratw. 



«idjm rc;rnjr.io BD jii, , & fub reaj HD , qni fphm» ridio 
ilii ri-rirr:r::.UL:r ralJnguluni KHDB, «que a pnnao A ad exlrt- 
■ diiTOCiti liN Jucirar leai AN. Quoniira igilur ingului BAN, 
in femidiculo confiHfni , ell reftii (Lii. r/f. S.71. ) , irimsulum 
it reaingulum (Lib.v.^ 19.), cumque per fiypoiheliiD rcfla AD 
1 HN pcifendiciiliris.clioidj BA crit medli proporiionilii inier 
Lm E^f, cjnfquc fc^mcmum BD [£.4. 7*. ) itc oroinde ciuni 
..mcirumHM b.feos cylindn E™li " icyolutiot.e fea.inguliKD, 
ciufdcm litus KH I cum per hypolhefim fit HD = BE , ideo- 
ID = iBE, fi.e HM £=i BN, & KH = BD. lenur ctirvi fu- 
1 cyliudri KHML zqualii erlt citeulo , cujus ndiGi lll te«i AB 
I . Curm luien fiipeificlei regmenii fphificl ABC adiquit cur. 
peificiem cylindri KHML (.§. Ki.). Ei^ eunii fiipeifieio fcgraen. 
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LiberXIV. 141 

ll ^(larict ABC clrculuRi quaque xquiblt , cujus ridlus Cil chorJa AB 
^ itfi. ) . Iiiqn curvi icc. quoJ crii enEnJendum. 

THEOR.EMA XVIIL 

Sipitnis /pbiiUt ftpirfciii pariiHelii cinuUs iivifit 
[kat dirtSc iticr /c , U fcsmiaia nxii- 

S5. Spli«n BFNG fecetur eircuIiJ pinllclii AC, FG.. Diea, curvim 
SatnBatn geAitim tt feTolutione ircai AF elTe td eumDi fupecfieleiii 
genhun n nvoluilanciicus AB circi eundem nim BN,uiell fegmeA- 
tniit itp «Ur «a^uiatM Agmeiitura DBt 

Dtmonfiratio. 

Q-ionion tlrcull , qul rphinin divliluni , fani pirillEli , c^riiin qim- 
que diunelil in eadem plnii eiilleniei AC.FGcmTii pin\U\x{Lib.yiU- J}' 
f-ie.}i cumque fphxrs iili GN Iptii c.rculii id pcrpcndiculum incuin-' 
bii, diunetrii quoque AC, erii pcrpeodiculirii iUb.mi.S. i.). lu- 

Sae cum fcgmentuni fupciiiciei Iplizriez genitnm a iwoluiione trcui BA 
t zquile elrculo ei chordi AB, S: fegnieiinmi fpbnlM Gipeclieiei ge- 
nicum ei levolutioiie ircns FAB idzquec cicculum » cbacdi BF<$.84.}, 
Gsmenium fupcificLei rphcricx geiiiium ex reirolucione ircu) FAB ecic 
«T fegnieoium ejufJem liiperficlri gsniium ex revolmtonc ircui AB , uc 
«icailursx efaordt BF id ciccalum ei cliarili AB< ac prninde ut quidci. 
.nan.ctiorjE.BF id qmdritura clioidi! AU liit.JX 5. 188.). Qviidrsiunl 
■Utera chocdjcBFidtouit reaanBulum KQ contenium fub refla KLiqm*. 
ll dinnielro CN.Sc fub lefli K9 xaaih (e>menio BR ms BN.& qua- 
dcitum chordi AB adrquii leaincuiuin KM.quod lub eidem ni^iKL. 
& fub leai Kil iqu;(li fejmcnlo 1)0 ciufJcm iiii coniineiuc CS.iii.)i 
mm reai BF-lii mcilii piorocilonilK inier cotam BN . S: pictcm BH.. 
liculi erlim letii R.\ inier loiam HN, & piitcin BT) [ <. 74.) iquo.l in- 
guli BFN. BAN injnnuloruin ars. BAN fini refli tii6.W;.«,7i.). a 
tefl.T FR.,AQ lA pcrp..r^J.cLliini siias inlidjnE.Erm rci;menium iuner. 

I! liF cru quuqn,: ij c|.il,icni 
jne arcu! ii.-V, ul reJdn-ilnm 
pruinJc d.vidtitJa, fci;iu:,iiunl 

ircm AH.ui reflansulumHQ 
pjiru HQ.ell id icftjngulnm 
:fr(r l\ 0 loa). Er-Q, 01 DR. 
;i^ ii.NjTii:i mpc.ncici genimm es levolu. 

linne ircui AF eiulJem ii^it.fniuni ci revoiuiione »reui AB [iiti j, 
fS.). Iiique fcEinenia. quad ccai oljcndenuum, 

PR.O. 



ficici rphirici v: 
fnpeificiei rcfmc 
KQ.I 
fupei 

.cjifL 

K.M , 
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149 EletncntofDta . 

TlltM /9iil<r{c fifnfieitm ■ i^fOiri : 
t«. Diotnlti Opomu CipcrGcicin tSiliri. 

■ ■ Kifil-A- 

tavcBlitur Tiloi anlD] «i lllii o&a iriingulis irqiiililiili , qnibui aSt: 
tinm clmdinii (£ji.x$.a]-)iitque hupirmDdl vdot p« 8, fcilicei pec 
nunenimomnlnm plancnun^ycilrun IpRim cciiBlniiKiuin miiltl[ticniib 
Fi&nm cflc fupei&cici quEfiiaii 

D«mi/h^i!(,. 

Superfidet nlm «Smi^ ez oSo uiugnllt «qntUbiti ISmul liiHtii con- 
liinli. 

P K. O. B.L E M A KL. 
Atffifrien ptOv^ri^TTpiIivii diMnaiam. . 
RffilHlk. 

t7..Inva4atar «n oDmium plinocum , quibtu polyeJraiB.iRailaiiur 
(AiS-}> um n lUlce omnibui 'viloribat fiit lummi, quc nit nloc to- 
llDi liiF«i£Gi«l .qusliiui. 

Dmtmftraih. 

Oaai* aia gumt oqurvij todui limiil £imt« ipliuii (onm iJcqnsK 

THEoiEHA XIX. 

Sdiiitu (ujn/ui ftifmttii ti4qnt faSm tx 

muini^iitiiiiiii itfns pcr tltitaiiMm. . . 

,4, IS. rrto prifini Ali, ciiius altiiudo 6t le&t EF> Dlm ,'illiBt Ibiiditb 
II. leni aquire vaiurctn prcduiFii , ijuad cmergli mulilpiiciUHlo tlllKi btSm 
DCB pet iiliiiudineni EF. 

Dmoisfiratio. 
Fatec cx gcneG ipHu: pcirmlii ( XJ. j. So. ] . . 

SCK9 
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JUber XIV.: ,4, 

„ - i«Wi-M((M trifif^i («ff^cifd^ : ■ ■ 

Sj, DeCEtiniDire ofoneii rolidlntein pilQiiitu AB- 

■ . ■■, 

"Vripr Vfij.pCT.nwlti^leMur i«r .liiniJintm EF. F»aun .dililt w. 
loron lotius pcllhiiiu AB. Ut 11 btfa DCB fitetic sati.Sc illituib EF 
= u>liiUiu IpCus piiliiiiiis ccll ^ abi« 

- . ■ ■ Dmonflratio. 

MinlfcAi cA n $.8K. 

*- ■ ■.JC/fO£/oK 

90. Fco dctermlnuidt fabditiue tulii, fitli cH.ni inrcnta nlote mlai 
«X ilUi qiHdnti), qulUil cuboi ipre cliuditui,v(lor ille Pcr valotcni It< 
Mii nraltipUeetur. Piiet:ai:i|>ri nMnn (ubl. 

S C a O L 2 -0 V. IL 

91. Quoniim cyliodrui cft fpede) prirniiit ilikxtg.jo.) , fiibeE^ 
nr lolidliii dul cylindii, 1! llliu) bilii'iKr •Ititadloem mdiiplieeiur. 

. ' T" H E OR. E M A Xlt 

Ottmii p^tmii idtqnat pri/as (j./HfiB bifii, * {nbtripU aIcilaU»!i: '. 



quacmique dtbc, cujut bilii f[ plinuin ieb, Sc ilti- Fitit 
ejndcm imcm bafim.ai fub tertii p>rte n/ ■Itiiudi-TiE.ta. 



n liibfaiur prirma mdb . 



>, pyn. 



Dmonjkatio,- . 

aipei bjfim DCB tqailaa bsfi At, & fub ilTiiiidiDe EF iltEludinl cf 
K)u>li conniiiliLm fit prifnii AD. Quonijra igitur duo pnftnsu AB, mi (il.lt 
b.bcnt x<{ui!« b.rej DCB, dcb, pririm AB crii id prifnu ab, ut «Iti- 
lado EF .d iltiiudinein tf {Lib.Xiii. §.46.), ideoque In iitione rrip/j. 
Eft autem prifmi AB in hic caJem quoque ratione id pytainideai Mc 
($.19.). £190 pyraml3.l!c(c, A priimi nt.funi duo folidi e^slla ( £ii. £ 
S-ii}.). Ooiaii in^ue pyrimii Sce, qaad eni oficndcndum. 
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144 Elemeiitorum 

Cb it o''L L -Aic iir'ii''I. 

9;. Ut fi iufii DCD prirmacii AB ffanit ttrtit t'" pyniAI-' 
di> ilttt , iliitiiilo vKo £F ihttuilini cf Huilii , pyriinli dttt sqaiblc 
piiriQi AB . Hicenini lia> fiypaihen ,. nirai AB e» xquile piirmitL 

(lib.XllL cul pyriinii ipft i(»c ell iquilli 1 cum duo 

UU AB, KCipiacent tioc ipro libl nutuo l»lW,'if Idiitddliia.' ' . 

CoEoi.LA&inii II. , 

Omtit tmt aitim tjlairMiii ^ufJem baftt, & fulitipU iltiiaimlfi 
nin» ejlindrim fubiTifU bifii, & ijafdnii olriM^., . 

)4: Omnb enlm conui ell pyriDiii inEninnguli (LiLXl. f ji.) , tc 
onini) CTliudmi cll prtrmilnfiiti) pinllelagn 0111111 conFnlieaGiiii ($.70.). 

PKOBLHMA Xlll. ■ ■ 

nnmUii fbimiaiai iwoiwiri. 

ij. Detenniiiue aporteic IbllJitueni pf riliUdij M . 

H,fil«ic. 

lovenisnir vilor bifis dcb ( lA. X i- iS. ) .ifque per leriiim piriern 
illimilinit (/ mulilplicemr . Produaiiin , quod hinc emergit , crii 
*alat pynmidli icb ifxxCmit. Vt G bilii icb fiieiit = nn^&tertii piri 
■Idiwlioii ^ fiiEili 3 p, fdlulicu pynmldls idi ecit ss . 

Dtmimfirtum, 

P«ec ex S- 9J- 

S C H O L I O l 

SS- Cun pynmii lii certii piii. pilmitii ejiirdnn bilii, Ar iltiiudlnii 
llib.XULf.19.), Ii piirmiiii Iblidliii Gc liaum ex daOu balj> in ilii- 
todinem (ljb.XLS. iij.),' Iiibcbiiiir (bliditii pynmidii, li mulciplinx 
W pcr iltltudlnem, fkanm per ji divUinic,' SoUditu niiuinun -pyn- 

pudit eiie n InlkfiMTit I3S Mi,& 111101110 Ea I. . ■ 

' «-»9- 



s t n 0 L i o 7t ti: 



(tlim & dlnoiCono coiit. Halieiilnir Dempc Iblldliu conl, & IHlus Ulti 
oulilpUcetiu Wr nrtiua nnsm ildiDdliili, wi &anm es dafin btfa la 
ler j. SlTUtiHT • FdMt n fi^ 94 ,ffi 

PROBLEMA XIV. 

majn ftlllitiun pnljiiri iTttitltrU: 

a Imgulaw AC£. Dcieiiniinre ofORCit 1111« loli- f^, 7. 



Dtttmfirath. 



THEOKEHA KXt. 
Ti^tinm T^itn aitqMl fri/mi, »>> ^ fii timHi fitftrfM, 



Efto bD[yeiIram regutire ACE, cniDi centram (it Z,lf ciutut Z». 
Dieo, poIyedtuiB ACE z<iu>re prifmi, cujut Ufij fit cqiuUs £ipeT6cleL ^*^^ 
Ip&u polytdrl, kltlndo vero lit tettlt ptn cueil ZN< 



isjDrmoiIi i^ina fini Inier Te xgaijii {ikXL^^ 10.) i t^ln 'nitiliiplet 
PTnmldi) MZAF erii iprum polyeilRiiir ACE, qniBi imiltr^te phni 
AMteA 10» iprtus polyeilii rupeificlei(£jtj.f.ia),ie piolode polrediDai ' ' 
ACEerit «1 pyiimiiicni MZAF, m eH twi ruperficiej Ipfioi |Wlrslrl »d 
plamim AMF. Ut luiem Integra palyedrl Gipetlicin >d pluium AMF, tn 
cll piiCni, cujuj biGs fit K^iillS luperfidei Iplisi pol]redil,*lutudoiera 
^fem. iUlb.T.lll K ter- 
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-14^ Elemeatorutn 

tcnUm ptnein ciinl ZN liiqtiei.idprifnii.ofliii I«G» Gc bliBnmAMF. 
& niem iltiiudo (llb.X.nif.^, Ergo pDlycdruni ACE eS id pyrimi- 
dcm MZAF, ut prlfm», cup» fit loti lup^cln IpGin polyedri , ec 
iltltiHia fii lertii pwi ZN, id nifa» (jiiia«ii alilmdinH.raiui b>ris 
llt plaiioni AMF {£jfcif. 78.) . Conftit lutem , pyr.midefn MZAF >qu>. 
re ptlfini.cufu Iwlij fit plMuni AMF.&ilclmJo Gi icttl) ptn ntciiZN 
«■9i-)i cum atilmilo pynmidij MZAF .b ipfo «Cno ZN non dlbiic 
Ergopolyedruin ijuQqflt ACE iqiublt prifmi .euiuilii. 
fii fii loii tpfiuj polytJ.i fiiperfiriei , iltiiudo vcro lenia pin citctt 2M 
(£ii,J,{, 1,18.) . .Iiique polyedrum &c. qnod ent oilendendum. 

.CosoLtAmDiiL 
mi»^ r(r-;.« ,j*j«t pr,/™,, ,„tu p„ /,p«ja:,,/ 

•pf-" pihid", iliaala ■ven.tjMffai c«tcMt. 
■ 00. Huiufmodl ptiCu «a iia «qml. j «joi !>«& iftwt. 

p^yledi. fupetficiw ^dmdoya„,lerti,pm.iiBri CZ& 
Twi ptifoMM jecljptoccut hoe ipb fiU buibo Infe^jfc 

Co>.aj,i.A%ivH 11. 

spb,it «rf<,w. p,(/5g,, «J„ f„ agmdi, AprrffoW rtfi^ 

/pi««, .dMMi- ™ /Jt p4„ ,^,l,vd Ci^W i^t fc^ 

letti-p-.» /»pc,jf™,«i,iMrf, j«™ rf./j™ /;.i<„ rilS;^'" 

101. SptOT nimqiie eft polyedtum regul.re infiaitli pl«nlt eoiMwW 
fiw (i*mS.i.7.)lcuju> c..en« uoudiffew ,J, ij^^^^l^, 

PR.OBI.EMA XV. 

felidauim filytiri r^^lt JimtHri. ■■ 



In«nM fupeiEeta (J, 85.), ipCp, vJor per ntetum ZN multipllcetur; 



Liber SIV- 
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Demonjiram . 



I^uniiii cdim tR nht pilliiiitlticui polyeilnim ipfiim eft *- 

THEOREMA XXIt. 

fehmt, MtHie ■Dcn, fivt az:i fit riufdrm ffbtm "il/.i. 

isj. Sli Cfhtn ABF.C. itiiue. cgnut rcAui KDM, cnjui htni KLM Hc 
«qunlij inMgte fupeificicl iplius fplii™ ABEC , iliiiudo vero ,. fff "i» 
DE fii ipGni f^wic rUiiu. J3ita . ^hmiD. ABEC ille aquilna eo- 



Dmettjtratio. 

_ Soll&u QbzrvABECeonrnrglt nc tot rpliHlci! (uperfidcbut likcon- 
«iiiricifi^n f(iii5>,niit[(> ucepio> func iu ndio D£ (£fi. Xf.^.^S. )■ 
Solidliis vcro conl KDM coinpoiUiur CK totcirculii \x£tm clrciJo KLM 
^iilldl), quoE pDifli ia iic, dve in toSaa ndio DE nutncFmiui (i. Yif.iC. 
51.]. Eigo »1 Innt clcmenM fpbxn ABEC . quot fuBi cleinenH conlTab. it. 
KDM. Hlcmenuiuian HAnz ABEC flinE nuiUi clmicntii conl KDM, 
■Itcrum altcri ^ ^uc DiEtlnim (iiiit In nijna' ijllluiil) '>. emro , Icd ver- 
ticc t> . Spc&lor nunque ^ilutrin elcmcniu-ii Gipeilieict. litP , d clr. 
mlut clnneimrli GEH. Cum lj(inir fplisrici fupciGcle» ABEC llt id. 
fupeiJitleiD fplixricam NFP (Lik XIU. f.iit.) ^ tt eircnlui. KLM >J cir. 
culum G£H,inr»ioTie dwlilieau ndU DE «i isluunDF CU^. loi.) 
JpheHct liiperficiej ABEC erlt td fpliiiricini ruperficiem NFP, utelieu. 
tus KLM id ciiculum GH llib.lf.76.). PoruiniD] lucem > Cipcrficlem 
fptixricim ABEC »]uilen clTe cuculo KLM. £i£o fphniei auoiinB Ri.' 
peiGciei TIFP Kquilii erlc ctrcuta GEH fLilKI.$. iil.). Eoftin- moJo 
cHcndim , quimlibet IBpeifieicm fplunHcuik conlbniennDi £>llditctem' 
AKirx ABEC squibm eSe diculo. canlliiBeiitl lolidinEeB. nbil KDM, 
li Bimmque elemenluin In oJcm. > centro !> dilUmik lomHiir. Elemcnn 
igltur IpOHa ABEC £mt migpttBdine iH]iii{i> ehnwli^ conl KDM.Dc 
moalliviiiraa uiKmt ea dfe ethra nnmer» xquUi. Etg» fphzn ABEC 
■daqiuv comun KHM. (CiM£$.f (.) lae tteiak-febmn. Ace. «U 
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1^8 ElcmetitorQiB 

COROLLAHIIIU I. 

COROLLARIITM IL 




- Libec XIV. 149 

itSa , cajin IhI«h radhu <it M\*tx duflicin i ciBI dcciihi , cujuf n- 
dius rn rplixra dunncr, fupmReltm ipGiu {fhxm ■ds^nn 7j.). 



,^«01« f.t wuxmm H 
tiri iefii" ^lwra tmtintt. 



iui J.-lcripii.s ci Ji.imciio AC Ipfiui fphin, iili vero .C fii icrin pjr) 
raJu XC.five nuiiia |i'.is «ii EC c)Flindrl liLMD .quoniimbafij cylin- 
dfl U£GK quidiupli clt bifii cytmdri BLMD , dUo cyliiidri BLMU, 
HEGK, uipote reciprocantes llbl muiao bilh, & altltDdines , einni Inier 
fe a>|ualei ( lA. XllL.*. <i )■ Spli«ri uiKin ABCD id«iiui ejUodnun 
HEGK (S- ■□£.) • Ergo cyllndiuin quoque c^abii BLMD. 

PROBLEMA XVI 

Sfhirt iblUicaitm Jimirirl. 

109. Efto CfhxiK A[;CD, cuji.! ibliJintem dimciiii cpo.ini. 

/;t/o/(.//D i. 

Invenialur aiea circulL c>: r|.|,iri J.immo .\C. vclwi cs udio . it{. 
crimi (iit. J^-i-iS.). at<]ue lii ; .f.ncdi v:.lor "-■"^m "diL XC ipfiL^ 
fphsrBpaiiein.ni.liipIiceiui.i aum e.ii folid.iii f^liira: qu^fiu . Ui fiT 
area ciiniri dclcripu ex rphirrs dLamelro AC Kieril =4t , & ladiui XC 

rBcril. =m d , folidiur (pluinE ABCD erlc =3 ~—. 

- ■ .* . ; .Dftmniftratip, 



n cylindri rcdl ■ nqn) tilis eft 



Eigo Afiun — lolldiuiciil ^uoijiic 



i;o ElemeDtocum 

Kefolufio II. 

Invciiijiur jrca cirtLili in ipfi rphatci miiiiini , ejiilque wlor per dii» 
icrtijs pirit! Uiamerri AC mulriplicemr . Quinl «nim hinc etncigit pfdtt- 
fluiii,«ic rolidiru ipnus rphB^ADCD. Vc ft vilor matimi in Ipr. r|dib 
ri ciiculi fuerit caiiiii, te iai lertic pictet dlimeECi AC &erliit ar , 
llditu IpGirde ABCD erlr nir. 

Dmonftraiio . 

tiBMa quippc mir c^primli vilorcm cyliniiri n&i , cid ipli fpIiKn 
elt zqualii (j. loSJ 

T H E O R. E M A XXIIL 

il tti<m [fbart cai»t jt^iiiUleriii, & ijlmirHi tlraaiferifll bticimlKr, 
cmi iril ti eiiinirm qiati filUiuicm ii naitn fify^nrt, 
fiiHli ilitm ejiimUnt td J^bnritm . 

Sptar» MEM eiicuinlcrlpti bbeuiMr cami aqullMecu ABC, ejJia: 
diui FHKG. 



110. DIc«plDio icrllsdmm FHICG el1« U Ipbznm MEN in nilcrot 
Dimonfiratio. 

Ei«nim cylindrus FHKO tlt id cylindmm PHKR , cujui eiJem fit balii; 
neiapc maximus inrciipix rphiic drctilus HK , aliitudo vcia, Hvc iii) iE 

JE id iilto iE (iit. J(//l. niniiram ui j id i . Cylindro luinii 

PHKR. irquills dt fpluni MEN [ $. toS.). Ergo cylindrui FHKG erii 
quK|ue ti inlcciptuE libi fphEcim MEN > etl } id i , viddicct ia ncio- 
pi ftfftliltin. 



III. JXeo i,niauni ABC dfe idcjlbdniD FHKG ln nde» qnoqiie 
mloiK fifjiatlUr*. 
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Libec XIV. 15* 
DtmonftrMio. 

Diinletro BC InrMI COTii hlnc indi In diKatlRI piOifuai, panitur 
lini rtSt £S, quiin rt&i ET zqudii iii, [rvc diiinctro Tplicnc In- 
Tcilpif , iique I ceniro s iluciuiur rcftz aS, dR. aC, tT, ^ rpcaen- 
tur vcluri iaccii conoiuni le^oium SaT , lidC fiibcminra pro m ri- 
diiim Cphiix nE- QuDniam irailuc,ul fupcTioil ioco dflnoDfcririnim , ni- 
mlruni ^.«9., piopici nmilimJinem iiiingnlorum AEB , BEi , Iioii AE eft 
ii! Iiiui EB.ui elt E3id linii.Cve id rphnz ridlirni «E, iitui AE eric 
id Ikui , five id ndium aE , ut cll quidniium ipiiu! A£ id quidnium 
mediz propoiiianilli EB (Lib, iX. S-t^i ). Loco (uicm ciiico oncnCini 
quoque eH , quidntum lilciij AE clTe iriplum guidnii iatcrli EB, Eigo 
rcfti, fjvc axis AE eoni eiic iiipli ladii nE 1 ae protude eoniia BAC id 
conum ikC ciufdcm bin eni, ui j id i , (iw ut j J (I*-XIir.S. (O-), 
& rr^ts ak = Cd , idcoi]ue ciiam aB^Jt. (Sjn.,Ali. f,iti.) piopteiei 
quodfii aB = aA {Lili. IX f t^.} , it: demum ES = iB (S/ii..^lg.§.i6i.) 
cum pon» fLciir TS^Ei, Cique EiI = jB- Oemonniivlmui poiio co- 
dem loco, qmdiiium lircrit all iiiplum elTe quidriil laieiii Ei, Eigo , 
cum qnidiaium iiieiis aB fii iquale quidniLi laieium BE,Eanmul rumiii 
(Lib.VLi. 37-), quidiitum lateris Ba , ideoque eiiim lnerii SE,eiii id 
quidiaium liieiis BE, ut 4 id j . Qiiimobiem eircului quoque ei ndio 
ES eni ad ciiculum ex ladio EB, ui 4 id 3 ( tit. ;x. J. 1 3S.). Confhc 
porio, conum SaT eflc td conum B^C eiufdein aui, five ililiudlnit lE, 
uc ciicului ei ndio ES id circulum ex ndio EB lUli.XUL§.^.j. Eigo 
cmniSfT erlc id conum BitCinc id^ id^Cono luietn SiT zqiiilii eft 
Iphcn MEN (&ia4-], I^nit fphzn MEN eiii (d conum DiC , ui 4 
M jiBcqnaBiim cylli>dniiFHKG,ni (bpn demanlliaviauii , lil idlpha. 
ruB MEN.ut « (d ^tOlinJnil FHKG eiit «1 coaum BaC, ui « id}: 
■tque idn conO) BAC *S cyliodnn FHKG , uc ) id «1 cun rdlicet 
olbnTnia fiuili,connia BAC dk id ci>niimBiiC,at 9 li 3<Conia Ittque 
BAC eS id eirlladnua FMKG b niioM •fiJinlalmit.t Ersa, fi eiden 
fptmx Ac, ^nod eni oneadendnn. 



tii. QDOnlim, uc Cipeiiari loco, nimirua $. 7f, So. oHenruni c(l, 
fi Iji^rseircuniiciibiiBr conm iquilitenii, fir cylindiui, toii fiiperikici 
coni dl id touoi raperlicieia cyiindil,af hsc: id Gipeiliciem inrcripw 11- 
hiTfbmtw io ntlDne/t/!)*l<bcr«,minlleftaai en,irid&qij!wi{; caftn eSi 
I» iMrtn* Mtnw fiffMUkm fm fae$ i«Ktnu «nM fffftlit , jMm 
paut filUIUu» J^tBut. 



JOEJ- 



1^2 ElemeMotum 



s c a- 0, * I, 0 Vi 

iij. DijSiDulindum noa edi AicIiimeJaii Imc dgoccmi; quod. pri. 
Dius omnium invenit , iinii fcdfle , at rpbsMm cyllnilo lnfirifCam fno 
niOHtlD ippoul jullccii. 

C o n o L t, A 1. 1 n' u tl> 

J]iUra diiplD rwi rcffi , cnjiu btpi pt Kaxiaai iffiiu fgbitrii 
maibui *iai itn cj*/ifa» /iiiwnc iitmtKr. 

rif.ij. 114, nJrilcu fp'»!* ASCD cft dupl* coni 1:3! LAH lubentii. pta 
Tab.iiftHG. tJa mailuniBi IpGiu ^hars drculiiini pio ase vero qiifilcn Ijilizn 
.diiraeiium AC; Quindoqiildem cylindnii NLMP ipfi fpbn*.circDiiirect- 
pliu cfl id Ipliin Tplnnm, nc } idi [$.ilo.).Eft tuicm id cepnni 
LAM,ut|iir I (,ub.XUl.f, ;t.), £150 IptucB A8CD eiit td conum 
LAM, n I id I .JHUcet in luloiw iapla. 

CO&OLIAKIVH, tJI,- 

l^ijfhiirim q! dapliim (oni mdtm eam Ule hibiniis iifia, 
9 altituLaeia. 

Se<|uitut manifefle-K prxceJcllti. tli cnim !icinirph:Eriiim c[f piij 
dlmld» InlCEiz rplizis, lir canui, njni balis ;^J^'cu £1 i.m l>i<! hQm.C- 

la.liu», tli In iitlone fabii^ii iJ conum , i ji ciniilum imJ™ ri>i>ir,s 
miiiinuiii pro bafi iubcat, jltmetium vcic ciLLrdLm l^^liirr^ pro zliiii^Jmt:! 
cum cofli Zqualium bilniin dirc<^i;inierrc',uLaliiiuilLn,A<^li,Yiu^.jaj, 

THF. OB-EMA XXIV. 

SiSf flheilni illitqa,:i< c^^ni!',, iu\ui b,pi clriMi nratm 
iffiu, hSiri, furirHeitm , «-i. vi--, fpb^rt ,siium . 

1 iit. rHo lcaot fphiiiciu BACD rcnilU! « icvoluiionc fcaorij circu- 
1,111! UADcirc» a.itn.rive ndium Ab, Ppniriir sutsm corL^ r.ausEDF, 
cuiiis Imlistr (jr diciihf j-.m.lis ciifvi rupcificici BAC ipfius t^&othifhn- 
iici, «I! vein AD lit fphsis ttdius , Dko, rcaorem Ijlwiicum 8ACD 
effe «qiwiem cono £DF. 



Bf 
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Llbec XIV. iSi 



DmonJWaiio. 

Ccaiaiiit aim dtmonniailon? iheoretnidi XXI. Bienim «[eaienii tt- 
&orl) fphatlel BAfD fiiiit numero . » mignlinains rquilii c1eincr.u» 
enni EDF. Sunt enlra numero aquiliiiquii lot potiionet circuLiiei f|.!ir. 
rlnritai fuperiiclemin libi niunio.coiicentrinniin BAC , rn/ , tbd , s"- 
■proiaSk ei ntolutioiii* limiliuni urunn BA , rii , , gi fefloiii %sns- 
'ntoliV RAD, conlttiiiuilt rdlldititem ftaorli fphirlci BACD, <juoi cir. 
cuU libl miiuo panllelj EF, Hstm , a , genlti ei revoluiione reaanim 
pinlletuiiiii £A ,pii,A;tx coDlIiiiiimtiuni viiiigulumreainguliiai EAU, 
ox qno dm ■liin AD rcvaluto ^gnitur conui EDF, conHituunt folidi. 
ntnn ipGus coni £DF)Cum Iiu|ufinadi elemenii loi utrobique Gai,qiiot 
punfii in iidio AD numcrantiir l'5unt 'eiiiiti mignitudlDe zqualii , ■lie. 
rain alierl , videlicei curvi fuperliclei mf clrcnlo pq , fnpeilicin cum 
eU Eiicnto s« , iique in delncepi Vi enlra clrciik) BF >d cuculoni 
fq , Iti curvi liipeiliciei BAC id cuivam rupetficiem n^i cuni tam cEn- 
cnlui EF' fic ad circulum rq (^.IX.f. iS». ) , tiuiiB currt (iipetli«in 
£AC ad GiKiliciem in raiione i-pUiMa nilil AD id ndium nD 
(£ikXIIJ.f 111.). Poljiui eltidiMi ciiirnlul EF fqtiilii oirvc rnperli. 
ciel BAC. £iio ciicntiH quointe cutvam fupcrf^cicm rn/ .vquibLi {Lib. 
Ifi iiB.]. Eodem niado ciicalni iMa-onendecur iquilit c\irn fupei^cieL 
M , tc eitculiu il eurvB CipeiAiid gxT.. Ergo fefiot fpli.incui DACD 
■diquat «Hium ^eOum EDF ClAIX j. jj.) i ac ptolnde feSar fphirL. 
CDJ &c. quod etat oftendciidiini ■ ' 



Silhr fpbtritni efi «^Wii n«t rcBi , csju iuii nitqnit rtditn 
^btrt, udim vert fwAw iCfniJif ihtriU fiOuii 
Sinitoril tirliiU. 

''7. Scaornlminimfpliirieui BACD Jfqnibii conum te£lum EDF, (i 
nOii «i> AD liierli fphxiz ladius , femidiamnet veio AE bareoi J3FTi1i.i> 
ftuiic ciualli chotdx .AB ircuT aB feflarU clrctiaiis BAD, ei quo eiio ^B-<^ 
>iini,fiia ndlum AD ieToluTo,reAor ipfc Iphcticus praducitm. Sinini- 
que ladlni AE fnirlfsqnlu cboidie irnn. AB; ciiailialMGni codI EDF 
erii zqnalii cui» fnpeiticlei BAC feaoris BACD (fl8+)t ideoqiie le- 
fiM ip(e rpharicui canun EDF x^ibit (f.iid.). 



1^4 Elementoium 

C o K o 1 z-Ax I v u ir. 

SlBtr fybiriHa i9 tit^it tjlbiirt rtOt , cnjac biifiai raUu 
iji tqialii cbarjit arni iiOoii ciraili ^nunrii , axii 
virt aitquii lirllam faii» riiiii iFfini {lOnii . 

iit. ViieUm lcSar rpherlmi BACD crit a^Dilit cjlindra itlko l 
tliius iurci». niliiii iilziiuii chiMdani iicui AB (lAaili cliotlk gcDllaiii 
BAD, >iii vero intiim' piniin nd>> AD. Hulc uinqae cyilndro xtpi. 
lli eft comu EDF If. 94<> , ^uuu leAoc iple fplisiciu MCD tde^uu 

PR.OBLEKA Xm '_]/ 
SllUiMtm fiOirii fpbtrici dimiiiri: 
ll^ BAoi leSai- I^arkus. ADCB.cujus folJciltiieiii digieUri opoKeal:. 

E>cicnnliiita, l^ftore' ADB' circult ,. ei cujus revotutione circi ridium 
FiE-lo. DB feSar i^Ct fphcricui producuur, inrcBiuur vilgr cii;ult,cuiiis iidiut 
Tih.ll.fit ehotdi IICU9 AD (iji.xi jijy itque- hujunnodi viler pct tenum 
pmeni iidii OB mulilplicetur . FkSiud eiJi folidim re^rU Iphn-icl 
ADCB quxGti . Si nbniiQni viiar clrcull , cu^ui ndiui fit conii itcai 
AD, fterll a S uttli Mii niil DB iuedi =,d, &lidltu lcdoiUi 
ADCBetli aatU. 

Dimoafiralio, ... 

FiAnn qulpfte aU nprlmtt nlwen rytiudri leftJ.coL B&at MXi 
ett«,il.li».Cfji8;). - 

' PK.OBI.EUA israL' ^ . 



MO. Dimctlri ofaitMt E gmwui i* l^hzrletttt ACDtninut bemirpheiio. 
bivciilinir yilot ftfioiU fpimici ABCDt qnl ctitvi iui rcgmn^lu- 
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(icrncic ADC terminiTnr (S,ii9J- Tum 
do coni it&i ABC, nijui litui clt Cfhtia: 
rcQi cft ehncdi maiiml ircLii ADC itti fci 



Demonjlratio. 



iDiFflilinii (ollilliii idtIui rphzr*]3FNC($.ii 
rdui FBG iio.), Ifcliic > vilan idiiui rphin 
blc viloccm rci^mcnti FNG. Si icDipc rphin BF 
fcgmcnlum FBG = anr, rcgiDCntum mijui FNC 

Dcmonflraih. 
Iidtm ed cum fmcdcBii, 



F 1 N I S. 



J 
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